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"609 Epi Ns Pedieatoria.. 
mereri poſſit. Hune autem jam: | 
diu. eſt quo ex: {ingulari- veſtra } 
bonitate mah! indultum expert | 
or ,z ejuique ſen{us, intimis ant- | 
mi medullis inhzrens » Ipſ1 ar- 
dens ſtudium impreffit quovis 
honeſto modo reciprocos affectus | 
prodendi, Quandoquidem vero! 
ea fortunarum mearum tenuitas, ! 
ea veſtrarum amplitudo, exiſtit,] 
ut nec ego alia quam gratz 'all-; 
cujus agnitionis figniticatione ut1 
queam, nec vos aliam admittere; 
velitis; ea propter haud 1liben- 
ter hanc occaſionem arripio, ho-| 
noris & beneyolentiz, quibus| 
vos proſequor, publicum hoc 8&! 
durabile ,muiowis edendi. Etfi; 
cum oblati anathematis exilita-! 
tem. & libellum--veſtris nNomiIni-| 
bus conſecratum , quam Is longe}.. 
infra veſtrorum meritorum- dig-) 
nitatem ſubſidat, attenrius cons 
fidero, timor ſubinde. aliquis & 
dubitatio anztmum inceſſant, ne 
hoc ſtudium erga vos meum voy 
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bis dehoneſtamento {it potius 


| quam -ornamento ; ' ſcilicet me- 
| mor cum {1m 
| ſic & mali Iibri patrocinium 1n 


, ut malz caulz, 


patroni contumeliam magis quam 
in gloriam cedere. oh quum 
veſtrarum virtutum 1d robur, 
eam fore. ſoliditatem , recognol- 
cerem, quz veltrum decus, meo 
quantumvis labefactato, incon- 
cuſſum ſuſtinere poſlint ; 1dcir- 
co non dubitavi vos in alt-- 


quatenus commune mecum Pe- 


riculyum 1:1:ducre. Virtutes illas 


Intelligo, quibus nemo unquam 


in veſtra tate aut in veſtro or- 
dine, faltem me judice, majores 
deprehendit ; quxz vos infigniter 
gratos omnibus & amabiles reds 
dunt, eximiam modeſtitam , ſo: 


| brietatem. benignttatem AnIM1 , 


morum comiratem, prudentiam, 
magnanimitatem, ' fidem , pre- 
claram inluper ingenit indolem, 
quz vos ad omnem ingenuam 


® ſcientiam non tantum excellent 


4 captu, 


" Epiſivia Dec 1Cator is. 


captu, ſed & appetitu forti ac fin- 
cero, inſtruxit. Quas veſtras pre> 
clariflimas dotes prout nemo eſt 
fortaſſis qui me melius novit, aut 
pro conſ{uetudine, quam jamdu- 
dum vobiſcum dulciſſiimam colu-! 
iſle ex veſtro favore mihi contigit, 


penitus introſpexit, ita nemo eſt| 
qui impenſius miratur & ſuſpicit ; | 
aut qui ipſas [ibentius predicare ac | 


celebrare vellet, {i non cum elo- | 
qui mel vires ſupergrederentur, | 
tum etiam quz 1n {ingulis vobis | 
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elucent, -prolix1 alicujus commen- | 
tar! aut panegyricz orationis li- | 


bertatem, potius quam preſtitu- | 


tas hujuſmod1 ſalutationibus an- | 
coitins, expolcerent. Quin Ppo- | 


tius divinam clementiam 1implo- 


ro, ut vos earundem virtutum ! 
 ſancto tramit1 1nſiſtere, atque hos : 


egregios fructus vernz veltre zta- | 
tis felicibus incrementis matureſ- 
cere concedat , vitamque vobis in 
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hoc ſeculo 1 ingenuarn , nnocen- | 
tem, jucundam, & in fururo bea- | 


tam | 


"Eviſla Dedicatoria. FS 


tam ac ſempiternam tranſj iIgere 
largiatur, Minime autem dubito, 
ne pro conſueto veſtro 1n me can- 
dore hoc ultimum fortafſis quod 
vobis przſtare potero , benevo- 
| lentiz erga vos & obſervantiz 
| teſtimonium , piheths. ACCcepturi 
 fitis; quod vobis propenſiffimo 
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m501,quidin hac elementorum editi- 
Sa? one preſtitum fit ſcire:deuderas, 
C amice Lettor ,accipe, pro genio 
SSL opert,breviter. Ad duos prec- 
pe fines conatus meos direxi. Primum,ut 
 . cum Yequiſita perſpicuitate ſumman de- 
monſtrationum brevitatem conjungerem, 
quo eam libello molem comparattem, que 
commode abſque moleſtia circumferri poſ- 
ſet. Id quod aſſecutus videor, fi abſenten L 
 Typographi cura non fruſtretar.Concinni- ©] 
#5 enim quiſpiam meliori ingenio aut ma- 
jori peritia excellens,at nemo for[an brevi- 
us pleraſque propoſitiones demonſtraverit; 
preſertim cum um numero & ordine propo- 
ſfitionum ipſe nihil immutarim,nec licenti- 
am mihi aſſumpſerim quamcunque propoſi- 
tionem Enclideam procul ablegandi tan- 
quam minus neceſſariam,aut quaſdam fa- 
ciliores in axiomatum cenſum referent ; 
quod nonnulli fecerunt:inter quo z peritiſſi- 
mus Geometra Anar.Tacquetus,(quem i- 
deo etians nomino, quod quedam ex eo de- 
li umpta agnoſcere honeſt auco, )poſt cujus 
che, antiivam editionem, ipſe nthil atten- 
rare 
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fimo wito non niſi offo Euclidis libros ſua 
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bay? l 41 ax a KATE 2645 NNE 
Wh WC "24850 "MR. 25 AIRS abi 
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tare voluiſſem, fi on 


cura adornatos publico communitare, 
reliquis ſeptem, tanquam ad clementa 
Geometrie minus ſpefttantibus, omnino 
quaſs ſpretis atque poſt habits. Mohi an- 
tem jam ab initio alia provincia de- 
mandata fu't, non elementa Geometria 
utcungque pro arbitrio conſcribendi, verum 
Euclidem ipſum, eumque totum, quan 
poſſem breviſſime, demonſtrandi. Duod 
enim quatuor libros ſpeitar, ſeptimun , 
oltauvum , nonum , decimum, quamvis 
ill; ad Geometrie fea & ſolids elemen- 
ra, ut ſexpracedentes & duo ſubſequen- 
tes, non tam prope pertineant ; quod ta- 
men ad res Geometricas admodum tiles 
feut, tam propter Arithmetice & Geo- 
mcetrie vaide propinguam cognationem, 
quam ob notitiam commenſarabilium & 
zucommenſurabiliam maguitudinum ad fi- 
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gararum tam planarum quam ſolidarunt 


 intellelum apprime neceſſariam , nemo 


eſt e peritioribus Geometris qui ignorat. 
Dune vero in tribus ultimis libris cou- 
rinetur , 5 corporum regularium nobi- 
lis contemplatio, Ila non niſs imnjuria 
pretermitti potwit ; quando nempe 1l- 
lius gratia nofter Svi2gidmis , Platonice 
familia philoſophns, hoc elementorun ſy- 
ft:ma lm condidiſſe perhibetgr ; 
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wi teſti; eft. * Proclus, is verbis, "Ow * lib. 2, 


Ny rp mdong reruns THAQ0- wereghon- 
7 F  xgheulfoy AATWINGY WMA TOY gy 
ow. Praterea facile in animum induxi ut 
opinarer, nemini harum ſcientiarum a- 
manti non faturum eſſe cordi penes ſe ha- 
bexe integrum Euclidzum o0PHs, quale 
paſſum F omnibus citatur & celebratgr. 
Duare nullum librum uullamque propoſe- 
tionem negligere volu: earizn qua apud 
P. Herigonium habentar ; cujus veſt i- 
girs preſſe inſiſkere neceſſe habui, quoni- 
am ence libri ſchematiſmis maxima ex 
parte uti ftatutum erat, quod pravide- 
rem mihi ad novas deſcribendas tempus 
non ſupptere ; etfi noununquam id facere 
preoptaſſem. Eadem de cauſa nec alias 
pleraſque quans Euclidzas demonſtrati- 
ones adhivere volui, ſuccinitiori forma 
expreſcas, niſs forte in 2, & 13, @ parce 
i8.7, 8,9 vibris; ubi ab co nounihil 
defleftere opera pretiam' vid:batur. Bona 
rnturſpes eft ſaltemin h of ur Cum no- 
3s confilis, tum oſorum votis, 
aliquo modo (atisfattum ii, Nam 
gae atjetta (ant in Scholiss problemata 
queadam © theoremata , ſive ob ſuun 
frequentem nſum ad nararam clemen- 
tarem aeccdeutia, ſive ad ecorum 
gue ſequuntur expeditam demon- 
atunenm condacentia, ſeu que regula- 
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cipuarum rationes inuuunt ad ſuos fontes 


natam. molem magnopere non intumeſcet. 
Alter ſcopus ad quem collineatum eſt ,eo- 
ram defideris conſuluit qui demonſtratio- 
nibus ſymbolicis prtius quam verbalibas 
a:lettantur.In quo genere cum plerique 4- 
p#d nos:Guitielmi Oughtredi ſymbolis 
aſſueti ſint ca plerumque nſurpare conſul- 
tins duximm. Nam qui Euchdem hac vi- 
a tradere & interpretari ag greſſus ſt ha- 
en,quod ego ſciam,preter unun P.He- 
rigonium,repertus eft nemo, Cujus virt 
longe deft iſſimi methodas, ſane in multis e- 


gregia, ac ejus peculiari propoſito admoay | 
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rum prattice Geometrie quarundan pre- 


relatas,per ea,ut ſpero,libellus ultra deſti- | 


accomodata,duplici tamen defettu labora- | 


re mihi viſa eſt. Primo,quod cum Propoſt- | 


tions ad unias alicujus throrematis aut 
problematis probation? adduttarn poſteri- 


or 4 priori non ſemper dependeat ; quando - 


tamen ille inter ſe coherent, quando non, 


nec ex ordine ſingularnnec allo alio modo, 
ſatis prompre innoteſcere poteſt:unde ob de- 
feta conmjunttonz & adjettivory ( ergo, 
rurſus, &c.) non raro difficultas & dubi- | 
tands occaſio, preſerti minus exercitatis, | 
znter l:genag oboriri ſolent .Deind: ſepena- | 
mero evenit, ut preditta methodus ſuper- | 
vacaneas rep? titiones effugere nequeat, a 
quibius demonſtrationes eſt quando proli- | 
be Nd, 
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x#,aliquando & mags intricate,cuadunt. 
Luibas vitusnoſter moans facile per ver- 
borum fignorumqz;arbitrariam mixturam 
medetur. Atque hac de opelle hujus intenti- 
one & methoao diftaſuſficiant. Caterum 
que in laudem Matheſeos in genere, aut 
Geometrie ipſius;@ que de hiſtoria barum 


. ſcientiarum,ideoque deEuclide horum ele- 


mentorum digeſtore,dici poſſent ,@ reliqua 
hujuſmodi tZorieng, cu hec placent apud 
alios interpretes conſulere poteſt, Ne- 
que nos anguſtias tempris quod huic operi 
:mpenai potuit,nec interpellationes negoti- 
orum;nec adjumentorum ad hec ſtudia a- 
pudnos egeſtatem,&@ quedam alia,gt lice- 
ret non immerito, in excuſationem obten- 
aemus;meru ſcilicet indutti, ne hec noſtra 
omnibus minus ſatisfaciant.Verum que in- 
genui Leftoris uſibus claboravimns, ea- 
ders in ſolidum ipſins cenſure ac judicio 
ſubmittimns ; probanda ſi utilia ſibi cons 
pererit ; ſin omnino ſecs, Tejicienda. 
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Ad amiciſſimum Virum Wh B. de 
EUCLIDE contratto | 
Eupnws us 1x 


AQum bene ! didicit Laconice loqui 
Senex profundus, & aphoriſmos induit. 
Immenſa Cow margo commentarii 
Diagramma circuit minutum-: urque Inſula 
Problema byeve natabat in vaſto mari. = 
Sed unda jam derumuit, & gloſſa artior 
Stringir Theoremara : minoris anguli | 
Lateriþus ecce totus Euclides jicer, 

Incluſus olim velut Homervs in nuce , 
Pluteoque ſarcina modo qui incubuit, levis 
En ft manipulus, Pelle in exjgua later 

Ingens Mathefi-, matris ut in urero Hercules, 
In glande quercus, vel Ithaca Eurus in pila. 
Nec mole dum decreſcit, uſu fit minor 

Quin auQior jam evadit, & cumulatius 
ContraRa prodeſt erudita pagina. 

Sic ubere magis liquore preflo cffluit ; 

Sit pleniori vaſa inundat ſanguinis 

Torrente cordis Syltole z fic fuſius 

Procurrit zquor ex Abylz anguſtiis: 

Tanrilli operis ars tanta referenda unice eſt 
BAROVIANO gowial, ac ſolertiz. 
Sublimis euge mentis ingenium potens 
ol invium nil, arduum efle nil ſoler. ; 
Sic uſque pergas proſpero conamine, : 
Radiuſque multum debear ac abacus tibj ; 
Sic creſcat indies feracior ſeges, 

Simili coJonum germine afliduo beans, 
Specimen fururz meſlis hic fier labor, 
Magnzque famz illuſtria bzc preludia, 
Juvenis dedir qui tanta, quid dabit ſenex 2 


Car. Robotham, CANT.AB. 
Coll, Trin, Sen, Soc, 


1 In novam Zlementoruns 
EUCLIDIS 


 TEditionema D. 71S. BARROw, 

Collegit $S..T RIN. Socto, 
viro opt. &eruditiſſimo, 

| a dornatam. 
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| [ I Enigne Leftor' f: uſpia auditi eſt tibi, 
LL 9 nautu tenella Nix Geometres fret ; 
LOze mille radiis, mille ludit anralis, 
Hotumgue. puro ducit Enclidem ſins : 
Amabis ultro candidiſſimum Virum, 
Cat plena nivinm eft indoles ſed quas tame 
Preclarin ardor mentis nrget Enthee ; 
Et uſque blandis temperat caloribus : 
L2s + "aliens nil vioit, & melins mind. - 
Vs, dans liquentes peftore excanit nives, 
Kt inde & inde ſpargit, en alam tibi, 
Ktttor benirne, e nwvibus Geometriam! 
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 Notarum Explicatio. 
==zqualitarem, J>4 
© majorieatem. R- $1 
—2 minoritatem, * - © | = 8 © 
+ plus, vel addendum effe. 44 
— minus, vel ſubtrahendum'efle. | 
—: differentiam vel exceflum; item quari= | 
tirates omnes,quz ſequuntur,(ubtra- 
hendas efſe, fignis non mutatis. 
X multiplicationem, ve] ductum laterisre- 
Ranguliin aljud latvs, - 
Idem denorat conjunQio literarum, ur\'* 
AB—AxB.' | 
y/ Latus, | velradicem quadrati, rel cubi, 
&c. 


Q;Q. rationem - v5 oumert ad qua- 
. drarum' pumerum, | 


| Þi 
Rl. -29c Ha abicungue occurrunt zuoth " 
bulorum A breviatione $ ?pſe Lefor per} 
facile intelliget ;exceptis 115,quas tanquan 


mings generals uſus. ſus Locis ' explics anal 
relinquimus. ' 


L [ Bu. 
Def ritiones. \ 


NY Matum eſt cujus pars nulla ft; 
WIN 1I.: Linea vero longirudo ati! 
——tudinis.expers, | 
& IL. Einez autem cermfl im 
= punt, 
IV. "ReQa linea eſt, quz ex #quo ſua inter= 
=o pun@a, _ 
V, .Superficies eſt, quz longitudinem, la: | 
ON. rantum habet. 
VI.. Superficiei antem extrema ſunt lines: F221 
VIL Plana ſuperficies eſt, quz'ex equo ſuas 
| Jinterfacer lineas, 
{ VILE. Planus vero angulus eft,duarum linea- 
| Sromin plano ſe mutuotangentium,& non in di- 
bor JreQum j jacentium akerius adalteram inclinario. 
IX.” Cum. autem quz, angulum continent, 
Yinez, reQz fuerint, reRilineusille 6 he 
ch I>cliatur, 
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vo Fo | X, Cum vero re- 


per | aa linea C G ſuper 
14am reaam lincam AB 
anda confiltens, eos q 
['y | ſunr deinceps angu= 
| Blos CGA, CGB 
6 7 —#quales i inter ſe tece- 
GT. rir, rectus eſt vrerque 
reualium angulorum, & que inliltic rea linea | | 
3- G, perpendicularis yocatur ejus ( AB) cul 3 
6 Me tit, s. 
# Not.' Cum plures anguli ad utum punifum: : (us - b 
$4 G) exfitune, defignarur quiliber angulustribus - 
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ive patet quomodo angulus ſceart 
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Merhodus vero tegula & circino a ntos 
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A B biferiam ſecare, 1 
Hack data AB gf Du 
triang, zquilat, AB@:: : 
eJus angulumi & b bile, 
reta CD. Eadem dazalff 
3 A Bbiſccabi Þ} 


B c D, dergogD—B D. 
hujus & przcedentis, cooks p 
libri ſatis indicar, 
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A B. & cre inca 
datoC reftamlineam 
CF ad angulos 7C= 
203 excivare. 

4 Accipe hinc inde 3.1, 
. Az CD-=CE. Super 

C. EBDgbtac triang e-b1.1. 
lat, DEE, DutaFC perpendicularis eft. 

am criangula DF CE F C fibi-mutuo «#- c conflr. . 
Rilatera ſant. 4 ov -_y ang, DCE=ECE.q8 1. 
goFC perpendicu 2ris et, Q.E. F, e 10 Uef. 
YPraxisiam huju:, quam ſequentis expedicur 

illime ope norme. ck 
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infinizam A B, 2 
dato punito. 'C | 
qiad incanoneſt_ 
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T Ducarturenim CB, CE, Triangula EGC, "3 
C, fibi mutvo c zquilatera ſunt, d ergo an conſir; © "1 
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\ Ffinuii conficiunt quaruor recos, Patet ex C 
..tvl}; 2, | 
> KO-P X1V. 4 ; 
A. . $i ad aliquam refam lin 
| AB, atgite ad cus punFun 
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$1 ad aliquam re&am lineam G H, atque ad 


8 punum, A duz reQz linez E A, A Fnon 
eaſdem partes ſumptz, angulos ad verticem 


Y, & B zquales fecerint, ipſz reQtz linez E A, 


in direaum fibi invicem erunt. 


ENam 2 Rea. Ree Ps tz:11. 


JA, A F ſdnt in dire&um fibl invicem, Q.E. 
| Schol., 2, 
G Si quatuor re&z linez B A; 
| EB,EC,ED ab uno puns 
E excuntes, angulos oppoſitos 
B ad yerticem Zquales inter ſe 
D fecerint, erunt quelibert duz 
linez AE, EB, &CB, E D 
Jairecum politx. 


Nam quia ang, AEC+AED—+CEB—+ 
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ZEB+DEB)— 2 Red, Cnr & 13. Ie 
YEB ſunt reaz linez, Q.E.D. bHyp.24Xs 
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Cujuſcunque Trianguli 
BC heya Elias. ov . 
externu angulys AGD wutro- 
p/iber FiaEacs & oppofrtoCAB, 
DCBA, major eft. 


'  Latera AC,BC a biſe- 3 10.1.6 
NF centreaz AH, BB, e qui- 1, te 
<6 bus prodluQs b cape BF= ; 
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| Quoniam CE =BA, &EFCc—EB 
ang.FE Cd—=BE Ageritang,E CF—El 
Similiargumentoang, I CH — A BH, 
rorus A C D(f BE G) g major elt utrovis of 
&ABC, Q.E.D. 
PROP, eds LI. | 
Cujuſcunque trian 
A. ABCduo ape duobul 
fi ſunt minores, omn/Jany 
ſumpr, 
Producatur Jatus 
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ACD bt A, cerit A+A CB 04 Ref & 
dem modo erit ang, B+A CB.2 2 Re&..] 
nique produfto latere AB, erir fimiliter 7 
A + B22 ReQ. QuzE. D 
Coroll. 

1. Hinc, in omni triangulo, cujus unus 
gulus fuerit reQus, vel obtuſus, reliqui : 

1unt, | 
Tf 2, Silinea reta AE cum alia rea C D 
gulos inxquales faciat, unum A E D acutunſ 
alteryum AE C chtuſum, linea perpendicui 
| AT ex quovis ejus punto A ad aliam i! 
N "CD demifla,cavet ad partes anguli acuti Al 
 -Namf ACad partes angylj obtuſi dudta 
catur perpendicularis, in rriangulo AEC$ 
arg. AEC+ACE -2Reat. x Q, FN, 

3. OQnnes angel trianguli zquilateri, & 
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PROP. XIX. 
IT Omni trianguli A BC ma- 
jor angulus A majori later} 
-—- BC ſubrenditur, 
-- Nam fi dicatur AB — _. 

B C, 4 crit ang. A —C, con- a 5, 1. 
Ctra Hypoth, &6 AB-BC, 
ang. CA, contra hyp. quare potius, b 18, 1, 
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r Omny trianguli 'ABC 
A duo latera BA, A Creligquo 
| B C ſunt majors quomodo- 
us cunque ſumpta. = 
j Ex B A produQa 4& cape a 8 
| | ECAD—AC,&ducDC. | 


, DJcrgo ang. D—= ACD.cergototusB CD hg; x. 
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"Y PROP. XXI. dig.T, _ 
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NS _.;{atere B C, ab extremitatibus 7+ *%.— 
_"tuarcftalinceBD, CD, inte- 
E riu conſtitute fucrint,he conſtte 


tute reliqus; trianguli duobus Ia 


b teribus B A, C A minores quidem 


"PL NCcrunt, mjorem vero angulum 
- BDC continebunt. 

7 AF Producatur BDinE, eſtque CE+E Dar a 26; 12 
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D+DC. Rurſus BA + AE4©BE; bergo 7” 


AMA+ACSBE+EC. qureBA+ACE _ + 
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Ex tribus reth lines F K, F G, G-K,l queſs 
tribus datis refFk lines A,B, C, aquales, frian 
ulum F K G conftituere. Oportes autem duas req \ * 
Tique eſſe majores omnifariam ſumptes ; quonian * 
uniuſcujnſque trianguli duo laters omnifariem 
ſumpta reliquo ſunt majora. | 15 
Etinfinita DE « ſume DF, F G, GH dat C: 
A, B, C ordine 2quales, Tum fi b centris F, fr 


'G, intervallis F D, & G Hducaatur circuli {P49 


interſecantesinK  junQis reQis KF, K G conf fon 
ſiruetur triangulum F K G, c cujus latera F kg #Þ 
EG,GK tribusDF, FG, GH, didefitribu ©, 


datis A,B, C zquantur, Q, E.F. 1 

: PROP, XXIIL ' BR 
z  Addatam refill ej 

” A lineam AB,datums G 


que in ea punfun ( 
A, dato angulo reg 2, 
h H angulum reailina '3 
£\/B um A conftituere-Þ. G 


4 Duc reQam CF ſecantem dati angulilatehG 


'rautcunque, b Fac AG — CD, Super A@F, 
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c conſtitute triangulum alteri CDF zquilateg. 
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bebis ang. A&—D, Q.E,F, '.. 4. 
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| $7 duonrianguls ABC, DEF duolatera A B; 
ati C duobas Lateribus D E, D F agaalia habuerins, 
', (rumgue utrique ; angulum vero A augulo EDE 
i (F$4jorem ſub gqualibus ret; linek contentum , & 
on# jim B G, haf E F, majorem habebunt. 
, 
by 


q 4 Flatarng. EDG=—=A&DGb—DFc=azr, 
C,conneQanturque E G, F G, bz. 1. 
I, Ce. Si E G cadit ſupra EF. Quia-A Be hyp. 
J=D'E, & AC=eDG,& ang.Ae—=FEDG, d hyp. 
1 enBC—=EG: Quiavero DFe—DG, e conſtr 
""Jitang. DF G=D GE: hergo ang. DEG -f "4%, 
” GE; b&proinde ang. EFG EGF, kquaregs, 1. : 
"3 3(BC)—=EEF. Q.E. D. hg. 4x!) 
L .2. Ca]. Si baſis EF bafi EG coincidat, }li- k 19, x, 
"aQuetEG (BC)DbEE. 7 I. ONs 
"4.3; Sin EG cadatinfra EF. Quoniam DG 
$4 GEmDE—+FE, fibinc inde auferanur m 21. 1, 
ÞG,DF, =qualer, manet EG (BC) nc-ny, ax. 
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b 24. 1. 


$i duo triangt ' 
I2ABC, Def 
duo laters ABI- 
py AC duobus lat A 
F-- 4 riis DE, D! E 
BY. equaliababucrin | 
Ur umque utrique, bafim vero Bu baſs E B. mi _ 
jorem; Q& angulum A (ub equalibus reak line” 
contentum angulo'D majorem habebunt, 
Nam fi dicatur ang, A — D, 4 erit bafis B ( 
— EF, contra Hyp. Sin dicatur ang. AOD 
b eritB C OE F, ctiam contra Hyp. ergo B 
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EF. Q. ED. F -"Y. # 
'PROP-XXYVI 

CT the 4 94 

A. be 


Ly: tu triangula. B A C,.E D 6 duos 
B,C, duobus angul E,DGE, equales bm ſg. 
rint, utrumque utrique, unum mque lat uni l, + FW 
aquale, five quod equaliaus p acer anguld,, __ 
df uni aquatium rh ahery” ſubtenditur : r 
laters reliquks lateribus aqualia,ut _ que pore. 
& reliquum angulum reliquo eigit quent 
bebunt. fuy = 
I..Hyp. SitB C=E G. DicoBA—E MW: T4; 
A C—D G,& ang. A=ZE D G.Nam fidical 
ED BA, fiatE HK=B A Þducarrg; OF 
Quonia 
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Quoniam ABb— HE,&BCc—E G,& bſuppoſ; 
q Be—E,erit ang.E G Hd4=Ce—DGE. c byp. 
E.A, ergo AB—ED. Eodem modo ACd4.1. 
- — DG, d quare etiam ang, A—E DG. e byp. 
; 2, Hyp. Sit AB —E D-. 'Dico BC=E G;& f 9. ax. 
IAC—DG &ang. A=E D G. Nam fi dicatur 
q EGt=BC,fiaEI—BC,& conne&arar D I. 
[Quiz A Bg—=ED, &BCh—EB1I, & ang. B g hyp; 
—E,critang.E I Dk — Cmn—EGD. » Q, þ ſuppoſ, 
A. ergoBC—EG. aboue price, AC—k4.1. 
4D G, &ang. A=EDG, Q.E m hyp. 
PROP, XXVIL n16, I 


$1 in duas reftas lines 
AB, C D rea incidens 
linea EB F alternatim an- 
D gulos AEF,DFE, e- 
- {quales inter ſe fecerir, paraitebe erunt inter- ſe ille 
Iretelince AB, CD. 
1 Si AB, CD dicantur non efle parallglz 
| conveniant produtx, nempe in G. quo pohico 
: angulus externus AEFinterno DFE 4 mayor , 16.1, 
- Ferit,cui tamen ponitur zqualis. Quz repugnant, 
I P R QO ÞP, XXVIIL. . 
{* Si in duus regs lineas 
"0 BR AB, CD refa ingidens 
Ce: Js B nes E F externum angu- 


D Fs AGE interno o& 0p- 
G—r þofito, vo ad eaſdem partes 
th I W CHG aqualem fecerit, 
- OF W& ad eaſdem} partes AGH, CHG 
1 dudbus reh equales ; parallels erunt inter ſe ipſe 
1118 MN AD, SD, 
Hnb.Q, ia per hyp. ang AGE=CHG, | 
k Feth GHECHG. b pa:allelz igi- als. 
ſunt AB,CD, Q.E.D, b 19.1. 
L: is 7 Qua ex hyp. Ang, AGH+CHG=2a 13. L. 
$2 Ref. —AGH+BGH,beaitCHG=b 3. 4x. 
6 B. Ec AB,C D parallelz ſunt. Q.E.D. c 7.1, 
ial B 4 PROP. 
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/F, Tn parallelas reſts line: 
B AB, CD, rea inci 
dens linea E E, OC alter, 
——D natim angulos D H Gh-: 
G—Aa  AGH gquales inter ſeeff 
'F fit 3, & externum BG! 
mnterno, Cf oppoſito,Co + eaſdem partes DHE x 
quatem; Cf internos C7 ad eaſſlem partes A G H 
C HG duoburefthy aquales facit, | 
LiquerA GH, +C HG —2ReR, aalia 
AB,CDnon eſſent parallelz, contra hyp. Sed 
& ang. DHG + CHG b — 2 ReQ, ergo DH: G 
5—=AGHd=BGE. QE. D. 


| Coroll. x rs 
| inc. ome 
B- | C Parallelograr an, 
| mum A C- hay * 
bens unum at Aa | 
 gulum requmy A 
A ID 4; eſt recan At 
gulum.. | A 
Nam A —+B&a— 2 ReQ.ergo cum Areaug - 


fit, b etiam B reQus exit. Eodem arguments Di 
& C reQi ſunt, * | FT les 


PROP, XXX; = hl 
Lue (AB, CD)et ; | I 


ref linea E F parall liq 
eo. # &' mer [c ſunt pi un 
E- al EE ue 605 J run 
G / = "Tres reQas ſecer 1 
cunque re&# GE, Qui 
_ nam AB,EFparallele folk, 4&rit ang, A: : þ 
—EH L [tem propter CD, EF parallel 
4eritang, EHI=DIG. b ergo ang. AGlz Ml Sn 
By 


D I G. 6 quare ANY parallelz ſunt, 5x0 


A A daro punto A date 


1 E PF reffe linea B C ducere 
. FE / |  parallelam reflam lineam 


 D Ex A addatam B G 
duc retam utcunque AD, ad quam, ejuſque 
puntum A efacarg. DAE==ADC, berunt 3 23-T, 
AE,BCparallelz. Q, E.F, b 27,1, 
PROP, XXXII, 

Cujuſcunque trian- 

A F ali joſe ks laters 
j C predufo,externus 
angulus & C D duobue 
'\ interns, &@ oppoſuth, 

a FB . * API ——— A,B ct aqualh, tt 
ni  ' C - D vrjianguli tres intern 
qnguli, A, B;A CB duobns ſuns ref aqualee. - 

"Per C 4 duc C E paral}, BA, Ang. Ab= 2 Jl, I, 
| ACE. & ang, BY—E CD. ergoA+Be==p,, 1 
| ACE+ ECDd=AC D. QED, Porro ,,”.* 

ACD + ACBe=2z Red. fergo A+B—+q,, ,, 
ACB—2Re&, Q, F.D, elz.t, 
|  Corollaria, f 1, 9x, 

I, Tres fimul anguli cujuſvis trjanguli aqua» TT 
*Þ les ſunt tribus ſimul cujuſcunque alterius, Unde 
| 2. Si in unotriangulo duo anguli ( aut fin- 
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by contentus refs eſt, reliqui ad ; 
® n3FT $, Tils / 
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| 5. Trianguli zquilateri angulus facit duaij ff! 
/ - tertiasunjus reCti, nam 3 2 Re =4 Reb, th 
2 __ Bs 
; Hujus propofitionis beneficio, cujuſlibet figu} qu 
| rz reQilinex tam interni quam-externi angyll qu 
| quot reRos conficiant, innoteſcet per duo ſes} *. 
: _ _- quentia rhteoremata. | fo 
| . A F 
| * fu 
: THEOREM 4 Tt , 


Omnes f;mul anguli cujuſcunque figura reatili-y 
| nee confictunt bj tot yetos dempth quatuor, quot P? 
4 ſunt laters figure. | [- = 
| Ex quovis punRo intra figuram ducantur agy — 
f omaes hbgurz angulos reQz, qu e figuram reſol,! 
4 ventin tot triangula quot habet latera. Quart 
3 cum fingula triangula conficiant duos reCtos y 
5 omoia ſimul conficient bis tor re&os, quor ſynty 
: latera, Sed anguli circa dium puntum confi £ 


cjunt quatuor reRtos Ergo,fi ab omnium trian-j 


q Sarees angulis demas angulos circa id pun# 

m, an Breliqui qui componunt angulos fi-Z , 

: gwz conkicient bis tot rea 's demptis quatuory# , 
quor ſunt latera figurz, Q.E, D. | 

Hinc Corott, Omnes ejuſdem ſpeciei reQilinez# , 

figurz zquales habent avgulorum ſummas, . Þ j, 


Onnes fimul externianguli cuju e foul © 

. refiilineg conficiunt quatuor reffos. "ml 

\ - Nam fingulj fgurz intern anguli cum Ting 

, gulis externis conficiunt duos rc&os, Ergo 
= Toh 


REESE - 5 


Liber T. 


uaz} terni fimul omnes, cum omnibus ſimul externis F 
, | conficiunt bis tot reQos,quot ſunt latera figurz, 
"-] Sed(ut modo oftenſum "h, Jinterni ſimu] omnes ; 
 etiam cum quatuor re&is efficiunt bis tot re&as 

| quot ſunt Jatera figurz, Ergo externi anguli 
zl quatuor reis zquantur, Q, E.D. | 
a Coro, Omnes cujuſcunque ſpeciei reQilinez WW 
| figurz zquales habent externorum angulorum -/ 
_ * ſummas. 


PROP. XXXII, 


b A Refi linee A C,B D,que 
s &quales & parallelas lincas 
; \yAB, CD, ad partes eaſdem 


i C ' dem conjungunt, QF ipſe a> 

# quales ac parallels ſunt, _ 
i144 ConneQarur CB, Quoniam ob AB, CD : 
oj parallelas.ang, AB C4 — BCD,& per hyp.AB 2 39 I. 

# —CD, & latus C B commune eſt, b erit A C bal, 
at} =BD, b&ang. ACB—=DBC. cergo AC, © 77: 1. 
# BDetiam parallelz ſunt, Q, E. D, " 


PR OP, XXXIV. 
Pardllelogrammorum a= 


Nile 2X A tiorum ABDC equdlia (uns 
ang ki \ mter (e queex 4dver(0 lates 
ms 0 AIqy74 A B,C D; ac AC,B Dz 
Ul angulique A, D, &ABD,A CD; @ ills bijes 
7 riam (ecat diameter C B- OTE 
3 QuoniamAB, CD «parallelz ſunt, b erit a Pyp. 
#Z ang. ABC—BCD, Item ob AC, DB 4 paral- bg. 1, 
- Þ lelas, berit ang, ACB = CBD. © ergo tori an- C2, 4% | 
-& guli ACD, ABD equantur. Similiter ang, 
W . A—D. Porro,cum cammuni lateri C B ad)ja- 
i& pares, 4erunt AC —BD,4 & ALT = 26, Ig 
I cam oiang, 2 BC CHOL 
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EUCLIDIS Elementorum 


| SCHOL, 

_ Omne quadrilaterum A B DC habere latera oþ3 4 
Pafre _—_ eſt parallelogrammum. 7 
am pers. 1, ang, ABC — BCD. &aergg 
AB, CD parallelz ſunt. Eadem ratione MW 
BCA=—CBD;aquareAC, BD etiam pa- 
rallelz ſunt. -b Ergo ABDC eſt parallel. 


grammum, Q, E, D, 
AE 
: PR Bus per datumy,, 
I punctum C datgh,. 


FI I reiz A B du-f, 


caur parallela 
TCamein AB quodvis punctum E. centris E.| 
 _ &Cadquodvis intervallum duc z#quales circu-| 
16s EF, CD. centro veroF, ſpatio EC duc}, 
circculaem F D, qui tn; CD ſecet in D, 
I. 


a 27,1; 


 Hinc expedi.| 


 , Erjitduda C Dparall. A B. Nam ut modo de-} 
....Monfiratum eſt, CEFD elt parallelograme| 


[_ - MUM, | 
PROP, XXXY, 
DE _F. Paralllgramma B 
E——T = DA, BEFE fy 
/ pereadembafs BC,&Þ 
inciſdem parallels AF, 
B % conſtituta , inter 
| e ſunt equalia. * 
HS 0 ſ Nam A D «—BC 
8$=EF. addecommunemDE, berit AE — 
DF.Sed&AB4—DC, & ang, Ac=CDF: 
4 ergo triavg. ABE — D CF.aufer commune 
DGE, eerit Trapes. ABGD=EGCF, 
3dde commune B GC, ferit Pgr, ABCD=—= 
EBCF, Q.E. D. Reliquorum caſuum' non 
cal, ſed ſimplicior & facitior eſt'demons' 
I 0 'y ; 4 | goes TwRge wir 3 IP ) 


$0 
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"yp 
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: 1 © 
*'S hers . 
* WR" bN : 
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. wo FY | a. by vw wy 
ver 
# ; 


Siholtum. 


JA ' -ÞD Sjilatus AB parallelogram 2 
PLTTTTT]mi refangull ABCD ferrl 
| || intelligatur perpendiculariter 
89 per totam B C, aut B C per to« 
Bild ſ— t——| tam AB, producetur eo motu 
a-J | [2 | | areareRanguli ABCD, Hine 
iQ reanygulum kieri dicitur ex du- 4 
| _[_1_| &uſeu mulriplicatione duoruny bp 
di} B 2 C laterum contiguorum. Sit.exe | 
Um tnpl.gr. B C pedum3, AB 4, Duc 3,in4 
ws proveniunt 12, pedes quadrati pro area reany 
"fouli. - ; 
ela} 


Hoc ſuppoſito,ex hoc theoremate cujuſcunqyz 
parallelogrammi (XE BC F) haberur dimen» # y, fg} _ 
Edo. Illius enim area producitur ex altitudine propoſe 454 | 
cu-3B A duQa in bafim BC. Nam area reQainguli "i 
ducla © parallelogramimo E B C F zqualis, fit ex | 


20 BAinB C, ergo, &c. 


Ls | PROP, XXXVL 
TT Pardllelograms 
D w_ E me BCDA, 
RB of GHEFE ſuper &- 
(4-þ Ft Eq] | qualibus bapbuBC 
1':iÞ C6 H GH, & in ciſdem *- 3 


AF, parallels AF,BH conflituta, inter ſe ſunt aqualis, 

nerd Ducantut BE, CF, QuiaB Ca—=G Hb= a hyp, 
"JEF, cerit BCFE parallelogrammunm. ergo Pgr. b z4, I, 

BCBCDAd—BCFEd—=GHEFE, QED, c 33.1. 


PROP. XXXVII, d 35. bs 


"JE. A D EF Trianula BCA, E 
+ "4  / BCD ſuper eadem 4 
bafs BC conſtityts, 
_ 07 in ciſdem pardle 
lels B C 


EF intey 
B C ſe ſunt equifa,. 


+ Abe... A TO 1.0 4 u 
Us '* 3% > WR. Is -g4 7 
4 . 
x 0 


.. . aa TT, _— \ : , . » Eb  *'. Ws £2 7% 
-  -\F© EUVCLIDIS Elementorum | 
 # 74M : 
FF : 


231. I. £DucBE parall. CA, 4& CF parall, BD 
b34.1. Erittriang. BCA b—2z Pgr. BCAE=6} 
c35.1, FBDECh—BCD. QE.D. 


7: 0X4 | 
PROP, XXVIIL 
«A D- ax _ Trianguls BC A, | 
hs B 


WA BUN. E FD ſuper equa 

Wi libus baſibus B C 

ih "—Y E F conflitnte, @ "Hg 
BW in eiſdem parallel; A. 
\\\""iff GH, BF, inter ſd * 


B cc E F ſunt aqualia. | 
Duc BG parall, CA. &F Huparall. E DJ El 

"ap erit triang, BCA a=2Z Pgr. BCAGb=p 

bas.r gy EP HF =EED. Q.E.D. 


Schol, d © 


: 2 

ll 1 | Si baſis BCE EF, liquet triang, BA Cc 

W111 EDF., &i BCOEF,erit BACQEDE. | 
| 


PR We XXXIX, 


Triangula equi 
laBCA, BCD 
ſuper eadem bij 
BC, & adeeſd 
partes confiituts 
etiam in eiſdem 
ſunt parallels A Dl 


BC. 
a39. 1; Si negas, fitaltera A F parall. BC; & ducay , 
tur CF.ergotriang, CB F 4=C B Ab—=CBYF 
cQE. A, | 


po I ee fe Ns ee OOO * _ _— I 0 BA ern ——— ac fan IG 6 Lie AI 


tn ——_ 
DR —————— ——_—_— 
—_—— -—— 


_ _ _ _— a ——_——— 
om + 4 A. 
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A—— ——_— mg ——_— 
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PROP 
F 
Gans fran—— wn | 


ſuper 
aqualibms bafs - 
bus BC, EF, 
X | & ad caſdem 
1 partes conflituta, & in ciſdem ſunt parallelis 
i AD. BE. : 
" | Si negas, lit altera A H parall. BF. &duca- 
| tur F H, ergo triang, EFH 8 =BCA b= a 38. r; 
DE EFD, cQ.E. A. b byp. 


_ 'C9.4 Rp" 
-A PROP, XLI, PO 
- 


A; 
144 B 
4s 


D * Si pardlielogrammum RIA 

A * ABCD coeds \ 
' BCE ecangem bafim 
" BC babuerit, in eiſ- 
"1 demque fuerit parallels 
B C 

| AE, B C, duplumerit 
parallelogrammum ABCD ipfius trianguli BCE, 
Ducatur A C. Triang. BCA@=—BCE. er- a 39,1, ; 

x go Per. ABCD b—2BCAc=2BCE. þbza. 1) { 
ow QE. D, | C 6, ax, 7 


7 


ar Scholium, 
ut A, 
= Hine habetur area cujuſcunque triangu}i * 


BCE. Nam cum area parallelogrammi AB 

CD producatur ex altitudine in bafim duta z 
uce'y producetur area triarguli ex dimidia altirudiue } 
-BF in balim duRa, vel ex dimidia bafi in altitudi- / 
nem, ut fi baſis B C fit 8, & altitudo7 ; erit tri. / 

j arguli BCE area, a8, _.. 


JP PROP, 


4 4a Ex 


PROP. XLIL, 
: \ 


A F 


OP 4k 
2 IEEE 


CC 
DD os PR ES 


TE 
Dato triangulo AB C equale parallelograms 
a E CGF conflituere it dato angulo refilined- 


a3t;z) PerAagducAGparall,B G.bfacang. BEQ* 
b33.t. =D,baſimBCdcbiſecain E. aduc E F parallf 
Ui. cio,.1, COG, Dico fatum, L 
WI. rf WAR Nam dilaa A E, erit ex conſtr, ang. E C( ok 
Wants t! I d38,1, —D, &triang, BACd—3AEC e=Pp PL 
Mil 100  ECGF.QE.F, | 


PROP, XLUI: 

A. = In omni paralle 
Berammo A. BCD co 

"de plements DG, GB ev 
] rum que circa diame 


N/ twmun AC ſuntparallet 
logrammorum H E, FIR 


© b== 


inter (e ſunt equalia. | b 

834.1) Nam Triang, ACD, —=4A CB, & triang! 
 AGHia=AGE &rtriarg. GC F «= GQE 

Dz.4& bergoPgr, DG=GB, QED. _ Þþ 


4 
0 ; « 
HH 


Liber wy; 
PROP. XLIV: 


lineſ " Al datam reAam lineam A, dato triangulo B, 


4 quale parallelogrammunt F L Oe in dat 


neulo refilineo C.. 
| 8FacPgr, FD —= triang. B, ita ut ang. ; GFE a 42, I, 


C. & pone lateri'G Fin dire&um F H=A, 
er Hbduc I L parall. EF , cui occurrat iD Ed3l.1. 
roduda ad I, per FI FduRz re&z occurrat D G 
rotrafta ad K, Per Kb ducK Lparall. G:H; 
uj occurrant E F, & I H prolongatz ad M, & 


, Erit F L, Pbr. quazſitum, 
Nam Pye. FLE=FD=—Bdgcang PBL s 


” 


GFE=C, QUEE. ... 
7 X LV. 


4d datam 6 lideam F-G dato refilines 
kBcD #quale parallelogrammum FL conſtituere, 


dato angulo refilineo E. 
Datum re&ilineum reſolve in triangula 
BAD, BCD, «Fac, Pgr, FH—BAD ira ut a 44, I: 


Ts E=E, producta FI, «fas (ad H 1) Pgr. 
rm L LE 


a. 


TLE 8 
119 ; 


THYTLEE 
$3113 


_— 


d28,1, row. G parallel. Suntvero, etiam-6-xqualF' 
e conf ferg AN, BC pref eti 


"EUCLID1S: Ekmentoram 
IL= — BCD. TT rue an 9 0 | 


Schot, 


/f Hine facile invenitur exce us HE, quo rety | 
\ lineumsliquod A ſupexat reQilineum minus þ 


C 


nimirum 6. fi ad mm regam CD applicenſ 


PROP. xLVE: 


C A data reFalk 
ncs AD quad 
tum A C deſc 
bere. 

4Erige duas pe 
pendiculares AB 
D C b aqua? 
daiz AD; \ 
junge BC, 45 

| factum. Far 
econflr, Cumenim ang, \ +D.c —3ReR. 4 eri 


all.l, 


bz. Is 


ſunt,” & parallel 
elogramma, & X#qui 
ex reQti (unt,g quous 
ergoACelt quadratuf 


33-1, ©O1g0 igura AC elt par 


] 
peck FAY 1m hs Kee 


Eodem modo facile deſcribes reavgylul F 


quod ſub datis duabus reRis contineatur. "2 


[2 | 


PRO 


Liber I. 


PROP. XLV1IL 


p 


H | 
- 
of # 


} Ka 
£& 


D MY 


ertyp, & 14. 1.) e ergo Pgr. 


c bd 
by ili difcurſu Pgr. CM—C H 
&—fBG+CH. Q.E.D. 


S$chok. * 


B 


In reftanguly 
triangulls BAC 
quadratum BE, 
quod &. latere 
B C refum! an- 
geulum B A C 
ſubrendente de- 
{cribitur, equale 
eſt es, BG, 
CH, quedla- 
teribus AB, AC 
rectum angulum 


_ Continenibdfde. 


(cribuitur 
Junge AF, 


AD; & duc AM. 


, P39 —EFB, & BDb—BC. c ergo'triang, Þ 29. def. 
BD — FBC, ataui Pgr, BM. 4 — 2 ABD; & © 4-1. 

gr. BG d — 2 FBC (nam GAC eſt una edi d4t.r, 

M— BG. Si- © 6. 4x. 


Torum jghur 


z Hoc nobiliffimum, & utiliffimum theorema 


ylu$b ioventore Pyrhagora, Cythagoricum dici me- 


2 problemata, 


Fir. Ejus beneficio quadiatorum addigio, & 
bſtradtio perficitur z quo ſpeant duo ſequen- 
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b 47: 2: 


EUCLIDIS Elemenorum | 
PROBL. 1, 


Dath quotcunque q b- 
B drati, unum: omnibus 
" quale conſiruere, 


Dentur quadrata tri 
\ C ' JS quorum latera fint AF 
| *j BC,CE.«Facang, 
£ cum FBZ infinita h 

| G bentem latera, in eac 
( ORE rs C transfer B A, &BC, 


.C 7 | Junge AC, b eritAQ/_ 
22.5 —A Bq-«BCq, Tof 
- L Dal —23> AC transfer ex Bin 
A. " &CE tertiumlatus dat= ; 


rum transfer ex Bin E, & junge EX, b e 
EXq —EBq (CEq)  BXq(ACq)c==CH 


+ ABq+BCq. Q, E. E; 


TREES 


Dath duabus vet; id 
| hibere quadratum , ,;, 
quadratum major AF, 
mJ | excedit quadratum mim 
AB oC mpBO 
- Cemro B intervallo BA deſcribe circulum. 
C erige perpendicularem C E occurrentem' pf 
5 room in E. & ducatur BE, 4 Erir BY 
Aq) —= BCq+ CEgq. bergo BAq— BCqF 
CE QB EF. 
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0.Bl 


= A 
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Noth duobus quibuſcunque 
lateribus trigont reflangull} 
ABC, reliquum invenire. 

Latera retum angulum 
ambientia fint AC, AB, 


hoc 6. pedum, illud 8, ergo 47.1, 


cum A Tq + ABq —64 
+ 36 = 100—=B Cq. erit 


 BC=/y} 100=1Io, 


Nota int deinde latera 
AB, BC, hoc 1o, pedum, 
illuds. ergo cumB Cq .— 


A Cq.critA Cq=4y/ 64=8, 
PROP. XLVIII. 


St quadratum qued ab uno 
latere BC trianguli de(cribi- 
tur, aquale fit eh que reli. 
qu trianguli lateribua AB, 
AC deſcribuntur quadrath, 


C angulus BA C comprebenſus 


ub A B, A C reliqujs duobustriangulilateribus , 


Fen eff, 
Duc ad AC perpendicularem DA — AB, & 
Jurge C D. 
$ Jam C Dq £—ADq+ACq —A Bq + a 49. 1: 
PP Cq—BCq *# ergo CD—BC. ergo trian- +pjde 
Bula CAB, CAD, 

Juare ang.CABb=CADc—=ReR. Q.E,D. þg x: 


fibi mutuo equilatera ſunt ; rhegy, 


Schol. C HJÞ. 


Afﬀumpſimus exinde qued C Dq. — B Cq, 
&quiCD—BC, 
equenti thevremate, 


Hoc yero manifeſtum fiet ex 


C 3 


TH E- 


ſeq- 


1 
: 
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= t 
ABq=— LOO be 36 =6447 | & 
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;IDIS  Elementorum * 


THEOREM A. 


Li nedrum equalium AB, CD, aqualia (uf 
= AF, CG; & quadratorum aquarin 
K,ÞM equalis ſunt laters :K, LM. ©} 
Pro 1 Hyp. Duc diametros E B, HD. 1 
234-1. quet AF — 42ztriarg, EAB— 6 2 trianſ 1. 
b4.1.@ HCD=4 CG. QED. 
6. 4x, 2, Hyp. Si fieri poreſt, fir LMIK. 
246.1, LT—=L[K; afitque LS—LTq. ergo L} 
br. part. þ—NK c—LQ, 19. E.A. ergo LM—IK. 
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Wn,  . =» T E a oy REC 
Re ns DE . 4 er. 4 "— br OI o—— OO «ok «a Ca. A_ -._ ---— - _=_ 
4 ww" - — —_— —_ - —_ _—__— = —— _ -—_ — . nt... A _ _ _ 
lth. MO 4 - a Seton is > 6 49- ae 0s © — -_ - - b. : _ _ 
—_ —_ cr——_—_ —_ _- —_ ny————_——_— gta ng = Pons , ——— es Al—_— = 
_—_ hy p—_ penn En pm a ec Ea ———_s 
—_—_ nag pa —_ pregg———_ m———_—_— _—_ m——_—_— _—_— ren yr———_ m_ _ 
— - ——_——— ————_ = = pen —_— —_ ms. co nt —_—_ w———_ — ——_— nts EST>< ed. Ts 
, - _ > i * as 
vo _—_— e—_—_—_ nn Arn ——_ ——_ _ Jan b _ c—a_ - Re. Shs CEpOR 
. = - - - : = cn TR EEEOENI F —— mm 
- bo - . Ap” —_——_ py 4 - - — _——— a—— _ 
_ '$: _ - . - PR —— —_ —_—_—— —— _ 
- I 
—_ _ —— —— IIS —_ a 
—_ - - 
m——g—_ —— —_— 


"5 C 
© iſe IH MAN > 7 et 
ASI Goo Wor 9-3 l—_ - 
4 82 wrt. __ i 448 01 mae FD PRm—g—_— we 
m—— —_——_—_ a Es re EI 
prog hs A _ ——_ 
= = _ n—— an . — 


TIT; 
> at 


/ - Yb Gf a8 AVC AV ASS 
__ pe _ ns _ 


i a+ 47 a 
L I B. Il, | 
Definitiones. 


15and 1+ GESICE, Mne parallelogrammum reQan- 

i 25 3 gulum ABCD contfnerl dicitur 
K.  ABWHE ſubreQtis duabus AB, AD,quz 
o I} (Exc bg comprebendunt angu- 
= um, 


* Quando igitur dicitur yetangulum ſub BA 5 
{AD, vel brevitath cauſa; reftangulum BAD, 
_ BAxAD, (vel ZAproZxA ;) deſugnatur 

I refangulum guod continetur ſubBA, & AD ad 


| reflum angulum conſliturh. 


F-o28---M8 


T IT. In omni paralleJogrammo ſpatio FHIK 
| unumquodg;eorum, quz circa djametrum illius 
lunt,paralleJogra mmorum,cum duobus comple- 
ments Gnomon vocetur, ut Per, FB+BI+GA 
JCEHM ) eff Gnomon, jtem Pgr, FB+BI+EM 

| +F(GKA) eft Gnomon, 
Pm: C4 PROP, 
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D I'S” Elementorum 
PROP. L 


F__ RI St ſuerint dug refte line. 
'TAB,'AF, ſeceturque ipſtſic i 
rum alters AB in o 
a Ton = 4p mes AD, 
DN Tn o EB: reftangulam compre 
Fi 7 3D © benſum (ub ill duabus re 
ailines AB, AF, equale cft ci, que ſub in 
ſea AF, O& quoliber ſegmentorum AD, D 
E B comprehenduntur refangulis. 
4 Statue AF, perpendicularem ad AB, 4 paty, 
F duc infinitam F G perpendicularem ad AF 
4 Ex D, E, B erige perpendiculares D H, Elg 
BG. erit AG reQangulum ſub AF, AB, 4 


þ 19.4x.1, þ eſt equale re&angulis A H, DI,E G, hoc el 


C34. I. 


AT. 2, 


Þ 2. 4x. 


(quia D H, EI, AF cpares ſunt) reQangu 
lis ſub AF, AD;ſub AF,DE; ſubAF, E BJ 


Schol, 


Tmo ; fuerint due ref, ſecenturque amba if 
quotcunque partes, idem provenit ex duftutotiusil 
rorum, 'C partium in partes. 

Nam fit Z=A+B+C, & Y=D—+E; quit 
D Za= D'A +DB+DC, &EZ «—EA—+E! 
+EC, &Y Za =D Z-+EZ;b erit ZY—DAf% 
-+DB+DC+EA+EB+EC.Q.E.D. . 

Hinc pates ratio ducendi ref4s compoſts ij 
compofitas. Nam omnia partium refangula acciperf® 
oportet, C& habetur reftangulum ex toths. | 

Sin lincarum in ſe ducendarum fignis + adf 
miſceantur ſigna—,etiam ſignorum ratio haben 
da eſt, Qujppe ex+in—provenic—;zat ex—inF* 
provenit++. Nam fit+ A ducenda in B—C. &*® 
quoniam + A non affhrmatur de toto B, ſed de 
ejus parte tantum,qua ſuperat C,debet AC m3. 
nere negata.quate prodibit AB—AC, Vel fic 

| | | quia 


. # {> 


Liber Il. 


 F=AC-+A in B—Czaufer utrinque AC,eric AB 
gAC—A in B—-C, Similiter fi —A ducenda 
Ipſefit in B—C, quoniam ex vi figni— non nega- 
ar A de toto B, ſed de ejus folummodo exceſſu 
upra C;debet AC manere affirmata, proveniet 
$r0—AB+AC. Velſic; quia ABYF=AC—+A 
Jn B—C; tolle utrinque omnia,cerit—AB—AC 
Ain B+C; adde AC utrinque,critque —AB 
AC—A in B-C, 
Arque ex bis rite perſpeRis,quz ſubſequuntar 
4 Pp. propoſitiones, alizque ejuſmodi innumerz,cx 
Jinearum in ſe dutarum comparatione emer- 
E lipentes (quas apud Vietam,& alios Analyſtas in 
3, Wumerato habes) nullo negotio demonſtrantur, 
c elfem plerumque quaſi ad fimplicem calculum 
ngutxigendo, 


E BY Porro, #liquet produQum ex quapiam magni. # 1 


Fvdine in numeri cujuſlibet partes, zquari pro- 

ducto ex eadem in totum numerum. Ut 5 A-+7 

A—=lz2A&4qAingA+q4AingA—4Ainlz 

#A:quare quz in hoc loco de rearum in ſe duQu 

ict ſunt, cadem de numerorum in ſe multiplj- 

Catione intelligi poflunt.proinde etiam quzin 9. 
:Fequentibus rheorematis de lineis affirmantur, 
Fadem valent de numeris accepta ; quippe cum 

giz omnes ab hac prima immediate gdepende=- 
Int & deducantur, 

Propofitiones decem primz hujus libri valent 
Etiam in numeris, Reliquas quilibet tyro exami- 
Þet. pro hac, fir AF6, & AB 12, ſeQus in 
a6 Ds, DE3, & E B4. Elique6xtz (AG) 
aben$=7*- $5 (AH) —=30. 6in3 (D1) — 18. 
--Penigue 6x4 (ECG) — 24, Liquer vero 
C, $919+24=72. | 

ed de 
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elbcy 
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PROP. 


4T 


quia B conſtat partibus C, '& B—C, * erit AB*1, 2,” 


9. 4x, 
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DEL S Etementorum 


PROP AK, 


H @G Sirdaulina AB ſells 
TT] utcungue in D, reftangu 
que (ub tots A B & quoting 
ſegmentorum AD, DB co 

| prehenduntur, aqualia (umF! 

| | quod a tore AB fit quadratoy 
blnnaiad B Erige AF perpendicul 
A D , rem & xqualem AB,& eruf « 
&AFxAD+AFxDB— AFxAB; hocefie 
( ob AF — AB ) ABx AD+AB x DB—ABS , 


St refta linea AB ſeliC 
fit ntcunque in D, rela 
gulum ſubtota ABQf u 
| -ſegmentorum AD compn 
henſum,eqnile eff illi qui 

ſub ſegmenty A D, DI 
"TD ©, comprehenditur reflangiſ®” 
lo, & illi quod 2 predili 
fegmenro AD deſcribitur quadrato. ['3 
Nam erige AF perpendicularem & zqualen, 
- BB, & completis parallelogrammis F D, FB 
erit ABXAF—4 AFxDB+AFxAD, hoc eſt (d 
AF=AD) ABxXAD—ADxDB+ADq, 


dROP, iv. - 10 


& TH #Þþ Sirefla AB ſeffafit wh 
——— cq i: D, qudra 
gqued a tots AB deſcribieur, equale eſt illk que 
fegmenth AD, DB deſcribuntur quadrati, &' © 
god by ſub ſegments AD, DB compyehenditilp 
refangulo.. 
Nam ABq=4ABx AD+ABx DB, Cun 
ergo b ABxXAD=ADxDB-+ADq&b ABxD! 
—AY 


Ws 5! 11.of 
- \ 
———_ . 


«£2 MC" 9 


+2 ADxDB. h 
E Tn Aliter, Super AB fac 


ea quadratum AD, cujus 
gl diameter EB, per divi- 


40til ficnis puntum C duc 
> comp perpendicularem CF; & 
ſung] T per G duc HI parall, 


rats, ' k AB. 
A'TCB 


icul  Quoniam ang, EHG—A 


 Exll 
jocell 


-Al 


Coral +CBq-2 ACB. GED. 
a ml | | 
mprey Coroll. 
i qui 


DE 1. Hinc liquet parallelogramma circa diame= 
ang um quacrari efle quadratra. 


edigd 7 I:em diamerrum cuyuſvis quadrati <jus ane 


& PROP. V. © 


; i —— Siretalinea AB 
3” CT D ſecetur in aqudlis 
fit hAC b CB, v& non equalia AD, DB, reftangu- 
raruſum ſub inequalibus ſegmentis A D, D B compre- 
queIenſum una cum quadrato, quod fit ab intermedis 
& cftionum CD, equalecft ei, quod 2 dimidia C B 
mitpeſcribitur, quadrato. 

Dicos CBq=ADB+CNq. 


Cun 
3x Dl 
=A 


AXquantur 


—ADxDB -+ DBq, erit c ABq—=ADq+DBgq c 1. PS 


rectus eſt, & A E Bdſemire- d 4. Cor, 
Aus, e erit reliquus HGE etiam ſemire&us, 32, 1. 
FErgo HE f—= HG g —EFg— AC. hproinde © 32. 1. 
JHF quadratum eſt re&z A C. eodem modo CLI f 6.1, 

eft CBq.ergo AG. GD reRangula ſunt ſub AC, $34. Tt: 
> ſe|CB. Quare totum quadratum ADk& — ACq b 29.def.x. 
ef k 19.4xi1; 


24.2. 
þ 3. 2. 


 byp. 
a1, 2, 


#ſch,2,3 


24 W'3, 
Cor. 4: 2. 


FITS” Flmmoram 1_ 
_ CCB 
Equantur ) 4 CDq+CDB+DBq+CDB } . 
- edim iſa” CDq+bCBD(cACxBD)+CDY - F 
| CDq-+4d ADB. _ 


Hoc Theorema paulo alitey effertur, & ſacilig#ren 
demonſtratur,fic, Reflangulum ex ſumma C& diffe9 © 
rentia duarum reAarum A, E, equatur differenife+ 
ex ipfts. | 

Nam fi A+E ducatur in A—EFE,*provenit A 

Scholjum. 


Ein oe. 0 A Kaes 
A C F D —B gividatur, propſpis | 
| us ſcilicet pur.a{gE © 
bileRionis, in E , dico AEBADB. quo 
| Nam AEB «—=CBq—CEq.& ADB4—Cl | 
—CDq. ergo quum CDq -- CEq, erit AEBGQ+*E 
ADB, QE.D. 91 | l 
| Corok. Bl 
Hinc A Dq + D Bq - AEq—+ EBq. Nathiſc 
ADq+DBq-—+z2 ADBb—ABqb—AEq—+ElF 6 
+2AEB, ergoquumzAEBc2ADB, ei 
ADq+DBqrzAEq+EBq. Q.E.D, 
Unde 2. ADq+ DBq — AEqs — EBq=y 
AEB—2 ADB. | 


PROP, VI. 


ie _ 25>" ib Si rea lines A bijy. 
—_ ” E tin ecetur,C iti rel "ny 
dg lines E in direFum adjiciatur ; refan, "q 
m comprehenſum ſub t0z4 cum adjefa (ſub. A ! 
E,)& adjefa E,una cum quadrato,quod a dimid 
(3 A,) equale eft quadrato 2 linea, que tum ex 
midia, tum ex adjcita componiturganquan ab u 
(3A+E) deſcripto. | | 
Dico4 Aq(4Q.Z A) +AE +Eq—Q. £ 
-+E, 4 Nam Q.3A+E—Z Aq+Eq+AE. 


-C 
Zi 
A 


Coro\ 


Coro, TO 

"DI . Hinc fi tres reaz EB, E+JA, E+A fintin 
| ſproporrione Arithmerica, reCangulum ſub ex- 

-litremis E, E + A contenrum, una cum quadra- 

liffaſt exceſſus 4 A, zquale erit quadrato mediz 

ents +F As | 


PROP VII. 


= > Si refa linea 2. (e- 
—— Cetur utcungue, Quod 
” "59h FE & rota Z , quodque ab 


lit&$no ſegmentorum E, utrague femul quadrata, aqua- 
ropſWis (unt illi, quod bis ſub rota Z, Q& difto ſegmento 
1r:gE comprebenditur, refangulo, & illi, quod @ reli- 
quo ſegmento A fit, quadrato. 

\®' 


Dico Zq+Eq=2 ZE+Aq. Nam Zq a—Aq 34:25 


E Bj+Eq—+2 AE.& 2 ZE b=2 Eq—+ 2 AF. 'bz.2, 


Coroll. 
Hinc,quadratum differentiz duarum quarume- 
unque linearum Z,E, zquale eſt quadratis utri. 
Natſque minus duplo re&angulo ſub ipſis. 


''JY-..:: B ROP: VILE 


A K quater comprehenſumſub 
" = tota £0 uno ſegmento- 
rear um E,cum eo,quod a reliquo ſegmento A; fit ,qua- 
1nod41450,aquale cjt ei,quod & rota Z,Cv? difto ſegments 


LA 
mid 
exd 
th u 


= 


J 
* 


ZEb—= Q.Z-+E, Q.E.D. 

PROP IX. 

Pp 7 Os : 2 

_- a —-—D Sireftalina AB 

A CG D. gs in aquaits 
4 G AC. 


q= CE S1 rea linea Z ſecetur 
ILL utcunque ; reftangulun 


E,ranquam ab una linea Z+Edeſcribitur,quadrato. 

Dico4 ZE+Aq=Q. Z+E, Namz ZEa=— 27, 2, v&* 
£q+Eq— Aq. ergoq4 ZE +Aq—Z£q-+£Eq-+2 3. 4x. 
b 4, 2» 


-E oe Naw Zq+Eq—2ZE—=AqzU,Z—E, c7.2. GO, 
| 3 ax, 


| EVC #4; D 4-5 Slimentorane | 


AC, CB, ep non aqualis AD, DB. a 
ab inaqualibus totius ſegments AD, DB fount 
_ mul duplicia ſunt, & cjua,quod 2 dimidia AC| 
ejus, quod ab intermedia ſetionum CD fit, q 
dratt. 
Dico ADq+ DBq—2 A Cq+2 CDq. N; 
242 ADq+DBqa=ACq+CDq+z ACD-+DI 
bby. atquizACD (b2zBCD) + DBqce—=C 
£7.2 (ACq)+ CDqdergo ADq + DBq —2 A( 
aA 2,4x —+2 CDyq. Q;E.D. | 
Aliter efertur & facilius demonſtratur, fic; 
Aggregatum quadratorum ex ſumma, @& dif 
reniia duarum refarum A,E, equatur duplo qi 
dratorum ex ipfis. . | Þ.: 
24-2. Nam Q, A.+E 4 —Aq+Eq-+2 AE. & QB 
b Ce7.7.2, —E b = Aq+Ec—2 AE, Hzc colleQa faciy 
z Aq+2 Eq. Q.E.D. 


PAK O:P, X. 


—————— FStredalines A (ec 
SA — E tur biſariam, 0 : 
_ autem ei in reffum quepiam linea; Guod 2 t 
A cum adjunits E, GG quod ab adjunfa E utragyi 
fimul quadrata, duplicia ſunt & ejus; quod I 
midia+ A; & cjus, quod a compofita ex dimidi 
& adjunta ,F4nquam ab una z A-+E, deſcripti 
et, quadratz. 
24.2, Dico Eq+QA—+E, hoceſta4Aq— 2 Eq: 
b {or.4. 2, AE—2 Q.;z A+2Q.,; A+E.Nam 2 Q, A 
<4. ZzAqQ2Q ;ZAmEc=; AquvzEq+2Al 


oh Ci. TIE 
ADAIR. AA COEDAAIE oi IS —- » - 
a. Py” —__— _ = _ _ 


| 
T 
T1111 


4. 8 


atrn,; Pp R [@, P, X [. 
unt Datam rcfam li. 
AC, B neam A B (ccare in 
» | © & - HG, u comprehen- 
ſum ſubtota AB, &* 
| N; altcro ſegmentorum 
+Dl [3G refangulum, a- 
: C quale ſit ej qued aTre- 


AG F liquos ſegments AG, 
| t, quadrato. 
x Super AB gdeſctibe quadratum A C, latus 4 46. 1. 
aff b biſeca in E duc EB, cx E\ prodyGa cape b1s9. 1. 
'o MJE—EB ad A Failawe quadraum AH, 
SirAH — AB x BG. 


& Of Nam protraca HGadTI; ReQtarg, D He 
aciy Aqc—=EFqd—EBqe—=BAy+baqecrigoDH c6s.2. 
BAq d—quad, AC. ſubtrahe commune Al, d conffr. 
emaner quad, AH—OGC,d id eſt AGq—ABxE 47. L. 
© SEE. F; | | f 3. 4x. 
7% Scholium. 
iciany Hzc Propaſiiiy numeris explicari nequit; 2 
2 tfneque evim ullus numer us ita ſecari porelt, ut #vid.6,13. 7 


tragoduRum ex toto in partem unam #quale ſit bn 
4 FiÞadrato parts reliquz. 
midily PROP, XI1, | 
r1ptul | A In ambiyzeniy triangulh 
fÞ . ABG quadratumn, qued fit 2 
Eq. lucre A'C angilum ovtuſum 
'2 / ABC (ubtend: nte, majus eff 


-2 Al P, D quadraty, qu. fiunt a latcribus 
AB, BC obtuſum angulun 
B C comprehendentibus, retangulo by, compre- 
F*ſÞ, & ab uno laterum BC, que ſunt Circs 
'uſum angulum ABQ, in quod, cum protrafum 
ON cadit perpendicultrs AD, & ab aſſumpta 
terius lines B D ſub perpendiculari AD prope 
"Patum optuſum'A Þ C. RES 
| | : Dico 


wm Þ 
. 


| 
" 


l 
v4 | 
SHHTERIOOTEY 


2 47.1, 
bg. 2. 
C 47. f, 


Fl 


i 
\ 


Nam'iſta ACq. | 
zqualia )s CDq+ADq. __ 
ſunt in-' Yb CBq+ 2 CBD+BDq+ADq 
ter ſe CBq+ 2 GBD 6c +ABq. 
- Suhol. 


invenjre eſt tam ſegmentumDC inter perpendii 


"EUCLIDIS Elementoram | 
Dico ACq=CBq+ABq-+ 2 CB x BD. 


. Hinc, cognit# lateribus trianguli obtuſang 
ABC, facile invenientuy tum (cqmentum BD ini 
perpendicularem AD, & obyuſum angulum Al 
mnterceptum, tum ipſa perpendiculark AD. 

dic; Sit AC 10, AB9,CB 53 unde ACq 10 
ABq 49, CBq 25. Proinde ABq + CBq.—; 
hunc deme ex 100, manet 26 pro 2 CBD. ur 
C6D erit 13, hunc divide per CB 5s, prov 
2zF pro BD. quare AD invenitur per 47.1. 


PROP. XIII. 
A TH 0xygoniis tridngulys Al 
NF uadratum & latere AB any 

| lim acutum ACB ſubtendl 


| minus eft quadrath, qua fil 
c lateribus AC, CB acutum! 
—D gulum A CB comprehenda 
| bus,rectangulo by compre 
C7 ab uno laterum BC,” que ſunt circa 4cutum) 
gulum AC B,in quod perpendicular AD cadit 
ab aſſumpta interius linca D C ſub perpendica 
AD, prope angulum acutum ACB. 
Dico ACq +BCq—=ABq+ 2 BCD, 


| | " ACq+BCgq, 
Nam zquan- Ja A Dq-+D Cq-+BCq. 
tur ilta bADq+BDq+2BCD, 
cABq+2BCD. 
Coroll. | 


Hinc etiam cognitis Lateribus trienguli Ab 


# 


_ 57); 0 # £4 


em AD, & acutum angulum AB C interceptum, 
" Hum ipſam perpendicularem AD. 
'F Sir AB13. AC 15. BC 14. Detrahe A Bq 
169) ex ACq+BCq hoc eftex 225 +196 
42T ; remanet 252 pro 2 BCD; unde BCD 
rit 126. bunc divide per B C 14, provenit 9 
YXr0 DC, unde AD=—4/: 225 —8I=12, 


E 
Dqg 


KO Þ; ALY, 


<4 refilineo A aquale quadratum M L in- 
Ire. 

/- aff 4 Fac reangulum DB=—A, cujus majus la» a 45. 1: 
*J us D C producadÞF, ita ut C Gf C B b Bi- $34 2, 
MecaDF inG, quo centro ad intervallum GE 

eſcribe circulum F H D, producatur CB, do- 

Hec occurrat circumferentiz in H, Erit CHq= 
SML—A. #46, 13 


BW ts 
e471.& 
3- 6X. 


[3 Y; ETSY Ay 
Re 


Definitiones. 


>a © 


> 
mo | 
Quales circuli (G AB( 
HDEEF) ſunt,quorum di 

metr? junt zquales,. W- 
quorum quz ex. centſhq 
rea lines GA, HY 
ſunt #quales, Wy 


IT. Re&a linea AB & 
cuj}um FE D rangere di: A 
tur,quz cum circulum ra * 
gar, ſiproducatur circul 
non ſecat. 

Rea F G ſecat circ 
iun FED. 


DC | # 

wit 

E 'F 

IH. Circuli DAC, AB E (item F BY 
ABE) fe mutuo tarigere dicuntur, qui ſe mutſhh 


' xargentes feſe mutuo ron ſecant. 
Circutus BEG ſecat cicculum FGH. 


{t 


IV, 


I V. In cixculo 

K_ GABD azqualiter di- 
B ſtare 2 centro dicutt- 

- tur reaz linezx FE 


K L, cum perpendict- 
UM fares G H, GN, que 
2 centro G in ipſas 
ducuntur , ſunt zqua=- 
les. Longius autem 
\D Ft abeſſe illa BC dfeitur, 
-entſh quam major perpendicularis GL cadirt, 


RB  V. Segmentum circu- 
A li (ABC) eſt figura, 
quz ſub re&a linea AC, 
C 8 cixculi peripheria ABG 
comprehenditur, ; 


| VE. Segmenti aurem angulus (CABY eſt, 

(viſub reca linea CA, circuli peripheria A B 

Pmprehenditur. | | 

| VEL. Inſegmento autem (ABC) angplus 

ABC) eſt, cum inſegmienti peripherisſume- 
um fuerir quodpiam punvm B, &abilloin 
'miMmos reaz ejus linez AC, quz ſegmenti 
Þſis eſt,adjunaz fuerint re&z linex AB, CB, 
inquam angulus A B C ab adjunRis illis lineis 
B, CB comprehienſus. 

VIIL, Cum vero comprehendentes angus 
mABC,reazlinez A B, B C aliquam afſu« 
unt peripheriam A D C,illi aygulus ABC in= 
ſtere dicitur, | 


Sa: 


F BY 
a 


IV, 


D 2 ..- Ix.Ses 


q 
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' BEG fecat cicculum EGH. 


Circu 


IV, 


- 
” 


I V. In cixculo 
F Fx K GABD zqualiter di- 
| B ſtare 2 centro dicun. 
\ tur reftz linez FE 
K L, cum perpencict- 
UM ares G H,G N, que 
| a centro G in ipſas 
ducuntur , ſunt zqua- 
les, Longius autem 
Dw @C abefle illa B C dfoitur, 
entſþ quam major perpendicularis GL cadit, 


RB  V. Segmentum circu- 
A li (ABC) eſt figura, 
quz ſub retalinea AC, 
C 8 cixculi peripheria ABG 
comprehenditur, | 


VI. Segmenti aurem angulus (CAB) eſt, 
viſub rea linea CA,& circuli peripheria A B 
 Þomprehenditur. 
| VI. Inſegmento autem (ABC) angylus 
\ \BC) eſt, cum inſegmemiperipherisſume- 
Hikum fuerir quodpiam punfvm B, &abilloin 
/ FrninosreRz ejus linez A C, quz ſegmenti 
Þſis eſt,adjunz fuerint re&z linex AB, CB, 
inquam angulus A B C ab adjunRis illis lineis 
B, CB comprehienſus, 
FBWYVIILL Cum vero comprehendentes angus 
e MVBm ABC,reQzlinez A B, B C aliquam afſu= 
unt peripheriam A D C,illi angulus ABC in 
ere dicitur, | | 
_ D 2 IX.Se- 


JIDIS *Flementor# ” 


XT, SeQor autem cirq 
(ADB)eſt, cum ad iphus 
culi centrum D conſtituf 
fuerit angulus A DB;comp 
henſa nimirum figura ADR 
& a reQis lineis AD, BD! 

ulum continentibus, 8 a} 
ripheria AB abillis aſſump 


- X, Similia circuli ſegmenta (ABC, DIF* 
ſunt, que angulos (ABC, DEF) capiumſff 
quales; aut in quibus anguli ABC, DEF inff 
le ſunt zquales, 
FROP.I 
Dati circuli ABC 
trum F reperire. 
Duc in circulo re 
A Cutcunque, quam 
ſecain E. per E duc| 
pendicularem DB. 
C biſcca in E. erit F cen 
Si negas, centruml 
D G, extra refam iſ 
(nam in ea efſe non poteſt, cum ubique a 
| F dividatur inzxqualiter) ducanturque. 
als,defi, GC, GE, Vis G centrum eſſe ; 4 ergo Gifg* 
bþ8, i, -.GC; &perconltr. AE=EC, Jlatus vero 
c io.df 1.commune elt; b ergo anguli GEA, GEC piF*! 
d 22. ax  & cproinde rcQi ſunt, d ergoang. GEC=b ly 
eg.4x, Ice QE.A, | - 
"ap" | I Ci G1. 


; 
Cit | 
us Coroll. | 
titufHinc, fi in circulo rea aliqua linea BD ali. 
mpfjam retam lineam AC bifariam & ad angulos 
AVMos lecet, in ſecante BD erit centrum, 

Di | 

2 a) 
1mpt 


M OY hs - 3 Hs S: «A 4% - 
vi Li er TIT. "_ | 03 R 


acillime per normam invenitur centrum vertice And. Tag: 
DF circumferentiam applicato, Si enim rega _ 

TRE "4D pundaD, & E, in quibus norme 

:E 383 QD, QE peripheriam ſecant, biſecerur 

" P.erit Acentrum. Demonſtratio pender ex 


-bujus, 
" - ROE IT 


Si in circuti CAB peri= 
pheria duo quelibet pundta, 
uam C A,B acccpta fuerint, rea 

linea AB, qua 4d ipfe punita 


it 


'B.b adjungitur, intra circulum 
#17: OE B cadet. 
rum Accipe in re&a AB quod- 


FpunAtum D, & ex centro C duc CA, CD, 


1m | 3 8} whe 

jue ſs & quoniam CA 4 — CB, berit ang. A= a 1s def.r, 
e Gip*dang. CDBc@A; ergoang. CDBr bg, 1, 

o Gi*1go CB + CD, atqui CB tantum pertin- c 16, 1. 
vergÞx centro ad circumferentiamz'ergo CD to- d 19, 1, 
C'pip* non pertingit, ergopunQum;D eſt intra 

> plum. Idemque oftendetur de quovis alio 


 FforedzAB.. Tora igitur AB cadit intra 
ci yum. QED. £1317 | Ce et fig 
| | D 3 Coroll, 


EUCLIDIS Elimentorum 
Corey. Hon b 
Hine, re&a circulum tangens, ita uthjon t1 
non ſecet, in unico punQo tangit. | $i: 


fuct 
PROP. [IL, 1F,2 


i* $4 in circulo Eaton 
B _. #64 quedam linea 
” Per *. centrum ex 
quiydam AC mw 


C (ecabit; & i ada 
_ Tos reflos eam ſeget, 
fariam quogue can if | 


bit. 
| "Ex centro E ducantur EA, EC. | 
a byp. 1,Hyp, Quoniam AF 4 —EC,& EA b ÞÞ: 
bis def.1; latuſque F F commune eft, 6 erunt anguli} 
c8, 1, FEFC pares, &d conſequenter reti. QQEM 
d1o,def.1, '2. Hyp.Quoniam ang, EFA ex= EFC, & 
ebyp. & EAFf—ECF, latuſque E F commune, { 
12, ix, AF—=EFC. BiſeQa eſt igitur AC. QE.D.j 


: - | . Coroll. | 
826-1. Hinc, intriangulo quoyis zquilatero bf /; 
”  ſeelelingaabangulo verticis bilecans bafig{ 
pendicularis eſt baſi, & contra perpendidFij 
2þ angulo verticis biſecat baſim, Ts \ 


PROP.IV; 


' Siincirculo AC 
Dyreftelinez AB, C! 
mutuo ſeeent non f 
trum E extenſe, ſt 
2 140 bifariam non ſec 

" Nam ( una 
erum tranfear, pats 


WOE Liber IT. FF. 
on biſecari ab altera, qua ex iyp,per centrum 
Q) trandir. 
Þ $i geutra per centrum tranfir, 'ex E centro 
BucEF, Si ad ambe A B, C D foremt bileQz 
E anguli EFB, E D 4 ambo eflent reg, 8& © 3 


Kroinde zquales, 'b Q.E.A. 9. 4X. 


PROP. V. 
B 


$i dud eiveuti 
BAC,B DC ; ſeſe 
muruo fecem.,, non 
erit 'zhorum idem 
centrum E. 

Alias enim du2 
Ris ex communtT 
centro E re&is 
E B,EDA, effent 
 EDa=EBa=ans:def.1; 
C EA.bQE.A, bg.ax, 


PROP, VI: 


$7 duo circuli BAC» 
BDE, ſeſe mutuo interiue 
tangant (in B) ecorum non 
erm idem centrum F. 

Alias duais ex centro 
F reais FB, E DA, effent 
ED 4 — EB 4 —F A a 15.defi1, 
þQ.F.N. b 9. 4Xe 


On 6: EUCLIDIS - Elementorum 


PROP, VIL. 
$i1in AB diameh 
circul7'quodpiam Je _ 
zur punftlum G, 
circuli cemrum non fil 
ab eoque punifo in ci 
culum quedam rea 
nce GC, GD, GE «- 
dunt z mixima quid - 
erit ea (GA) ing 
centrum F,mimima we 
reliqus GB, alia 
vero ii, qua per « 
wrum dacitur, propinquior GC remotiore GD (al 
per majoreft. Dug autem ſolum rctz linea ON: 
GH gequales db codem pun in circulum cadufſs: 
ad utraſque partes minima OB, vel maxima Oh - 
'223,:1.. Excentro Fduc reQas FC; ED, FE ,& al, 
NOT ang. BFH—BFE, Ke, 
WII .- a 30, I. 1, GF+FC (hoc eſt GA) a= G! Wale 
HR ' QED. F.. 
bis.def.i., 2, Latus FG commune eft, & FC b— BI... 
c9.4x, atqueang. GFC ct GED. Lergo bal. Gain 
dz4.1, CGD. QED, 
 eao.1, - 3. FB(FE) nl. GE. ergo aby 
f5.4x communi FG fremanet BG 5EG. Q.E. p; 
| 4. Latus FG commune eſt, & FE—FH;a 
g conflir, avg. BFHg —BEE. þ erg 0 GE—GH.. UW 
b4.1, veronulla alia GD ex ods G zquetur| 
| _ GE, vel GH, jamjam oltenſum elt. QEV, 


. :T.ibey TIT. 
A PROP;VILE 


Si extra circulum 
ſumatur punitum 
quodpiam A,4b cog; 
pun&o ad circulum 
deducantur quedam 
linegAl,AH,AG, 
AF,quarum una qui- 
dem Al per centrum 
K pron 1atuur, reli- 

IT gue vero ut libct; 
in cavam, peripberi- 
' am cadentium recqa- 
rum lincarum maxi- 
ms quidem eft ills 
Al, que per ccntrum 
n | ducetur aliarum au - 
tem ej que per centrum'sranfir propinguior AH re- 
"Swiore A G ſemper major eft. In convexam vero 
Greripberiam cadentium refarum linearum minims 
Bquidem eſt ile AB, qua inter puntam A, o dia -' 
Wnetrum Bl interponitur; aliarum autem e4,que eff 
mining propinquior AC remotiore AD ſemper mt- 
Wor eſt. Dug autem tantum ret e lines AC, AL 
Yequates ab co pun #0 in ipſum circulum cadunt, ad 
refguc partes minimg AB, vel maxima Al. 
*Excenmro Kduc reQas-KH,KG,KF; KC, 
SEED, KE. & fac ang, AKL=AKC. 
T 1. AL (AK+KH) 2a AHN, Q.E.D. "220,87 
* 2, Latus AKcommuneeſt; &K H—=KG;. * : 
Fatquearg. AKHAKG. bergobal, AHD> bg, 1, 
JAG. Q.E.D. TIF © 7 
Þ 3-KA c QKC-+CA.: aufer binc inde zquales c 20. 10 - 
SKC, KB, decrit AB Q AC. | ds. ax. 
4 AC+CKeSHAD+—+DK. avfer hnce 21, 1, 
inde -zquales CK, DK, fait ACAAD.f 5, x. 
JVYE.D. oy | 


; 

"a 
+ 
> . 


Latus 


 EUCLIDIS Elementorum "— 


| OR os 
it Þ i ; A 
' oy 
F j! x 
| ' . F 
Ou 


PROP. IX, 


Sin circuls B C'K acc 
prum ſuerit punifum alig 
A,QC ab eo punito ad cir 
lam cadant plures, quam aug 
reg lines aquales AB,AC 
AK, accepsum _—_ 
cent?um eff ipfhut circult. 
a7 3« C Nam if nullo pun 

| K extra centrum plures qua 
duz reazlinez zquales ducj poſſunt ad circui 
ferentiam, Ergo A eft centrum. Q.E.D. 


PROP. Xx. 


T7, Tipoteſtinu 

bus puns: 

by K,L. Jun&tel K, KL biſecenturin M & 

2 Coy. 1,3, 4 Ambo circuli centrum habent in fingulis pe 
|  pendicularibus MC, N H, & proinde in early * 

:nterſe&ione O, ergo ſecantes circuli idem cj ,, 

þ5.3. 4mmhabent. bQEN, : 


_ Liber Il.” 


PROP. AL 
A $i duo circuli 
| 3 GADE, FABCG 
B / ſeſe intus comingant, 
D dtque accepts ſuerine 
oF” corum cenira G, FT; 


G ad eerum centra ad- 
* junifta refta lines Þ G, 
T O& produfte, in A con- 
E raftum circulorum (a= 
det. 
C| 


 Sicieri poreſt, reAa F G protradta ſecet cir- 
culas extra contactum A,ficurnon F GA, fed 
EGDB firreQa linea, Ducatur GA, Ec quia _ 
GDe:=GA,& GB b—1 GA, (cum reQaFGB , 1g def.1? 


tranſear per F centrum majoris cicculi) erit GB þ, ,,, ._ 
2 GD.c QEA. C 9.x. 


PROP, XII, 


St duo eirculi ACD, BCE ſeſe exterius contin- 
8am lines refia AB que ad corum centra A,B ad- 
Ju#xsur, per contaftum C tranþbirt. 
| fieriporeſt, fir reRa ADEB ſecans circulos 
jy Extra contactum C in punctis D, E. Duc AC, 
of CB. AD+EB(AC+CB)srAD—+aw,n, | 

"vo EB.bQEA, © | | bg. ax. 
” PROP, | 


WM 6: .. EVCLIDIS: Elementorum 
Wo PROP, x It. 


Circulus \ 
CAF cir- 
culum BAH }} ' 
non tangit in. 
pluribus pun- 
ah, quam 
uno 'A; froe 
intus , foe 
extra ranges. 

1. Tavgar'Y- 
fi” er po- 
reſt, intus'in' 
MAIN | * pundtis A y\ 
ile 11, 3. | | 'H. 4 ergore- 

|| .__- &. a CB'cens 


WWD | tra conneftens, fi. producatur r cadertam in Az! 
iſ : [b t5.def.r. quam in H. Quoniam igitur CH b—CA,& BN” 
MWc 15. a CH. erit BA (cBH) = CA. 4 QEE. A. ; 
WiRId 9 « 2. Sin dicatur exterfus contingere in punQis” 
ible 2, 2 E & F, eduQareQa EF in utroque circulo erir. | 
Circuli igirurſe Muruo "FR JB poni= 
tur, " Lis, \, SF. 


-P R ry P. X ly. od 
\Fn circulo B ABC. 
7 equilles refie lines AC, #* 
B D;-.equaliter-tliftant 2. 
centro E, @# que AC, BDY. 
=o equaliter diftant 2 centro, | k 
G / #quales ſunr imter ſe. © 


"Þ\ E Ya  Bx centro- 'B duc p yk h \ 
\ pendicblares EF, EG: 

J. Zo bl! Sat hana .& QUE diſecabuit: AC, | 
Miki 5 A 2107 Þ a ' DB.connece EA; EB. 1 ; 
i | d 7 fe, -r. 'Hyp: AC=—=BD. ergo AF þ — BG, Vu 


- = 4 


THH 3s b 
SRSPVRTTY: ! 


(EA —=Þ B,: go FRC2= PAGLENM 


S... $ Wo 


4 4j 
. "uf | 


1. A 


IJ 2B9—BGq c=BGq: ergo FE=EG.QE.D. c 47. 1,07 | 
F  2.Hyp.EF—BGergo AFq c=EAq—EFq= 3: ax. * 
EBq—EGqc— GBq. ergo AF d— GB. d Schil, 


P oath 
: 


Is | cproinde AC=BD. Q.E.D. 4 oh, K 
a PROP. XV. ., CO 
f | In circulo GABC 


maxima quidem linea 

eft diameter AD, ali- 

arum autem centra G 

propinquior FE remo- _ 

tiore BC ſemper ma- fy 

jor eſt. | 
i, Duc GB, GC. ; 

Diameter 'AD (4a ts.def.r. 

GB +GC) b BU. b 20, 1, 

| QE.D. | 

ED Lt . 2, Sit diſtantia 

A. GI. GH. accipe GN — GH. per N duc KL 

Fo .perpend. GL. junge GK, GL. & quia GK=GB, 

4F &GL —=GC; elique ang, KGL o=BGC, c erir « ha: 0:7 

KL (FE) © BC, QE.D. Is | 

| <iGDQE:.4y L 

cf A De 6D 


«b' extremi. 


Chin. pens oe diame= 
tri HA cujuſ- 


am, O& feri- 
. pheriam com - 
prehen . 


of que Circult 
C,r BALH ad 
2. angules reAos 
DF. ducitur_, ex - 
ro, gre ipſum cir- 
> "I culum cadet , 
TN . & mm ocum 
32 inter ipſam 
C1 rectam line- 
J' 


A » # a. F WW ps 


MIT a INS Om_—_ CAE; 
micerculi quidem angulus BAI quoui angulo acutifgoccur 
reftilines BA L major eſt ; er: pu autem D Alſſcircul 
-” minor. \Fcircul 
| I. ExcenmtroBad quodvis punQum F inre- Na 
Ga AC ducretamBE. Latus BF ſubtenden 
angulum reAum BAF & majus eſt Jatere B A 
qued opponirur acuto BFA.crgo cum BA (BG) 
pertingat ad circumferentiam, BF ulterius por. 
rigerur, adeoque punum F z & eadem ration 
quodvisaliud re&z A C, extra cicculum fitunſ}. 
erit. Q.E.D. | 
2. Duc BE perpendic. AL. Latus BA oppoli 
tum. reQoangulo BE A b majus elt latere B 
quot acutum BAE ſubtendit: ergo puntum IN 
adeoque tota EA cadit intra cixculum, Q,E.D 
3. Hinc fequitur angulum quemvis acutum 
nempe E AD angulo contattus D A I majorenfj 
efſe. Idem angulum quemvis acuruns B A L au 
gulo ſemicirculi BAL minorem ele, QEY 
Coroll, * "ol 
Hinc, re&2 i diametricirculi extremitate 
angulos re&os duQa ipfum circulum tangit. 
Ex hac propoſitione paradoxa conſequuntury 
mirabilia bene muha,que vide apud interprets 


PROP, XVII. 


___ F A dato punfo A rela} 


| lineam A C ducere, ql 
ALD EN datum | Bom DI 


NW ranges. 1 
dati citct 


B 
' 3 


TY 
b: per A alium > 


AF: &ex Bduc perpendicularem ad AD, 
PR circulo # Ein E.duc E D IG 
circuloBC-in C. ex A ad C duRtareRatangert 
circulum DB C. | 
S Nam DB a= DC, & DE a — DA, &ang, 4 r5.def.1, 
ID communis eſt : bergo avg, A CD — EBD, b4.1. 
ſre&. & ergo AC tangir circutum C, Q.EF, cCor.16.3, 
Eg. PROP... AVI - 
C $i circulum FEDC 
tangat refs quaepiam lis 
nes AB, & centro autem 
ad contatum E adjunga- 
| tur reffa quadam lines 
F FE; que adjunfs ſuerit 
FE 4d ipſam contingentens 
A Byperpendiculars crit. 
| 7 9. 4 Si negas, fir ex F cen- 
FF EF GB * alia quzdam FGper- 
| pendicularis ad contin- 
Fentem, a fecabi ca circulum in D, Quum igi- a 2, def. 22 
ur ang, FGE re&us dicatur berit ang. FEG acu- @& 16, 3. 
Jus. (ergo FE (FD) FG. dQE,A, _ bCor.17.+, 


PROP, XIX. | ph pa 
4 A C BB Fi circutumietige- oy 
fl rit rea queptam U- 

nea AB, &4 contadu 

autem C refa lines 

CE ad angutos reftos 

ipfs rangenti excite- 

' tur, inexcitata' CE 

erit centrum Circult. 

| Si negas, fit cen- 
ill... E trum nk CEinF, 
3" F ad concatum ducatur FC. Igitur ang. 
<-> * reus eſt ; & 2 proinde par angulo ECB ,, , g "Rs 
FeQo per hypoth, b Q, E, A, +4 


A1l. 4x 
, 


| 
| b 9. 4x. | 
y - P R 0 P. ; 


X'32.1, 


|} iy 


C 2. 4x. 


d 20, ax, 


a 20. 3, 


'bis.7r. 
c per 1,ceſ, ACB,remanent DACZDBC, QE. D.. 


[5 


2 DA3. Similiter ang. EDC— 2 DAC. 


Tn circulo DABC, angulu BDC, 4d centy 
ex eft anguli BAC ad peripheriam, cum: 
em peripberia B C baſss angulorum. | \ 
Duc diametrum ADE. .-/ | 
Exterovs anguius BDg DAB BBA 


in primo caſu c torus BDC —2BACyſed i int 
tiocaſu 4d reliquus angu;us BD C= oy 


QE.D. —_— 


" In circuloE DAC qui in- evidein ſcemente| 
anguli, DAC & DBC ſunt inter iſe aquales. 
1, Caf. Si legmentum DABC lemjeſrcult 
majus,ex centro E,duc ED, EC, Eritque 24 
Aa—Ea—2B, QE.D. 4 
2. Caf. Sin ſegmemum femicirculo majus! 
fuerijr, ſumma 8rgulorum trianguli ADF# 
wr ſummz angulorum i in triangulo BC E,1 
manur hinc- inde AFD b — BFC, & AL Z 


ay | 


L 83 Y 
* 


PROP. XXII, 


B Quadrilaterorum 
ABCD incirculo 
deſcriptorum angult# 
AD CLAPC, qui + 5 
adverſo, duobus re- 
ay ſunt equales. 
Duc AC,'BD. 
C Ang. AB C:-- 
BCA +BAC 4az2, 1) 


== 2 ReR, Sed 
| D BDAb—=BCA, b21.12 
all & BDC b—BAC; 0 
: Sergo ABC+ADC— 2 ReR, QUE.D. CI, ax): #8 


© Si by 
1. Hinc, fi * AB unum latus quadrilateri avide (c 1 Y 
Þ circulo deſcripti producatur, erit angulus ,;, "3 . 
> /Wternus E BC zqualis avgulo interno ADC, a F 
Avi opponitur ei ABC, qui ett deinceps externo "= 
(WBC ut patert ex13,1,&3. ax, 4 
2. Item circa Rhombum circulus deſcribi ne3 f 
Fuit 3. quia adverfi cjus anguli vel cedunt duobus 3 
/&8Ris, vel eos excedunt. 


E Fi in quadrilatero 
” ABcCDanguliA@GC 
qui ex adverſe duobua 
relth aquantur, oircd 
quadrilaterum circulus 
deſcribj pateſf. 
Nam circulus per 
0 quoſlibet tres angulos 
_: B, C, D tranfibit (ue 
teditex's. 4.) dico eundem per A tranfir-, 
Fen ineges, cranſeat per F, ergo duttis res 
(| | rs BF, 


—_ ad = ” _ oe j - «a MN : adit} ere oy we LAY 1. 
&, AS {/ 18,34 ® 


BF, ED, BD , ang.C-+F a—2 Re&, b— C3; 
c quare A=F.dQE.A. 
_ PROP. XXIIL 


Super eadem ni 
linea A G duo cir 
. rum ſcamenta ABG 
cADC femilia & i 
A qualia non conftitu 
| tur ad eaſdem partery F, 
Nam fi dicantur fimilia, duc CB ſecantycyrr 
| circumferentias in D, & B, &junge- A D, jj. 
210 def.z, AB.Quia ſegmenta ponuntur fimilia,s erit a Nat 
bi6.1i, ADC—ABC.bQEA. fiſtit 
PROP. XXIV. 


Super at 
libus rei 
by nc AC, | 


familia cny 

lorum (eg! 
4 ls A 

ſunt inter | 
qualia. PI 
Baſis 4 leq 
ſuperpoſita bali DE ei congruet,quia AG—=ItraC 
_ ergo ſegmentum ABC congruet ſegmento NO | 
(alias enim ayt intra cadet, aut extra, 4atFG 
ita ſegmenta non erunt fimilia, contra Hyp,Frgo 
ſaltem partim intra, partim extra, adeoquelſ — 
ſum in tribus punRis ſecabit. b Q, B. A.) 6Mſpro 
inde ſegmentum ABC=DEF. Q.E D. Went: 
| 


+. 
- 
. 
F 
: 
, 
« 
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PROP, XXV. 

BP Circuli ſegmento 

ABC dato, deſcribere 

| circulum, cujus eſt ſeg- 

D mentum. 

Ly Subtendantur ut- 

ÞF = cunque duz retz AB, 

| BC, quas biſeca in D, 
FE. Ex D, & Educ perpendiculares DF, EF 
&currenres in punto F, Hoc erit centrum cir- 
Wii. 
il Nam centrum 4 tam in DF,.quamin EF a Cor,1.3, | 
fiſtit. ergo In communi punto F,Q.E,F, | 
PROP,.AAVL. 


| 
4 equalibus circull4 GABC, HDEF aquales an- 
Mi equalibus peripheris AC, DF infiftunt, fue ad 
—IWÞtr4G, H, fue 2d peripher. B,E conſtitutiinſsſtant. 
» DOb circulorum zqualitatem, eſt Ga—HD, 
aYGC—HF, irem per hyp. ang, G=H. aq, x, 
/p.Srgo AC=— DF Sed &ang, Bb=3 G=c; ho, 3; 
que —E. d ergo ſegmenta ABC, DEF hmilia, cbyp. 
6 ſe proinde paria ſunt, f ergo etiam rejiqua ſe- g 10.def.z? 
enta AC, DF zquantur, QED. e 24.3. 
Scholium. f 3. 4X. 
In circulo ABCD, fit ar- | 
E cus AB pararcui DC; erit 
| AD poarall. BC. Nam ducta 
| \ AC, erit avg, ACB—CAD. a 26, 3, 
R OS "FC quare per 27.1, 
"if | E > PROP, 


6 _ EUCLIDIS Elemetorum | 
PROP, XAVII. 


In qui, 
bus circul 
G ABQ 
HDEF, al 
guli qui ' 
\ qualiou. 4 
F ripherikh 
DF inþfull 7 
ſunt inter ſe equates, five ad centra G, H , fu 1 
peripherias B, E conflituti infoft ant. - \( 
Nam fi ficri poteſt, fit alter eorum ack \[ 
DHE. _E AGI=—=DAHEF. ergoarcuſy, 


SCHOTL. "= 


Linea veAul 
F que dufta fi; 
medio punto 
pherie alig 
BC,circulumi 
git, parallel 
refte linea | 
ue fperiphet 
þ 199 ſubtendi 
5 Due e.c> 
D ad contal | 
Aretam DA, & connete DB, DC. 7 
Latus DG commune elt, & DB—DC,4 
a 27. 3} ang. BDA « — CDA (ob arcus BA, &\ 
b "yy. qunlen) c ergo anguli ad baſim DG B, DX 
£4 1. aales, & d proinde recti ſunt, Sed i inter 
dio.def, re uli GAE, GAP e etiam reQi ſunt, f ergol 
e byp. EF ſunt parallel QE.D, Fx / 


«I _ 
—  — —  — 


7, as 


——  — ——_— —- 
nd OG CO VEGA IRC IS 2. 2 ERIE et A IS 
= ————_— - 


f28,1. 


" Liber ITT. 
PROP. XXVIIL 


In equd!ibus 
circuly GABC, 
HDEF, equales 


Ed... refs lines AC, 
C D\_K / F DF equales peri 


. pherizs auferunt; 
ujorem quidem ABC majori DEF, minorem au- 
Sem AIC minori DKE. 
a E centris G, H, duc GA, GC; & HD, HE, 
WMuoniam GA—HD, & GC= HE, arque | 
\Ce=DF; þerit ang. G=H. c ergo Arcus a þyg, 
60þ \IC—DKE. d proinde reliquus ABC=DEF.pg x, 
cu ED, EPL 
Quod fiſubtenſa AC fit vel a DF, erix T 3. dx, 
imili modo arcus AC tvel-a DF. 


PROP. XXIXA, 

In aqualibus 
circuls GABC,; 
HDEF, aquales 
peripherias ABC, 

Þ DEF aquales re- 
fe lince AC, 
DF ſubtenduns. 
DucGA, GC; & HD, HF. Quia GA— 
"1D; &GC—HE; & (ob arcus AC, DE 
| pares)eriam ang. Gb—H;c erit baſ, AC=DE. a byp. 
QE.D. b 27, 3. 
| Hzc & tres proxime precedentes I. c4.1: 
retiam de codem circulo, 


PROP. XXX. 
Datam peripberiam AB C 
biferiam ſecare, © 
Duc AC; quam biſeca in 
D. wp duc perpendiculae 
4 _—_ rem occurrentem arcul 
| s hal D CinB. Dico fattum, 


+ Wh CL... ; #1 *hs L., | TOY f 


Jungantur enim AB, C B. Latus DB eo | 
a conſt, munceſt;, &AD 4a—DC; &arvg. ADBjY} 
b12.4x. CDB.cergo A B=BC,dquarearcus A BY 
;* rho BC, QE.F. | | 
230, Zo 
rſs # PROP. XXXI, 
/E_F 


In circulo angul 
ABC, qui in ſemidi 
culo,reftus eſt; qui ul 
tem in majore ſq 


A © mento BAG, min | 
reds ; qui vero mm — 
nore (egmento BF( - 
major eſt reto. Ethi * 
ſuper angulus miji AB 
ſegmenti reflo quidem major eft,minorjs autem ſt ; 


' menti angulus, minor ct refo. 

Ex centro D duc DB. Quia DB=DA, «lf Þ« 

a 5. I, ang. Aa4— DBA. pariter ang. DCB 4a —DI( | 

b 2.4x. bergoang. ABC —A+ACBc—=EBC h= 

c32,1. dproinde ABC, & E BC re&iſunt. Q, E.MY D. 
d 19.def.1.eergo BA C:acutus eſt, Q, E. D. ergo cu 
eCor.l7.l, BAC+BEFCf—2ReR.eritB FC obtuſy 

f22,3. denique angulus ſub reta CB, &arcu BAY 

major eſt reto A B C. factus vero ſub CB, 

BF C peripheria minoris ſegmenti, re&to ER E 


g9.4x, g minoreit, QE.D, | | A 
P SCHOLTAMM. 
In triangulo reflangulo ABC, fi bypotenil 


AC biſecetur in D, circulua centro D, per Ale 
ſcriptus tranſubit per B, ut facile ipſe demonſint 


bis ex bac, &21,1, - 


# 

F 

Y 

' 

L ; 
I 


W 
*1... 


X 04 - ol Mas” 9-2 EY nd 
_ oh a C = Go e RL» 5 > - £ S.3, b/ 'Y _ 
_ PO "30s O F OLE ET M7 -< # e, » Tr 
” 4 © £ W. \ : 
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F4 
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| 
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PROP. XXXIL. 


D $7 circulum tetigerit 
E aliquarefalinea AB, 2 
contattu autem produca- 
tur quadam refta linea 


IN CE circulum (ecans : an- 
" guli ECB,ECA,quos ad 
"I contingentem facit, aqua- 
k les ſunt th, quiin alternis 


F_ —E— ; circuli [cements confie 
GO POSE = ANN © Palagls, oro y on 8 

Sit CD latus anguli EDC perpendiculare ad 
'Þ AB (aperinde enim eſt) b ergo C D eſt dia- 225. 3. 
Þ meter. cergoavg, CED in ſemicirculo reQus bg. 3. 
FT c{t.d ergo ang. D + DCE — ReR. e =ECB—+ © 31+-3- 

DCE. fergo avg. D=ECB. Q.E.D. © d 32. 4 

) | Cum igitur avg, ECB+ ECA g — 2ReR&. © Conſtr. 
z ( þ—=D—+F; avfer hinc inde zquales ECB, & {3.4X. | / 
2 8 D, & remanent ECA==F, Q.E.D, g 13,1, | 


PR OP. XXXLII. k 3, 4x8 


| Super data 
. refta linea AB 
deſcribere cir. 
cult ſegmentuvt 
 ALEB,quod c4- 
plat angulum 
 AIB aqualem 
— dato angulo re- 
ailineo C, 
4 Fac ang, BAD=C. per Aduc AE perpen- a 23, 1: 
dicularem ad HD. ad alterum terminum datz 
AB fac ang, ABF — BAF. cujus alterum latus 
\Þ ſecer AEinF.centro F per Adeſcribe circulum, 
< 499d tranfibir per B (quia ang, FBA b—FAB, b ConſFr, 
1 * ideoque FB=FA;} ſ:zgmentum ALB eſt id c 6. 1. 
ON quod quzritur, 
a ; E 4 Nam 


Nam quia HD diametro AE perpendiculi 


deor.16,3; eſt,d rangit HD circulum, quem ſecat AB, nl (e 
e33.3. ang, AIBBg=BADf=—=OC, Q.E.F. '' # 
f Confir. | 
PROP, XXXIV, ri 
A dato circli li 
ABC ſegmeniny / 
ABC abſcimninf + 
captens angulum'# ( 
aqualem dato i 
gulo refilineo Dl « 
4 Duc reQ ( 
| {ON IT EF, que (ang 
' baz. x, datum cjrcuſum inA.h ducatur item AC facie | 


ang. FAC—D. Hzcauferet ſegmenium AR 
C33, 3; capiens avgulum B c=CAF d=D, QE.F, 
dConftr. 
| PROP, XXXV, 


" Stincirculo FBCA duerefis lines AB, Db 
feſe mutuo ſecuerint, reflangulum comprehen(i 


WOO Ziber IIT. - 
ua ſub ſegments AE, EB unizs, equale eff ej quod ſub 
ell ſegments CE, ED alterius'comprebenditur, re- 
| Aangulo. | 

Caf. 1. Sireazleſe in centro ſecent,tes cla- 
ra elt, ; 

2, Siuna AB tranſear per centrum FE, &re- 
liquam CD biſecet, duc FD. Eſtque ReQang, 
AEB + FEq a —FBq b — FDqc =EDq— as. 2. 
FEqd — CED -+FEq. eergo ReQang, AEB—= bſcb.q8.1, 
CED. Q.E. D. : c 47» 94 

3. Si una AB di: meter fit, alteramque CD d hyp. 
ſecet inzqualiter, biſeca CD per FG perpeudi- © 3. 4x. 
cularem ex centro. LE 
>ReQang, AEB+FEq, 


| In. f FBq (FDq) | f5.2. 
TO g FGq+GDq. | 647... 
£ FGq+h GEq+ReQang, CED, h 5. 2. 
(_ k FEq+CED. kq7.t, 
L Ergo ReQang, AEB—CED. l 3. 4X. 


4 Si-neutra retarum AB, CD percentrum 
| tranſear, per interſeRionis puntum E duc dia- 
metrum GH. Per modo demconftrata ReQang, 
AEBz=GEH=—CED. Q.E.D. 
Facilius fic, & uni- 
verſaliterz conneQe 
AC & BD, arque ob Ro 
anguloss TEA, DEB, 31S. I, 
b iploſque C,B(lupzr b 21, 3- 
eodem arcu AD) pa- 
res; trigona CEA, : 
3E D, c zquiangula C 60r.32.1, 
I ſunt.d ergo CE. EA:: d Ag 
, | 'C prot Cc 10,6, 
«ED—EAxEB, Sa ED.e proinde CE 
 Quzexs6. lib, citantur,ram hie quam in ſeq. 
a hac minime pendent;quare iis uti licuit, | 


*» 
, 
hd 
. 
T* 
4. 


PROP, 


CL + ct Rt "RE ton PI 3 Tales 'z 44 2 


P.R OP. XAXVI, 


Siextra circulum E B C ſumatur punum dli- 
quod D, ab eoque prnfto in circulum cadant dug 
reflz lines DA,DB; quarum altera DA circulum 
ſecet,altera vero DB tanget; Quod ſub rota ſecante 
DA,. &Fexterius inter punitum D, & convexan 
peripheriam aſſumpta DC comprehenditur refan- 
gulum, aquale erit ei, quod a tangente DB deſcrl- 
bitur, quadra:o. 

I. Caf, Si ſecans AD tranſeat per centrum E, Þ 


Junge EB; afacier hxccum DB re@um angu- 


lum 3 quare DBq+£EBq (E Cq) b—EDqF 
c=ADxDC+ECq qgdergoaADxDC= 
DBq. QE.D. 
2, (af. Sin A D per centrum non tranſeat,, F 
duc EC,EB,ED ; atque EF perpend, AD\quare F 
4 bileta eit ACinF, , 
Quoniam igitur B Dq+ EBqb— DEqb=} 
EFq+FDqc=EFq+ADC+FCqd=F 
ADC—+CEq(EBq;)eerit B Dq — ADC. | 
QE.D. | - 


Facilius 


ad ee 


Ly 


"0 


7 
{es 
wk 

£ by” 


— 


Facilius ac univerſali- 
us fic ; 

Duc AB,&BC.ac ob 
angulos A, DBC 4pa- 4 3%. 3» 
res, & D communem, 
triangula BDC, ADB. 
b xquiangula ſunt, cer- b 32. 1. 
go AD, DB::DB. CD. £ 4.6. 
dquare ADxDC—d 17.6. 
' DBq. QE.D. 


+ 
i 
—_ 
i 
47 
”—_— 
ar 


Coroll, 


I. Hinc, fi a punQo quo- 
vis A extra circulum afſum- 
pto, plurimz linez retz AB, 
AC circulum ſecantes ducan- 
tur, rectangula comprehenſa 
ſub totis lineis AB, A C, & 
partibus externis AF, AFin- 
. terſe ſunt zqualia, Nam fi 
, ducatur tangensA D;erit CAF 
—ADq 4 —BAE, a 3632 


2, Conſtat etiam duas re- 
Qs AB,ACab eodem punto 
A duQas, quz circulum tan- 
gant, inter ſe zquales eſſe, 

Name#fi ducatur AE ſe- | 
cans circulum ; erit ABq a= a 36. 3, 5 
EAF=ACq. {7 


"EUCLIDIS Elementoran 


/ = Perſpicuum' quoque eſt ab eodem punto 

' Aextracirculum aſſumpto, duci tantum poſſe 
duaslineas, AB, AC quz circulum rangant. || 

Il | Nam fi tertja AD tangere dicatur, erit AD | 

= C2. C=ABc—AC. 4dQ.F.N. 


IS A a, D 
f . 


d8,3. * 4&4. E contri conſtat, fi duz reaz zquales | l, 
' + AB, AC ex pun&o quopiam A in convexam: | 
| / Jum tangat; alteram quoque circulum tangere. 
+ Namfi fieri poteſt, non AC, ſedaltera AD 


. Peripheriam incidant, & earum una AB circus | 
| e2.cor, | circulum tangat, ergo ADe=AC f—=AB, - 


g 8g Q E, A. - 

{ PR OP, XXXVII. 

: | St extra circulum EBF 

: ſumatur punftum D , ab | 
eoque in circulum cadant 


dug reftelines DA, DB; 
quarim alters DA Circu- 
lum ſecct, alters D B in 

cum incidat ; fit autem 

quod ſub tota ſecante DA, 

CO exterius inter puntum, | 

& convexam peripberiam 
aſſumpta DX, comprehen- | 
ditur rectangulum, aquale ei, quod ab incidente | 

D B deſcribitur quadrato, incidens ipſa D B cir= | 

| culum tanzet. | 

| 217. 3» Ex D 4ducatur tangens DF; atque ex FE cen- 

| bÞ byp. rtroducED, EB, EF, Quia DBqh— ADC 

| £35-3., c—=DFqderiti DB—DE. Sed EB—EF, 

| dt. ax. @ &latus ED communeeſt; eergoang. E BD 

I! ſch. 48. 1. >BFD. Sed EFÞD reQuseſt, fergoEBD 

We 3,57. etiamreftus eſt, g ergo DB rangjt circulud, 

MM f12.4x Q.E,D, FP 3 | Y 

| g c0r.16.3. 


nt | _ Coroll, 
WW b$.1. Hinc,h ang, EDB—=EDE. 
{ll OR L | B. 


IR 


as 6 
L1B. IV. 


Definitiones. 


@=22 [purarecilinea in figura reQili- 


& 1 nea inſcfibi dicitur, cum finguli 
| : ejus figurz, quz inſcribitur, an- 
5 guli fingula latera ejus in qua 
) inſcribitur, rangunr, 
L Sic triangulum DEF cf} inſcrt- 
: ptum in triangulo ABC. 
E IL. Similiter & figura circa fi - 
D guram deſcribi dicitur, cum fin- 
; B Coula ejus, quz circumſcribitur, 
, latera fingulos ejus figure angu- 
t los tetigerint,Circa quam illa deſcribitur. 
. Ita triangulum ABC eff deſcriptum circa tri- 
: angulum DEF. 
| 
: A. 
| 
' 


» WW SW 


nM 


III. Figura reQilinea in circulo inſcribi dict- 
{ tur, cum fioguli ejus bgure, quz infcribirur , 
anguli retigerint circuli pe Ipheriam, 

[ V. Figura vero reRilinea circa circulum 
deſcribi dicitur,cum ſingula Jatera ejus, quz cir= 
| cumſcribiiur, circuli peripheriam rangunr, 

'V. Similiter & ctrcujus in figura reQilinea 
inſcribi dicitur, cum circu}i peripheria ſfingula 
latera tangit ejus figurz, cui inſcribitur. 

V I. Circulus avtem circa figuram deſcribi 
| di. 


aicitur, cum circuli peripheria fingulos tangit 


ejus figurz, quam circumſcribit, angulos. gh 
ER DI 
VII. Redaa linea in cir. 
culo accommodari, ſeu coai 
ptari dicitur,cum ejus extrema | 
in circulj peripheria tuerint ; ut 


A. B reQa linea AB. 


PROP, I. Proli, i. 


In dato circulo 
ABC reftam 11 | 
neam AB accom. | 4 
modare aqualem 
date refig linea 1 
D, que circul;di- q 
&metro A C n08 'T 


. poſt, fit major. 
$5097 Centro A, ſpatio AED 4 deſcribe circulum # 


LD 3-7. dato circulo occurrentem in B. Erit duca AB | x 
b 15.def.r, 3—AEe=D.Q EE S a 
TTY NT ” 

cn 
->PROPIL -Probl. 2) tt Þ 
| 2 
In dato | k 
D-* & A H circulo ABC | © 
N_- trlangulum | + 
3 ABC deſcri- | 
SF C bere dato tri. | 
oY angulo DEF 
| ip equiangulum 
E B Re&taGH 


| circulum da- 

7.3- tumatavgatin. A. bFacang. HAC=E,; b& 
I, . ang. GAB—ÞF, & junge BC, Dico fatum, 

| _._ Namy 


$--<- ous —_—y 


'% 


ads 


44% ny . vo 4 "4 x 4 
»d SIE SY - 3 K 
_ S %. . q w ww, 
: S . »- 
Cay SAIF 0 
bd 


Namang. Be =HACd—E); &an 
c— GAB d —F;e quare etiam ang. BAC—D. d conſtr. 
| ergotriang, BA C circulo inſcriptum triangulo e 32. 1. 

DEF zquiangulum eſt, Q,E.F, 


PROP. III, Probl, 3. 


Circa datum circulum LABC triangulum LNM 
de(cribere, dato triangulo DEF aquiangulum. : 
Produc laius E F utrinque, @ Fac ad centrum 3 23: 1- 
Iang, AIB—DEG, &ang, BI C—=DFH, | 
deinde in punQtis 'A, B, Ccirculum b tangant bI7.3. 
tres reaz LN, LM, MN, Dico faQum.. 
Nam quod coibunt reaz LN, LM, MN, 


$ atque ita triangulum conſtituent, patet ; c quia © 
S anguli LAI, LBI 4d reQiſunt, adecque duca 
8 AB angulos faciet LAB, LBA duobus reQis mi. 


nores. Quoniam 


igiturarg. ATB+Le=—=2 o 


o, Cc32. % 


= 


I3, 4X; 


d1I8, 3, 


Schol, 


Rea, f—=DEG—+DEF;& AIB g —DEG,þ erit 3% L- 


; ang. L—DEEF.Simili arpumento ang, M=DFE. 


k ergo etiam avg, 


? circulo circumſcii 


gulum, QE,F, 


f13.T., 


N —D. ergo triarg. LN M g conſtr. 


prum dato EDFet £quian- l 


3. 4X, 


tis ey þ FR % <4 T . T' IT a Bs es a a 
a __ 4 - ” q b wht ;D ST SG as "7" *4=OM 
_— % +, Y . [ " ""Y JA 
0 | "A 


PROP, IV. Probl. 4. 


| Im dato tyin: 

A gxlo ABC cir 
culum EFG inf 
- ſcribere. | 


Duos angulaj 
rs E/_DÞ B, & C abiſec 


reQis oo, Ch 
coeuntibus in D, 
—C Ex D Fed | 
| 4 pendicularesDF, 
DF, DG. circulus centro D per E deſcripty 
rranfibir per G, & F, tangetque tria latera tii-F 
| avgull. 4 
c confly; Nam ang. DBE c— DBE; & ang. DEB d=| 
d 13.4x. DEB; & latus DB commune elk: : eergo DE=f 
ez6,1, DE.Simik argumento DG—DF. Circulus i io | 
| tur centro D deſcriptus tranfit per E, F, G ; &þ F 
cum arguli ad E, F, G fint reRti, rangit omni} 4 
erianguli latera, Q. E.F. 


Scholium. 


" /Pete. He- Hinc, copnity lateribus trianguli, inveniemut| ſe 
i / viz. eorum ſegments, que fiunt a contaTibus circulit th? $ 
=. ſcripti. Sic, 

\\F4 Sit A B12, AC 18, BC 16, Erle A BAf 0 
| B C—28, ex quo fubduc 189—AC—AE+FC,® : 

| remaner 10 —BE + BF, ergo BE, vel BF=s.| 
= proinde FC, vel CG =1I1, quare GA, ve; 
| AE=7. | 


; ber IT. 


PROP. V. Probl. 5; 


Circa datum triangulum ABC circulum FABC 


| deſcribere. 


Latera quzvisduoB A, AC 4 biſeca perpen- 410,811; 


| dicularibus DF, EF concurrentibus in F, Hoc 1. 
| erit centrum circuli, | 


Nam ducantur re&z FA,F8B, FC. Quoniam 


{ ADb—DB ; &latus DF commune elt ; & ang, b conflr. m” 
* FDA c— FDB, d erit FB — FA. eodem modo c conſtr. . 
FC— FA. ergo circulus centro F per dati tri- 12. 4x, 
* ayguli angulos B, A, C tranſibir. QUE.F. d 4.1. 


TR : , 
*Hinc, & triangulum fuerit acutangulum , * 31. 3, : 


centrum cadet intra triangulum;fi re&angulum, 
! in latus reQo angulo oppoſitum ; fi denique ob. 
; tulargulum, extra triangulum, 


$chol. 
Eadem methodo deſcribetur circulus, qui 
tranſeat per data tria punRa, non in una reQa 
lnea exiltentia, 


7 PROP: / , 


EUCLIDIS Elemmentorum 
PROP. LV. Probl. 6.. 


; In dato circuloEABCD | 
A = _ quadratum  APCD in« | 
| \ [criberc. 1A 
211.1, 'E 4 Duc diametros AC, þ$ 
— | BD ſe ,mutuo ſecante i 
ad angulos reos in cen; |} 
tro E, junge haram ter- | 
minos reCtis AB, BC,| 
B< C CD, DA. Dico fa&tum, | 
Nam quia 4 anguliadſÞ 
b 26.3: FE re&iſunt, barcus, &c ſubtenſe A B, BC, | 
c 29,3. CD, DA paresſunt. ergo ABCD xquilaterun | = 
eſt ; ; ejuſque omnes anguli in ſemicirculis,adeo. # 
| d3t.3. qued re&ilunt, eergo ABCD eſt qudrninn] 
e 29.def.1, dato circulo inſcriptum. CQLE.F. 


PROP, VII, Probl. 5. 


ow” 


Þ " Wc Circa datum circi- 

| lum EABCD quadra, 

tum FHIG deſcriberc. | 

| > Duc diametros AC, F 
| B - D BDſe mutuo ſecants | ſy 
=. | perpendiculariter, pat# m 
Br 17.3. narum extrema 4 duc | I 
h 0: id T tangentes concurren- # A 
. F wn tesinF, H,I,G, Dico | bp 
b 18; 3. factum. Nam ob angulos ad A, & C b reds, t H 
38 x.  £erir FG parall, HL. codem modo EH varall, , ol 


Gl. ergo FH1IG eſt parallelogrammum; & | 
quidem reAangulum, ſed & zquilaterum, quia | 
d 34.1 EGd— HId —=BDe— CAd—FHd=GL | 
e15. Jef ©, quare FHIG elt fquadratum, dato circulo cir- f 
f 29. def. 1, © micriptum, QUE,F, 


#575 IT. | 


D! SCHOT. 

Ne A > B | Quadratum ABCD circulo 

o | FR circumſcriptum, duplum eſt qua= 

'F FN drati EFGH circulo inſcripri. 

tes 7 H Lo "FP 

| \ Z Nam retang. HB — 2 HEF, 

vl CC ED & HD — 2 HGF., per 41. 1. 

" PROP. VIII, Probt, 8, 

ol - 

co | In dato quadrato 

= A i DABCD Ccircuum 

” as | _ IEFGH jnſcribere. 
Latera quadrati bi= 

F ſecain punQis H, E, F, 


GG; junge HE, EG ſeſe 
ſecantes in I. circulus 
centro I per H deſcri- 


C Ptus quadrato infcrib2- 


"lu 
7. 
-, 
? o of 
” A 
We, 
*34 
4 
. ; 
LI , 
F I 
'E B 
4 
. y 


[> tur, | 
; Nam quia A H, BF & paresac b parallelz 37: 4X. 
5} ſunt, cerit AB parall. HF parall. DC. eodem Þ 28. 1: 
Xt # modo AD parall. E G parall. BC. ergo A, © 33+ Ie 
uc® ID, IB, I C ſunt parallelogramma. Ergo 
1 | AHd—=AEe—HI=EI—IF—IG, Circulus 97 4X- 
co ipitur centro I per H deſcriptus tranſibic per © 34» Le 
s, | H, E,F, G, tangetque quadrati latera,cum an=- 
Il. Z guliad H,E, F, G fint re&i, Q,E.F, | 


EUCLIDIS Elementorum 


P-R Q-P. IF, Probl; 9; 


Circa datnmy © 
quadratum BCD : 
circulum EABCH | 
deſcribere. | 

Duc diametros © 
AC, BD ſecantet 
in E, centro E per | 
A deſcribe circu. 
Jum, Is dato quae 
drato circumſcri. 
a ptus eſt. | 

Nam anguli 

a 4.C01.32. ABD, & BAC alcmireRi ſunt : ; bergo EA= : 
I, EB, codex modo EA=—ED=EC. Circulus 7 
b6.1, igiturcentro E deſcriptus pes A, B, GC, D dati # 
quagrati angulos tranfir, Q,E,F, 1 


PROP. Xx. Probl. 10. 


Tſoſceles tri- |: 
 -anguluim ABD! 
conſtituere, quol | 
habeat utrumque © 
corum que 4d bl- | , 
fim ſunt angulo- | 
rum B @& ADB; 
duplum reliquiA. © 
Accipe quam-'|þ 
vis rectam AB, ) 
quam 4 ſeca in | 
C, ita ur ABxþ 
B D BC =: ACdgf 
Centro A per Bdeſcribe ci: culum ABD : in hocÞ . 
b accomm: d1 BD— AC, & junge AL - Exit tri». 
_ ang. ABD quod quacitur, 
Nam dic DC ; ; & per CDA cdetciibe circu- | 
lum, 


4 
i 4 FP 
z i. 
#. os 
AY] A 


Liber IV, 8 
1 Jum, Quoniam ABXBC=ACq. dliquet BD d 37. 3 
n {| rangere circulum ACD, quem ſecat CD, e er- e32, 3, 

{ goang.BDC—A, ergo ang. BDC+CDA f=— f 2, ax. 


hy ; A + CDA— g BCD, ſed BDC+CDA=g 32, 1. 
+ BDAþh —CBD.kergoang. BCD— CBD. hs. 1, 

4 | ergo DC 1=DB m—AC.n quare ang.CDA= k 1, ax; 

4 A=BDC. ergo ADB.= 23 A=ABD. 16:1. 

8 EF. | m conſtr, 

_ A . H&c conftrvQio Analytice inda- ® 5. Le 


gatur fic z FaQtum fit; & angulum 

BDA biſecet rea DC, 4 ergo DA, a 3.6, 
DB:: CA, CB. item ob ang. CDA 
 b=3 ADB c=A,deſt CA —DC. b conſtr, 
B © Dacobang. DC3Be = + CDA= chyp, 

4 2 Ae=B, derit DB=DC, fergo d 6.1) 
ji; "DB—=CA.proinde DA. (eBA.)CA:: CA, e3z,1, 
3 CB. gunde BAxCB=CAq. f I. 4x. 
GR, g 17. 6, 


C 


Coroll. 


Cum omnes anguli A,B, D h conficiaut + h32,1) 
2RcR, (2 ReQ.) liquet Aeſſe+ 2 Rec, nb 


PROP. X1, Probl. 1g, 


In dato circuls ABCDE pentagonum aquilatc= 
rum & aquiangulum ABCDE in(cribere, * «» 
| 2 7 Ts « Dez 


DIS Elementorum © 


4 Deſcribe triangulum Iſoſceles FG H,habenlf 
| utrumque angulorum ad baſim duplum angui 
b2.4 adverticem. b Huic zquiangulum CAD inſcr|.s 
be circulo, Angulos ad bafim ACD, & ADC! 
c9,T, cbifecaregtis DB, CE occurrentibus circumfe.# 
rentiz in B, & E conneQte reQas CB, BA, AEF 
ED. Dico fa@um. 1x 
| Nam ex conſtr. liquet quinque avgulos CAD 
d 26,3. CDB, BDA, DCE, ECA pares elſe; quare(f 
e 29. 3, arcuse & ſubtenſe DC, CB, BA, AE, DEx. 
quantur, Pentagonum jigitur zquilaterum eſt Þ 
f27.3- Eſt veroetiam zquiangulum, f quia ejus angulf 
g 2. 4X BAE, AED, &c. infiſtunt arcubus g xqualiouf 


BCDE, ABCD, &c. } 
Hujus problematis praxis facilior tradetur al} 
ID, 13, | | : 
Coroll, ... 


Hinc, angulus pentagoni zquilateri & zqui# 
avguli zquatur + 2 Rec, vel 2 7 


Schol. : 
Pet. Herig,/” Univerſaliter figure imparium laterum za(cri-2 
/ buntur circulo beneficio triangulorum 1 {9(celiun,s 

\ quorum anguli aquales ad baſim multiplices ſun! 
7 eorum,quiad verticem ſunt,angulorum, parium w«} 
{ ro laterum figure in circulo inſcribuntur ope lſ0-} 
3 ſcelium triangulorum,quorum anguli ad baſum mul-\ 
\ Ziplices ſeſquialteri ſunt eorum, qui ad verticen| 
4% ſunt, angulorum, | | 
Ya C 


Ur jn eriangulo Iſoſcele} 
CAB,fi ang. A— 3 C—=Bjk 


SY A—4C-: erit A Blatw| 
E.nneagoni, &c, Sin veroA 


” \:R=— 1. £:C,. eric: AR-latl 
A B32 


| Quauiati, Er fi A=253G| 
R FELL, By 


— 


ſubten; 


AB erit Jatus Heptagoni | 


| ſubtendet A B ſextam partem circumferentiz z 
pariterqueſi A=3 2C; «tit ABlatus oQazg 
g0nj, &C. | 


PROP.XII. Probl. 12; 


Circa datum circulum FABCDE pentagonum 
equilaterum & aquiangulum HIKLG deſcribere, 5 

4 [nſcribe pentagonum ABCTDE zquilaterum 4 IT: 4e 
& zquiangulum ; duce centro retasF A, FB, 
FE, FD, FE, iiſque totidem perpendiculares 
GAH, HBI, [CK, KDL, LEG concurrentes 
in punttis H, I, K, L,G. -Dicofactum, Nam | 
quia GA, GE ex uno punQo G b rangunt circu- Þ c0r.16 3, 
lum, cecitGA—GE.dergo ang, G F A = © 2.00.36. 
GFE, ergoang, AFE=2G FA, eodem mo- 3+ 
do ang. AFH—HEB & proinde ang. AFB—d 8, 1, 
2 AFH. Sedang. AFE e— AFB, fergo ang, © ?7- 3s 
GFA—AFH. ſed &avg. FAH g —FAG ; f7. 4x. 
& Jatus FA eſt commune, þ ergs HA — AG=—=2$ 12. 4X. 
GE—EL; %&, kergo HG, GL, LK,K1I,b 26.1. | 
I H latera pentagoni #quantur : ſed & anguli K 2 4x. I 
etiam, utpore | zxqualium AGF, AHF, &c. du-12.c0r.32.T I | 
pliz. ergo, &c, po, || 


$f] 1 
' 4 
| bf 
| | li 

i 
| ' 


F 4. Coroll, 


b byp. 


c conſtr; 


d4:1, 
e byp. 


f 12, 4x. 
g 26,1, 


hcor.16. 


EUCLIDIS Elemmtoran Fo 


| Coroll, Rf 
Eodem paRo, fi in circulo quzcunque figui} fi 
Zquilatera & zquiangula deſcribatur, & adex} 
trema ſemidiametrorum ex centro ad angulg! 
ducarum, excitentur linez perpendiculares, hz! 

perpendiculares conſtituent aliam figuram rot} i 
dem laterum & angulorum zqualium circulo} | 


cirgumſcriptam.” 
PROP, XII, Probl.13. ] 
<> In dato pentaginy 
_ __- gquilatero ff aquit 
Gy PR Li coat ABC 
p p circulum FGHRinÞ 
P, & . 6 ſcribere. 


Duos pentagoti|} 
avgulos A, & Bj 
biſeca re&is ABS 
B F concurrentibu| 
(* T in FE. Ex F duc pet- | 
. | pendiculares FG,F 
FH, FI, FK, FL,Circulus centro F per G deſcti# 
ptus tanget omnia pentagoni latera. L 
Duc FC, FD, FR, Quoniam BA 5 — BC; F 
& latus BF communeeſt; & ang. FBAc=; 
© FBC, derit AF —EC ; & ang. FAB— FCB | 
Sed ang, FAB e= 7 BAE e—+4 BCD. erg} 
ang, FCB—=+ BCD. codem modo anguli tota-| 
les C, D, E omnes biſe&i ſunt, Quum igitur}. 


i1\ dY 
SS i 


Nt 


-— tw wow wa. 


Liber IV. 
linez ad reliquos figurz angulos, omnes anguli 
figurz erunt bilſeRi. | 
$«hol. 


hzf Eadem methodo in qualiber figura zquilater3 
ot. & zquiangula circulus deſcribetur., 


ub} PR OP. XIV. Probl. 14. 


Circa datum Pentagonum aquilaterum @&' 4qui- 
agile ABCDE circulum FABCDE de(cri- 
ere, | 
Duos pentagoni angulos biſeca reQis AF, BF 
concurrentibus in F, Circulus centro F per A 
deſcriptus pentagono circumſcribitur, 
Ducantur enim FC, FD,FE, 4 BiſeRi icaque a cor,13:4, 
ſunt anguli C, D, E. bergo FA, FB, FC,FD, bs. 1. 
FE zquantur, ergo circulus centro F deſcriptus, 
4.64 PerA, B, C, D,E, pentagoni angulos tranſfibir, 


(Ro. wie 40 


Schol. 


Eadem arte circa quamlibet figuram zquilaz 
teram & zquiangulam cixculus deſcribetur, 


PROP; 


EUCLIDIS Elementorum \ 
PROP. XV, Probl. 15. 


In dato circulo GA) 
BCDEEF bexagonan,| 
& equilaterum OY 
quiangulum ABCD.) 
EF inſcribere, 


A. 

By i, Duc diametrun; 
FAN AD; centro D per 
c\ E centrum G deſcribe ' 
Sb Circu! wm, qui datum | 

ſecet in "24 & E, duc 


D diametros CF, EB, 
juoge AB, BC, CD, 
DE, EF, FA, Di 
| tactum. | 
2332.1, Nam avg.CGD a — 4 2 Red. 4—DGE b-} 
þ 15. I. AGFb—AGBc erpo] BGC=2 2 Rea. —FGEL$ 
C c07,13.1, d ergo arcus e&ſubtenſe A B,B C, CD, DE, 
d 26.3, EF 2quantur, -Hexagonum igitur zquilaterun 
e29.3, eſt: les &Xxquiangulum.f quia ſinguli ejus an 
f 27.3. guli arcubysjuſfi ſtunt zovalibus. Q,E.F. | 


yo 


FP Coroll. 

/ 1 HineTatus Hexagoni circulo inſcripti ſe 
diametroKquale ef, 

2, Hinctacile triangulum-zquilaterum aci 
1.4 0 ciretlo deſcribetur, 0 
of Schol, Probl. | 
And. Terg. Hexagonum ordinatuns ſuper data rea CD il} 
2 I.I. } conftrucs. aFac ttiangulum CGD aquilarerun} 


ſuper data CD, centro G per C, & Þ deſcti- 
be circulum, | Is capict Hexagonum ſuper dataÞ 


CD. 


Liber IF. 
PROP. y- Probl. 16; \ 


Mm, 

+l 

dy ' < 
4 


OI 


In dato circulo AEBC quindecagonum aquil4- 
terum & aquiangulum inſcribere. 

Dato circulo 4 inſcribe pentagonum zquila- all! 4. 
terum AEFGH ; b itemque triangulum zquila- bþ 3, 4. 
rerum ABC. erit BF Jatus ENETEINOnN quzſiti, 

Nam arcus ABceſt 3,vel ; 3 peripheriz, cuJus c conſtr. 
AF eſt & vel = ergo reliquus BE=;5 peripb. 


ergo DIOILL Sic cujus latus BF, zquilate- 
” rumelſt; ; ſed& zquiangulum, 4cum Goguli £Jus d 27.3, 
x* anguli arcubus infiſtant xqualibus,quorum unuſ- 
* quiſqueeſt 4+ totius circumferentiz. ergo, &c. 

: Schol. 
7 Circulus di- C 4,8,16,&c.per 6,4,8 9,1. 

viditur Geo- )3.6,12 '&c. per15,4,&9,l. 
' metrice in Y5,10,20,&c,per 11,4,& 9,l. 

partes 15,30, 50 ,&c,per 16,4,& 9,1, 

Czterum diviſiocircumferentiz in partes datas 
etitamnumdefideratur;quare pro figurarum qua= 
rumcunq, ordinataruin conſtruQionibus {xpe ad 

mechanica artificia- recurrendum eſt, propter 
quz Geometrz pracici conf ulendi ſunt. 


OP, 
E L 1B. 


- 
+ 
4 
» 
Y 
A 
t 
x 
* 
a 
| 
C 
ro 
A 


il 
Hh 
' : 


Titas, foe analogia dicitur , nam proportio idem des | 


(92) 


LES, V; 


Definitiones, 


”® 


TS 
1 


Ars eſt magnitudo magnitudinis; 

minor majoris, cum minor me- 
WD titur majorem. 

=aAC3 Il. Multiplex autem eſt major 

5 minoris, cum minor metitur ma- 

jorem, 

III. Ratio eft duarum magnitudinum ejul. | 

dem generis mutua quzdam ſecundum quantis | 

tatem habitudo. | : 

In omni ratione ea quantitgs, que ad aliam re- - 


ſertur,dicitur antecedens rationi;ea vero,ad quan | 


alia refertur, conſequens rations dici ſolet. ut in| 


ratjone 6 ad 4; antecedens eff 6, & conſequens 4. | 


| —_ | 

Cujuſque ration# quantitgs innoteſcit dividends | 
antecedemem per conſequentem. ut ratio 12 ad 5 | 
effertur per =+ item quantitas rations A ad Beft | 
= - Luare non raro brevitath cauſa, quantitate: | 


rationum fic defugnamus, =, 5, vel =, vel 5 < | 


hoc eft,ratio A ad B major cft ratione C ad D, b 


vel et aqualis, vel minor, Quod probe qnimad- | 

vertat, qui(quk hac legere wolet. N 
Rations, Fj: 

vide apud interpretes. . 
I V. Proportio vero eft rationum ſimilitudol | 
Refius que bic vertitur proportio, proportiond« | 


, 


noiet quod rajis, ut pleriſque placet. þ 
V. Rationem habere inter ſe magnitudines } 
dicuntur, quz poſſunt multiplicatz ſe mutuo | 


{uperare, 
VI. la} 


ve proportioni; ſpecies, ac divifiones | 


[an] 5 4 By 6. | Gia VI. Inca: 
; | 39. C,10,,D,15, H,60, dem ratione 
| magnitudines 


| dicuntur efle, prima A ad {ecundam B,& tertia 
? Cad quartam D, cum primz A, & tertiz C 
| zquerhultipiicia E, & F a ſecundz B, & quartz 


| D z2quemultiplicibus G, & H, qualiſcunque 


ſit xc multiplicatio, utrumque E, F ab utroque 
G, H, vel una deficiunt, vel una zqualia ſunt, 
yel una excedunt,fi ea ſumamurE,Gz &F, H 
quz inter ſe reſpondent. | | 

Hujus nota eff ::; ut A. B :: C, D. hoc eff 


oe ' 
"I 


| Add B, @ C 4adD incadem (unt ratione. ali= 
| quando fic ſcribimus = _ — ideft, A,B:: C. D. 


VII, Eandem autem habentes rationem (A, 
B:: GD) proportionales vocentur. 


E,39, | A,6,B,4.] G,28, VIII. Cum 
F,60,1 C,lz.D,o, t H,6z3, vero xquemule 
: tiplicium,E mul- 


tiplex prime magnitudinis A exceflerit G mul. 
tiplicem ſecundz B, at F multiplex tertiz C 
non exceſſerir H multiplicem quartz D ; tunc 
prima A ad fecundam B majorem rationem 


habere dicetur, quam tertia C ad quartam D. 


< neceſſarium non eſt ex bac definitio- 


7 Bo 
es: 


|, ut E ſemper excedat G; quum F minor ef 


quam H ; (ed conceditur hoc fieri poſſe. 


IX, Proportio autem in tribus rermints payy- 


| ciſlimis confiſtit. Crorum ſecundus eft inſtar 


duorum, 


_  X, Cum autem tres magnicudines A, B, C 
proportionales fuerint, prima A ad tertiam C 
duplicatam rationem habere dicerur ejus, quam 
habet ad ſecundan B: at quum quatuor magni- 
tudines A,B,C,D, proportionalJes fuerint, prima 
Aad quartam D triplicatam rationcm habere 

A ORs 


- quo conſequentem ſuperat antecedens,ad jptam | 


FUCLIDIS Elementorm | 


dicetur ejus, quam'habert ad ſecundamB;& #! 
ſemper deinceps uno amplius, quamdiu propor. C- 1 
tio extiterit. . X 


——— 


Duplicata ratio exprimitur fic %. — £ bis. Hi cede 
eft, ratio A ad C dufplicata eſt rations A adB, | 


| S 1 

Triplicata autem fic — — ter. id eft,ratio Aul | 1,1 
D zriplicata cſ} rationl AadB. 2 I 
= denotat continue proportionales. ut A, B, C, | dua 

D ; . item 2,6,18,54 ſunt = din! 


Xl. Homologz, ſeu ſimiles ratione, m3gni. | rat! 
tudines dicuntur, antecedentes quidem antece- | ma 


dentibus, conſequentes vero conſequentibus, | bu: 
Urſi A .B:: C.D; tam A & C, quam B &@D ; {un 
homologs magnitudines dicuntur. } rut 


456-00 des 
. PRs. 


XIL. Alterna ratio, eſt ſumptio antecedentis || 
ad antecedentem , \& confequentis ad conſe. # 1it 


quentem. $ ter 
at fa A.B:: C. D. ergo alterne, vel permu: & an 
tando, vel viciſſim, A.C :: B.D. per 16.5. | qu 


Inhac definitione ,Q 5. ſequentibus imponuntut 3 
nomina ſcx modi argumentandi, quibus mathemi- } 44 
rici frequenter utuntur ; quarum illationum vis int- | 
wititur propoſutionibus hujus libri, qua in explict.| BY 
rionibus citantur. + hi 

XIII. Inverſa ratio, eſt ſumptio conſequen: | Mu 
tis ceuantecedentis, ad antecedentem velut ad } Þ 


conſequentem. _ 
Hr A.B::C.D. ergo inverſe, B. At D. C, pr 
per cor. 4,5. y f 


X1V. Compoſitio rationis, eſt ſumprio ante: | a 


cedentis cum confequente, ceu unius, ad pony 
conſequentem, 


Ht AB: C. D. ergo componendo, A —+ B, B | 
C+D.D per 18 5. : 


XV, Diviſio rationis, eſt ſumptio exceſlus, 


confequentem, 


u 


Liber VP. 
fit A B::C.D. ergo dividendo, A-B.B:z 


| C- D. D. per 17.5, 


XVI. Converlio rationis, eſt ſumptio ante- 


| cedentis ad excefſuw, quo ſuperat antecedens 


iplam con{cquentiem, 
it A. B:: C, D. ergo per converſam rationem, 


A.A-B:: C. C- D. ter cor, 19.5. 31 1976: 


XVII. Ex 2qualitate ratio eſt, ft plures 
duabus fict magnitudines, & his aliz multitu= 


dine pares, quz binz fumantur, & in eadem 


ratione; cum ut in primis magnirudiaibus pri- 
ma ad ultimam, fic & in ſecundis magnitudint- 


| busprim2 ad ujtimam feſe habverit, Vel ajiter ; 


ſumptio extremorum, per ſubductionem medio- 
rum, v 

XVIII. Ordinata proportio eſt, cum fue- 
rit quemadmodum antecedens ad:confequen= 
tem,ita antecedens ad conſequentem:;fuerit eci= 
am ut con{equens ad aliud quidpiam, ita confe- 
quens ad aliud quidpiam. 

HtfA.B:: D, Z.item B. C :: E, F, crit ex 
aquo A, C:: D. F. per 22.5. 
AIN, Perturbata autcm proportio eft ; cum 
tribus poſitis magnitudinibus, & aliis, quz inc 
his multitudine pares, ut in primis quidem 
magnitudinibus fe habet antecedens ad conſe- 
quentem, jra in {ecundis magnitudinibus ante- 
cedens ad conſequentem : ut autem in primis 
magnitudinibus conſequens ad aliud quidpiam, 
fic in ſecundis magnitudinibus aliud quidpiam 
ad antecedentem, | 

ut A.B:tF.,G, item B.C t: E,F, crit ex 
quo perturbate A. C::E, G. per 23:5. 
| AX, Quotlibet magnitudinibus o' dine poſi- 
tis, proportio prime ad ultimam componitur 
ex proportionibus prime ad fecundam, & le- 
cundz ac rertizm, & tertiz ad quartam, & ita 
dcinceps, donec extiterit proportio, 


Siut 
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Cn NN 


| 22, 4x, 


TT 


APW, Þ 
p— "co 
Aioma. | 
F. emultiplices eidem multiplici,ſunt quo | 
Meat fe 2quenuleiplices. | ; al 
ER OP. 
C S£ 
L [1 uo A g— 


$i} font quotcunque magnitudines AB, CDF 
uorcungue magnitudinum FE, F aqualium numer', | 
ngule fingularum, equemultiplices ; quam mult 
plex eft unins E una magnitudo A B, tam multi. 
plices erunt & omnes AB CD omnium E+F. 
Sint AG, GH, HB partes quantitatis AB 
Iph E equales.icem C I, I K, K D partes quanti- 
tatis CD ipfiFpares, Harum numetus illa( | 
rum numero zqualis ponitur. Quum igitur | 
AG-+CI 4=E-+F; 4& GH+IK—E+F; 4&| 
HB+KD—E—F, liquet AB+CD zque mul- | 
roties continere E-+F, ac una A Bunam E con-F 
tiner, QUE.D, ; 


D -tementorum © 
» Sint quotcunque A, B, C, D 3 Ex hac def Þ: 


; 2p. 4 Fa 
/ = 


PROP. IN. 
$i prima AB ſecunds C & 
ſucrit multiplex, atque tertia D E 
quarte F ; fuerit autem C& quines 
B G ſecunda C aque multiplex , 
argue ſexts EH quarte F, erit @& 
compoſuta prima cum quinta (AG) 
| fecunde C eque multiplex, argue 
tertia.cum [exts (DH) quartz E. 

- ] _ Numerus partium in AB ipſt 
C. zqualium #qualis ponitur nu= 


A co NE Teropartium in DE ipfi Fzqua- 


BG ponitur # 


lium. Item numerus partium in 


ergo numerus partium in AB+BG zquatur nu- 
mero partium in D E+EN. hocelt rota AG 
zquemultiplex eſt ipfius C,atque tota GH  iplt= 
us F, QE.D. k- 


PROP. III, 
_ Sir prima A ſecundga B aque- 
multiplex, atque tertia C quaria 
D ;ſfumantur autem EL, FM eque= 
1M multiplices prima Q& tertia ; erit 
| & ex aquo, ſumpterum utraque 
utriuſque equemultiplexr alter 
quidem El ſecunde B, alters ax= 

rem FM quart#D. 
Sint EG, GH, HI partes 


P | multiplicis EI ipfi A pares; 
Ch Sir Pp * p 5 


IN item FK,-KL, L M partes. 
| multiplicis FM ipli C zquales. 


| I | TÞ Tmero zquatur. Porro A, id eſt 


"IEG, vel GH, ve} Gl ipſius 
DB ponitur Z#qi1:wultiplex 2te, 
que ©, vel FK, &c, ipſius D. 
EC bergo 


" 
We 


qualis numero partium in EH; & a 2, ax, 


4 Harum numerus illarua nu. a þyg): 


mento: E'l 


þ, (| 
I \ BAS *« [ll | 


Si prima A ad ſecundam B eqn: | 


dem habuerit rationem, Cv tertit 
C ad quartimD; etiam E &@| 
equemultiplices prime A, C7 ter- 


| ſecunde B, & quarte D, ' juxts 


| quamuks multiplicatonem, canden | 


babebunt rationcm, fs prout inter (+ 


(E. G::F. H.) 


lin 


KFCD H M quemultiplices, 4 Erit 1 ipfius A 


| ] T zquemultiplex arque K ipfius C; | 


*2.def.E.G ;:F, H.Q_E.D. 


Coroll, 


Hine demanſteayi ſolet inverſa ratio. : 
Nam quoniam A, B:: C.D, ffi Er, —, 7 


c6.def.5, G, ceritimiliter F -,—, a H. ergo liquet, 
quotdhG 5, —== E, ee Hey =,251Þ 
d6.def.5, dergoB,A:: D.C. QED. 


tieC ad G, & H aquemultiplice: | 


reſpondent, ita ſumpte ſucrint, þ 


, LL Sumel, &K ipſarum E,&F; | 
TEABG Liitem L & M ipſarum G, & H#- | 


"4 paritergue L ram muitiplex 
ipfius B quam M ijpfius D. Iraque } 
cum fir A,B b::C.D; juxta 6 F 
| 4 def, a I 5,=,> L;conſequenter | 
| pari modo K ©, —, 2 M. ergo | 
cumT, & Kipſarum E, & F ſum- | 
ptz fint zquemultiplices, argue | 
L, & Mipſarum G & H;erit juztz þ 


PROD, | 


b ergo EG+GH zquemultiplex eſt ſecundzÞ . 
B, arque FK+KL quartz D. cSimili argue 
1 (E H+ H1) tam multiplex. eſt | 
oF. B, quam FM (FL+LN) ipfius D, 


Þ af: 1 ——= F magnitudo AB 


| G& BY GT —_— CD 
| ST 8 DE -. fuerir mult}- 
plex, arque ablara AE ablats efian rel 


| EBrdlique FD ita matriptex erit, ut tors AB 0fj- 
| #CD. 

< Accipe aliam quandam GA,quz relique FD 

jta fit multiplex, arque rota AB totins CD, vel 

ablata A E ablaitz CF, 4 ergo totz'G A + AE 

totius CF + EF D xquemultiplex eſt, ac una As” 


AB.c proinde, ablata conimynt AE, manet GA 
—EB. ergo, &c. 
A PROP, VI. 


D, Si dug magnitudines AB,CD dud- 
"| rum um EB, F þ nt aque- 
$212 [4% plixes 3 & detrua quedam fint, 


| TAGEe ClLcarundem'E, @ F aque- 
Ah 14 aultiplices; & reliqze GB, HD 


iG _ cifdom BF aut aquaics fant, 4ut xque 
| | ipſarum multiplices. 


} 
F =. 4 
[4 ] AB ipſi E zqualium ponitur £qua= 
Il \ | | lis numero partium. in CD ipfi F 
2 zqualium 3 3 item numerus partium 
|  L | in AG zqualis numero partium in 
= & EF C H.fihinc A G, inde C Hdetra- 
harur, 4 remanet numerus partium 
inreliqua G B zqualis numero partium in H D, 
ergo (1 GB fit E ſemel, erir HD etiam C ſemel. 
fi G B fit E aliquotrics, 'erit HD etiam C toties 
accepta, QED. 


PROP, 


Nam quia numerus. partium in. 


a I, hy 
unijus CE, hoc eſt, ac AB ipſius CD. * ergo GE— b 6. ax: 


CJ. 4X. 


| 26, 4x, 


| 
| Ccor, 4.5 
| 


| 


A_— D t — — 
CGE——_— 'K | — 
B—E —— 
habeus rationem; & eadem © ad equales A & B, 
Sumanrur D & E zqualium A & B axque. 
multjplices, & F utcunque multiplex ipfius C; 


"OB ad can- 


aerit D=E. quarefi De, —=,—aF, erit ſimi. | 
bs. def, 5. liter En, =,aF. bergo A, 'C::B.C. laverle. 


. igitur C.A 6:;: C,B, QE.D. 
Schol. 


'$i loco multiplicis F ſumantur duz zque- 
multiplices, eodem modo oftendetur zquales 


magnitudines ad alias inter ſe zquale> eandem 


habere rationem, 


PROP. VIII. 
quads AB, AC, 


major Sx" ad can 


lh Inequelum m 
| A = habct,quam minor Ac Et cadem 


} 


yz babet, quam ad majorem AB. 
| Sume EF, EG, iplarum AB, AC, 4 


< A T7 D multiplex, major fit quam E'G, 


oe Quz E.D, 


Rurſus quia IK HG, at FE HE Cut 
d8 Ide. £ prius Rs dah == QB, D. "i 


. @Equales A | 
— domCeandem_ 


D majorem ratis- 


D ad minorem AC mtjorem rationem | 


| zquemultiplices, ita ut EH "ipf rus | 


| D At minor quam BF. ( Quod facile 
continger, fiurraqueEG, GE ma. | 
ores acciplantur ipla D.) Liquer : 


1E Pra 8, def, 5, fote = 3 57ac | - 


PROP. | 


> py 


"yp 
"A 
= 
x 
» 4 
ve : 
4 
v 
3 ' 
2 
. V 
| 


—— 
1 Quead candem eandem habent vatio- 
nem, equales (unt inter ſe. Et ad quis ea- 
| dem eandem habet rationem,e.e quoque ſunt 
| inter ſc equales. | 
11 1, Hyp. Sit A. © ::B, C. dico A=B. 
ABC Nam fir A i, vel Q B, « erit ideo 28.5. 
A >, vel-2-, contra Hyp, 
2, Hyp. Sit C. B :: C. A dico AB, nam 


fit Ac-B, bergo 5 =; « contra Hyp. = b8, 5. 
PROQP. X. 


| Ad candem magnitudinen rationem h4- 

1 Þ+ bentium,que majorem rationem habet, ills 

major eft: ad quam vero eadem majorem 
rationem habet, ills minor ef. 

ABC ©-Hyp.Sit = c- = Dico AtB.Nam 


fidicatur A—B,&4 erit A.C :: B.C. contra Hyp. 27 5. 
A 


f Sin ADB, berit = —2 — etlam contra Hyp, b8, 5. 


2, Hyp. Sit _ =, Dico BAA. Nam dic 


| B=AG ergo C.B:: CA, contra Hyp,vel dic B c 7, 5, 


| TAdergo - - - etiam contra Hyp, 48.5. 


| ROP [. 
EA UE VI 


F. comm. apwcn.coupend vEqualer A. 
C— F.-———————&oBa a | 
B—E —— do miC eanden | 
babeut rationem; & cadem C ad equales A @'B, | 
Sumanrur D & E zqualium A & B aque. } 
| multjplices, & F utcunque multiplex ipſius C; 
| 26,4, acrit D=E. quareh Der, —=,a F, eric fi imi. 
bs, def, 5. liter Eo, =,2 F. bergo A, C::B. C. averſe 
| C cer, 4.5. igitur C.A 6:: CB, QUE.D. 
i Schol. 
Si loco multiplicis F ſumantur duz #que- | 
mulriplices, eodem modo oftendetur zquales | 
magnitudines ad alias inter ſe zquale> eandem | 
habere rationem, | 
PROP. VIII. = 
vs — Tnequalium magnirudinum AB,AC, | | 
| B mand AB of hes m D majorem ratio. L 
UT wen habet quam minor AC E: eadem FI 
| 3© D ad minorem AC mitjorem rationem | , 
1; | babet, quam ad majorem AB. "i 
G Sume EF, EG, ipſarum AB, AC: ? 
| zquemultiplices, ita ut EH "ipf jus | B- 
© A; 7 D multiplex; major fit quam EG, | 
D At minor quam EF. ( Quod facile 
continger, fiutraque EG, G F mae | 
jores accipiantur ipſa D.) Liquer 
IE Pa » def. $4 hat = =; z'ac | 


| Rurſus quia [k—HG, at IK HE (ut 
| d 8.1def, <, prius vita) 4 crit. - = 5. E.D. | 


ie I) 


PROP 


Liber V. 
PROP. IX, 

1 Quead eandem eandem habent ratio- 

nem, equales ſunt intey (e. E8 4d quas ea- 

| dem eandem habet rationem,ee quoque ſunt 

| inter ſc equales. | 

1, Hyp. Sit A. © ::B, C. dico A=B. 

C Nam fir A >, vel Q B, « erit ideo 38.5. 


[1] 
| 1h 


e , C, vel = , contra Hyp. | 
| 2, Hyp. Sit C. B : C. A dico A—ÞB, nam 
* | ADB, bergo & = . conra Hyp. bs. 5. 
s | . , 
) PROD. Xx. 


| | Ad candem magnitudinen rationem h4- 

| Þt bentium,que mdjorem rationem habct, ills 

7 major eft: ad quam vero eadem majorem 

| rationem habet, ills minor eſt. 

AB jp 1. Hyp.Sit — = —,Dico ArB.Nam 
fidicatur A=B,& erit A.C :: B.C. contra Hyp. 27 5. 

' Sin Am2B, berit > — = etlam contra Hyp, bS, 5. 


2, Hyp. Sit ===, Dico BA. Nam dic 
| B=A,c ergo C.B:: CA. contra Hyp,veldicB c 5, 5, 
| 4d ergo — = — etiam contra Hyp, ds.s. 
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H 
ry 
g K- 
Q 
K———— Loon nm M. bo 
Lueeidem ſunt eadem rationes, & inter ſeſun} p« 
calem. li 
Sit A, B:: E, F.item C, D :: E. F. dico A,} 
:: C.D. ſume ipſarum A, C, E equemultiplic 
SG, FF,I; atque ipſarum B, D, , © LEE C 
a by: K,L, M. ErquoniameA.B:E,F,fG,=f * 
bs. def. 5; = K, b erit pari modo | >, —, IM. pari. D 
eerque quia 4E, F:: C. - fil CH, —=, 2M} N 
b erit H fimiliter _ — 4; ergo 1 Gr, =} 
c6, def. 5, "3 K, eric fimiliter Ho, =, a L. com t 
A.B;: :C.D.QE.D. ; 
Scþhal. q 
Quz eiſdem rationibusſunt exdem rations, ] 
ſunt quoque inter ſe exdem. { 
FADE Ai. 
A—— - C— nanny Mien noma ( 
B_— D-———- Fo — 
$1 f fant magnitudines quorcunque A , B; Cat . 
D;E;& F proportionales; quemadmodum ſe habwÞ 
r12 una antecedentium Aad unam conſequentinm|, F 
ita ſe habebunt omnes antccedentes, A,C,E adon-i | 


nes con{equentes, B,D,F. | 

Sume antecedentium exquemultjplices G, HF 

I;& conſequentium K. L,M. Clos quan 

al.5, multiplex eſt una G anius A, 4 W mulriplice | 
: ſunt omnes G, H,I omnium A ,C,E; parite:quy 
quam multiplex eſt una K unius B, 4 tam multi} 

plices funt omnes K,L,M omnium B, D,F. Por} 

b yp, ob bA, B: :C, D; 'E, F, fiG>,=,—=Kerir fi inde 


Tal 


2 G5 ' C Sz a Seer oy y' ag x 4 'Y my , *” . 
Liber | 
* 


typ -,—=aL,&1 =,—aM, & proinde fi G 


=,—,A K,erit fimili modo G+H—+I t,—,7 


I03 


K+L-+M. c quare A. B:: A+C+E, B+D-F, c6, def. 5. 


QE.D. | 
__ Corll, -4F 
Hinc, fi fimilia proportionalia ſimilibus pro. 
portionalibus addantur, rota erunt proportiona- 
lia, 
PROD. XIII. 


Am—_—— C——— E——— 
Bo_—_ D-———- Pom —_ 
K— LT Lo mm —— ; | FECTED INNTER 


Siprima A ad (ecundam B eandem habuerit.ra- 
tionem.quam tertia C ad quariam D;tertia vero C 
ad quaritam D majorem habueryit rationem, quam 
quinta E ad ſextem F;prima quoque A ad ſecundam 


B majorem rationem habebit, quam quinta E ad 


(extam F, | 

Sume ipſarum A, C, E #quemultiplices 
G,H,I 2 ipſfarumque B, D, F zquemul:iplices 
K,L,M. QuiaA.B:: CD; GHoL, 2c 
G>K, Sed quia 5 = , b fieri poreſt ut ſit 
HtL, & I non  M. ergo fieri poteſt ut 
OcK,& I non -M 6 ergo — b= QE.D, 


SCHO®OL. 


R . 
Quod fi —— —»erit quoque as Pe Item 
Eon CLE ol db ng "Tann - ins I 
Jarrod bart ab Ed 


a E 
crit? AM. 


25, def.s. 
bs. def. 5. 


c8, def. 5, 


a byp- 


a, "> | A . 
. FC 
by q 1 Ho 
: F & 


f / 


" ag Fay ag. pode d C ers Ur vs >6500 « : 77 i yl . 
FF C TC 2. I» : 
p 1 - o 
o , » z 
Z ” & 
A 


PROP. XIY. . Þ 
Si prime A ad ſecundan B eandem | B1- 
] | babuerit rationem, quam tertia C af | Al 
| , | quartam D; prima vero A, quam tertis | BI: 
[3 } | © major fucvit;erit & ſecunda B major | Fl 
ff | gudm quarts D. Quod f5 prima A fie $ 
Ti] | equaly tertia C, erit & fecundaB || nal 
't | 7 } equat#quarteD; fe vero A minor, & | (A 
0, 1 } | | B minorerz. _- 
28.95. SY | Sit ACC. 4ergo A. -< , bled | & 
| bbyp. | | A b -: -; C "x " H. 
<13.5, A BCDf=, fro —- — dergoBDe re 
. dClo.5. Similiargumento fi AIC, Zerit BDD.' Sn | Rl 
Th 5 ponaturA=C; ergs C.Be::A,Bf::C.D.j 
f hyp. _ . gergoB=P. QueE.D. £8 
gll.&g.s, | WE x | S C FH O E- 


” | 0 Q | . 
A fortlori, fi = = arque ACC, it. 


BD. Item fi A=B, erit C=D, Erfi Ac, 


vel—B, crit pariter Ct>, vel 2D. F.4J 
PROP XV. | 
1B Partcs C & F cum pariter multipli- & 


Ts © ibus AB,& DE ineadem |unt rations, | 
| fr prout fubi mutuo reſpondent, ita ſuman- 


4 #ur- (AB.DE:: C.t.) | 
> wVint AG, GB partes multiplicis 


b 7.5. 
C12, 5, 


| 
| 


. 


| 


11 


AB ipfi C equale:: item DH, HE 
partes multiplicis DE ipht F equa- 
les. a Harum numerusiliarum nume- 


ro Xquatur, ergo quum b AG. DH 


[1 1 
 ACDF:: C.E:: GB. HE.'cerit AG+GB 


(AB.) DH++HE (DE) :; C.F, QE.D. 


[ 


PROP, 


2, $7. * 6: TERS 


H.dergo A.C: :B.D. Q.E.D, 


$i quatuor magnitudines A, B, C,D proportios 


nlcs fuerint 5, & viciſſim proportionales erunt, 
(AC: :B.D.) 


Accipe E & F xquemultiplices ipſarum A 
&B. ipſarumque C & D zquemultiplices G & 
H.ttaque E,Fa:: A,B.b:: C.Da:: G.H.Qua- as. 5, 
reG Eo, —, 0 G,cerit Gmiliter E 5,2 blyy. 
cIl.$. & 
SCHOL. I4.5. 
Alterna ratio locum tantum haber, quando dG6, def, 59 
quantirates ejuſdem ſunt generis, Nam Hetero= 
peneZ quantitates non comparantur, « 
Pp OP. XVIL 
IN Si compoſite magnitudines 
 proportionales fuerin:(AB.CB 
:: DE.FE;) [ quoque diviſe 


| 

Fi ©, proportionales erunt. GAGs CB 
T; :: DE.FE.) 

— Accipe = HL, IK, KM 


M ordine zquemultiplices ipla- 

rum AC, CB, DF, FE. item | 

LN MO zquemultiplices ip- 

ſarum CB,FE. Tota GL. tori. 

vs AB £tam multiplex eſt, a4 1. 5, 

7' Juam una GH unius AC,h id b conſlr. 
| eft quam IK ipſius DF; ehvcc 1,5, 
eft quam tota IM rotius DE; 
! Item HN (HL-+LN) iphus 
| CB 4 zquemultiplex eſt, d 2, 55 
ackO (KM+MO) ipfius 
FE. Quum ſgitur per byp. 

AB. BC:: DE, BE. fi 

6 A D 1 GL,—,— HN, etiam fi- | 
wilizet | 


=} 


x06  FUCLIDIS Elmentormm 


es, def. 5. Militer e erit IM RE nens KO. Ira que ablatis- | 
hinc inde communibus HL, KM. fi reliqua GH | 
f5. ax. ©,—,2 LN, ferit fimiliter IK =, > MO, 


85. def. 5. gunde AC.CB :: DF.FE. QE.D. Fu 
PROP. XVIII. | 
F FSidiviſe magnitudines fint propur. ; 
ionales (AB.BC :: DE. EF,) he que. | | 
C1 | G que compoſite preportionales crum 


Bl. * (AC.CB :: DE.FE.) 

S Nam f fieri poteit, fit AC. CB:: 
219.5, | 1 DE EGHEFE. zergoerit divilin 
bhyp.&rm, - AB. BC:: DG. G PF. bhoceſt DG, 
$. | | GF:: DE. EF. ergocum DG = DB, | 
<cls.5, AD. cert GEEEE QUE A. Sialle fs -- 
d9g,4x, adbſurdum d ſequetur, fidicatur AC.CB :; DF, | 

I GFeFE. | 


PROP, XIX. 


C Si quemadmodum t0- 
A—————-} tumABadioumDE, 
'F E ita ablatum A C (eha- | 
— buerit ad ablatum DE; | 
& reliquum CB ad reliquum FE, ut rotum ABad | 
| t0tum DE, ſe habebit. 7 
_ abyp. Quoniam# AB.DE :: AC.DF, berit permu- | 
| þ16.5- tando AB. AC:1 DE. DF. cergodivifim AC, | . 
 £17.5. CB:: DE. FE. quare rurſus b permutando AC, | 
d byp.& 11. DF::CB.FE;d hoc eſt A FICAFEASHAS 
. Corou. | 
, 1, Hinc, f fimilia proportionalia fimilibus 
proportionalibus ſubducantur,refidua erunt pro- | 
ortionalia, 
2. Hinc demonſlyabitur converſa ratio, | 
Sit AB. CB :: DE. FE. Dico AB.AC :: DE. | 
216.5, DFE.Nam @permutando AB.DE :: CB.FE.ber- | 
big 5. go AB. DE:: AC.DFE. quareiterum permurans | 
do, AB, AC :: DE,DF. Q.E.D. | 
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&o major eſt. ergo aniguli C & F non ſuntejuſ- f 5. 1. 
dem fpeciei, contra Hyp. a cor. 19.1 
FA won ol n cor,13.L 


Kor - E he . 
&.- 


2 
Ce et teat ee ee EE INS 


DR = Tr FA - BEER OO PUENTE TYING 2 <p VERIFIED. FIERY WT 1 APY OT ORE DONE RETRO PREP 42 OB ICY I 7 - 


; Dm 2 fED a_— 
0. - «= w, ” ES.”- 

4 2 af 

Ts, #: 

<2" 


* PROP. VIIL 


2,4, A. © | Stintrienguloreftan- 
\ 3821. 2 AN © gulo ABC,ab angulo re- 
_ ' (fo BAC in bapn BC 
7 pep rh AD dusx -- 
eſs: que = 
| a——— yr Me ers 
\B :'* D C ADB, ADC, rum ror? 
Frlangulo ABC, tum ipſe inter ſe, ſmilia ſunt. 


= ww - . 4 tT1©.. 2 "T3: 
I 


Nam ob angulos BAC, ADB &« reQtos,b ideo- g byp. | 
que zquales, 8 B.communem, trigona BAC, þ 12 ax. | 
F ADB c ſimilia ſunt. Simili diſcurſu, fimilia ſunt c 32.8:4.6 || 
triangula BAC, ADC. dproinde ADB, ADC gpjd.21.6, || 
| fimilia erunt, Q.E.N, __ | 
| Coroll. | 

Hinc 1. BD, DA e:: DA. DC. e1, def6.. 


22 BC, AC:AC, DC, & CB, B 
| as ACHE. DG & CB, MM 
Bl 


SO OTE PEST LA PEI) pe EY ERR > Ines i 1 


| Rl 


* PROP. IX; 


| x, A data ve 
F. LC lines AB im- 
peratam parten 
| 3 (AG) auferre. 

Ex A duc 
ingnitam AC ut- 
| cunq;, inquagſu- a3. 1: 
EE RY me tres, AD,DE, 

E F xquales Ut= 

cunque, 


#- oe 
VOOR TTY CORR IRR; ART TO OE IF TC A PP PAR SE WITT WEE 7 TI 


OE. 1% intend 
inftion þ _ lem AB I 
utter (ecare (m | ©$ 

H F, G,) utdata altera AC, | 6 


-K\ * feta ſueni (in D, E.) ; qui 
ilar d . Extremitates ſeaz & | Þ 
Av. :: IFinſedz jungae_refta BC, 


a3l.1, _ Hoſc: ex MT 4-4" Dad pprallela>EG, DE 
| | rofix lecand= oxKgremes in G, &Þ. 7% 


ye. 4a S140 070, 


Duour epi Da parall.AB, Eſtque AD. 
b 2.6. "DE b:3AE. Fo, EW -BC4 DIUM Gu Bk 
C * k.. & GB. QLEF. © 


b. \ 
$ . A + 2 * 
LY 7 v o s 4 4 A , d 
E ; .E #+ % 3 \U « » 
p [- o ry . 


e 
C 
I 


Hue Ailing reftam Jatam AB inguotuk e- 


Fi parees {Sta 5. ) _ id qued facylius 
abjtus hes,» | 


Duc 


v | \Puc aſaleden AD, elque —aralieiun it al tis 


"Ther PAR 
” - py - S_-" 4 


am infinitam. Ex bis c e panes equales AR, 
RS,SU, UN;& BZ,ZX,XT, TL; in fingulis una 


pauciores,quam de derentur in AB; tunreQza 334.1, 
ducantur LR,TS, XV,ZN, bz quioquiſecabunr b conſtr. 
C2.6. 


datam AB, 

NamRL, ST, UX, NZ @ parallelz ſunt. 
ergo quum A R, R3, SU, UN b zquales fint, 
cerunt AM, MO, OP, PQ S uales. Similirer 


quia BZ—ZX, erit BY — . ergo AB quin- 
" quiſeRa eſt, Q.E.F. 
"PROP. 3h --. 
BS Dei dueben re- 
| | Th lines AB,AD, 
.Ciiiaen mropartio- 
=. nalem DE invearre. 
Jenge BD, & 


rar fons BC=AD. per C duc a 2. 6s os 


CE parall. BD. cui occurrat AD produtainE. 
Erit DE expevita. - 


Nam AB. «BC (AD): : AD. DE. QEE. . «cor.8.6. 


.-P 


.C 

1 ' Velfic;fac ang. ABC reQum, 

ang.ACD etiam reum.b cric 
AB, BC: BC.BD. 


If 
il 
b 
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LH 
> 


"PROP, X1IL 


jH 


D 


- Tribus dath rea& lines DE, EF, DG, quartan 
' proportionalem GH invenire. 
* - ConneRatur EG. per F,duc FH parall; "EG, | 
cui occurrat DG produRa ad H,liquet efle DE, 
a 2,6, - EFa4:: DG. GH. QE.F, Am 


PROP. XIII, 


Þ Duabus dath re#4 linch 
A AE, EB, mediaysÞPapertic: 
nalem-EF aditivenire,...”« 
| _| \\ Super tota AB:diametro 
j A F, Bdeſcribe ſemicirculumAFB, | 

] Ex E erige perpendicula- 

| rem EF occurrentem peripheriz in F.Dico AE: 
| | EF: EF. EB. Ducantur enim AF, & FB, Ex 
a3l.34 trianguliz reRanguli AFB re&o angulo deduRa 


I» 
n eh 
o p: — 


b cor, 8, g, eſt FE baſi perpendicularis; bergo AE. FE: | 


| b FE.BB, Q.E.F. 


I Vil (in eadem figura) fint AB,BEF duz datz, 
: bliquet efl2 AB, BF :: BF, BE, 


Corolh, 


5 7 = ; Rs + hd. Gs "I TR La : _—_ 

Jah yg "PZ 55 : = 5 . Þ 

4 : b , + Xx: v - » 4 A 
$2.7 A # * _ &. - % . o Pp, _ & x v * "” 

\ ” 
_ » V $ ; 
, it * » * 
d \ 


CoroP. 


Hinc, linea re&a, qoz in circulo 3 quoyis 
pun&o diametri, ipf diametro perpendicularis 
ducitur ad circumferentiam uſque, media eſt 
| proportionalis inter duo diametri Tegmenta. 


PROP. XIV: 


0 H &Equalium, & nnum 
D ABC int EBG aqualem 
| F babentium angulum, pa- 

A B rallelogrammorum B D, 
| BE, reciproca ſunt laters 

que circum equales an- 

F guts, (AB. BG:; EB. 

BCr) E Ez quorum pearallelogrammorum BD, BF, 
unum dngulum ABC unj- angulo EBG equalem 
habemtium,reciproca ſunt laters que circum aqua- 

les angulos, ills (unt aqualia. 

Nam latera AB, BG clrca zquales angulos 
faciant unaw reftam: 4 quare EB, BC etiam in 
direQum jacebuot.Producantur EG ,DC; danec 


occurrane, 
I AB, BG ++: BD.BH c: :Bk. NT " B4- 
t BC. eergo, &c. 

BY. BH fi AB. BG g :!BE.BCb : 


BBH, k ergo Ppr, BD=BF:« "Q F, D, 


a ſch.15.17 


br.s6. 


c7.5 
dn, 6. 
ell.5., 
ft1.6 


*  _ 


hi, 6. 
£11.% 9.5 


* afch.1s.r, 
b 1.6. 

C7. 5. 
di.6. 
eil,.5, 
f n.6. 


pe. 


k1 L,&9.5. 


pow ug rey, WA . ole... coo... 
EUCLIDTNIS FEtementorum A® 
; Y 


PROP. XV. 


A —— oE qualium , & umn 


ABC, wii DBE  2qudlem 
| babentzum angilios Irjen- 
_ xlorum ABC, DBE, ret. 


% E cum eqnales angulos (AB; 
BE :: DB, BC: ) Et quo. 
rum trianguloram ABC, DBE, mum angulum 
ABC uni DBE = egnoen 'habentium Ys ſunt 
teeerk, road =a\yp (AB. SEE 
DB: Sk: ſi ſm ehudlia. 
Latra CB, BD chk zyualesangulos, " 
ruarftur bin Sirebam ; 4 ekgo ARE eſt refta 
Knea, Undarer CE. - F 

T1, Bp. AB. BE bue: 2tri ABÞa CBE c: 
criznp. DBE. CBE: #:DB.'BC. e ergo, &c, 
2. Ohp. Tring, ABC.ORE f-; : ABB£:gi 
DB. BC ::eriawg DBE, ETY tengo iy 
ABC=DBE, QED. :: = 


PROF XV 1, 


St quatuor rele linee proportionales fuerint 
(AB. EG :: EF. CB, ) quod ſub extremy A B, 


- CB comprebenditur aun AC, aqualc eff et, 


guod ſub medi EF, FG comprehenditur, refan- 
gulo EG, Erfi (ub extremi, comprehbenſum refan- 
gulum AC xquale ſucrit ei, quod (ub medit com- 
prehonfitur,refangulo EG.,ills atuor reg lince 
proportionaleserunt (AB,FG :; EF.CB.) 


_ $roca ſunt laters, ae tir. 


LAMP 2 


«of I, ay. 1 bog b & E.xeRi, ac pA paresS 4 12, py 
| funt; atque EX COR :: £F.CB, bergo b14. 6. 


| Fed) 


” Y : 4 bs *% TE A ” * 4 PSS 
" v8 
” 


re&ang. AC=EG. "QED: 
2, Hyp c Ribtang, [1-40 Atque ang, c byp. 
B=F 3 dgrgo AB. EG :: EF.CB, QED. di4 6. 
/ =. Cordll. . 
Ui atam reQam Nineam” AB facile eſt 


datu x7 Erqiy 6 8G 4nd e faciendo e 12,6, 
AB.PÞ gr EG.BC., 4b. 


2 ER Þ.ROA, XVI, 


: 4p ins hore for pibportiotaates (AB; Br 
ſubexotemis AB, CB ndmpre- 


ivy AC, te "ff 64, yr '@ 
; beug mr Fr /E VG. ::1#t: 
 *extrceſ# AB,CB* EIA 


#144363 ol 3 mtdicBt 
EG, MW) 100k nem propb/tonaes rv 
BE :: BE, CB.) 


ng 4 35 
F4: EFCFG ) Ch ergo a by. 
Refiany. Cb — EG c=EFq. "bt bis 6. 


ar AB. 


. + K Myp.;zReRang, A Cid —= * =, c 29 def.1; 
«Big, argo AB. EF : EGAEF.}BC. | + 9dbyp. 
th.» Coro £16. 6, 
at Sin Baca. #1go A, G: :C, B, . 
2 6 MUT0T: pas £ 


__E UC LADI>.,.£cf | 
VA RESET IR, + Se R$! ON Y a 

C \ PR OP. XVIH-" « .x0Þ 1 
4a WO - tf 
% 250 Bc 
aigt* wrt reed: 24.50 M EICT.0S: EE 

A 4 B | _- £335 > > ne 

A data reaa "IO AB dato re&itines'G BED 
Aw —ta—_ reftiltkcim AGHB de. | | 
'\ 


tum refilinenſn reſolve in triangy OP fac 


8 
223.1, H—D;a & an BAH=DCH, ang, 

; Aon. & de. BA G=FER." p ; 

; linentAGHE elfiguzt we 


b conflr; Namang. Bb D. & ang; $xtraDc | t 
C32, 1, £c qua $9 AHB—CEFD ; b item ang, HAG 
—EFC ! ABG—CFE. c quare ang; 
d2,4x; G=E; &rotus ang, GAB d—ECD,; & totus 
"GHBd —EFD. * Polygonazigitur, &ibj1 pptu 
zquiarigula ſunry Parro ob trigooa ;w#quiaygu- 
-Ja, AB. BH ez: CD..DF. & AG. GH,c:r CE. 
e4.6; +EF.item AG.AH::e:2CE. CF: & AH; ABe:: 
faz,5, - CF;CD, fundedz 26 no. AG. AB;: GB, .CD. 
26. def. 6, codem modo GH. HB : : BE.FD:gargp polyge | 
na ABHG, CDFE: fimilia nic pon | 
exiltunt, QE. F. | 


BR O.P, XIX, 


—_ 


Finds Wa 
E P > ſunt(in ; 
| duplicars ra8i- |} 
one laternnms bv- | 
mologorum BG 

| | Þ EF. | 
IL, 6, Fiat BC EF, BG, & ducatur aa 


p 


| triarg, ABC. ABG ei: BC, BG; af 2 


#4 bomelogum latus GH. 


8 + 0 LE. TE I x4 = Tz POT Fo FT os : 4 bee , 3 "ty F ""- S 2% Fe ks uy fy , y s : % ; ol "WF" _ , >» 
TITTY #" b 'T, SG es 

 * Quia:AB.DE(b:: BC.EF)c :: BE.BG.& 

 *  QuiaAB.DE(b:: BC.EF)c :: EF.BG.& ang, 


B—E; derittriavg. ABG = DEF. verum 


BY 


# 


b cor.4. 60 
c conſtr. 
d15.6, 
el,6: 


_— = bis; ergo triang. *2< hoc eſt *2* g—f10,def.sc 


AEG DEF 


Bo F 
FE bis, ” E; D. 


| Corol.. | 
Hinc,fi tres linez BC, EF, BG proportiona= 


"les fuerintzur eſt prima ad tertiam, ita eft trian- 


eulum ſuper primam BC deſcriptum ad trian=- 


queen {luper ſecundam EF fimile fimiliterque 


eſcriptum, vel ita eſt triangulum ſuper ſecun- 
dam EFdeſcriptum ad triangulum ſuper terriam 
limile imiliterque deſcriptum, | 


PROP. XX. 


> as + 


C- D 


 Similia polygons ABCDE, FGHIK in fimilia 


g Il, FJ. 


triangula ABC, FGH; & ACD, FHl, & 


ADE, FlK dividuntzr, & numero aqualia, & 


bomo!oga totk, (ABC. EGH :: ABCDE. 
FGHIK::ACD. FHI:: ADE. FIK.) Et 
polyzona ABCDE, FGHIK dufplicatam habent 
cam inter ſe rationem, quam latus homologum B C 


1, Nam 


f 19. 6: 


I6.5, 


k 12, 5, 


. 4 &) v*.. 22 ———__ f 'E, Xe a 2 " 1Y 4 D \""Z4M 6 4X wi "6h ey $aghl F . O TOI © 
% Es & by » , o - % bv i A 4 © # ky © Ys by p Si ' ES DS; uy i 
" Þ d P by 


g byp. @ 
h cor. 23.5. H 


I, Nam ang. B «—=G; & AB. BC 4::FG} 
GH. bergo triangula ABC, -FGH zquiangul | 
ſunt, eodem modo, triangula AED, FKLafſ ] 
milantur, cum igitur ang, BCA b — GHF, & 

ang. ADE6—FIK, totique anguli BCD, 
GHI; atque tori CDE, HIK cares fint, re. 
manent ang. ACD=—=FHI; & ang. ADC= 


FLH ; e unde etiam ang. CAD— HEL. ergy 


triangula ACD, FHI fimilia tunr, ergo, &c, 


2, Quoniam igitur triangula BCA, GHFF 
BCA -_. BC 


fimilia ſunt, f eric '—. = = bis. ob eanden 


nFf. Gt 
4a. CAD 's > HP ; DEA . 
cauſam <22 — = bis deniaue trianos, = — f 
ſam *— —— bis, denique triang. "== | 


ri bis. quare cum BC. GHg :: CD. Hlg:| 
DE. IK, h erit triang. BCA. GHE:: CAD, | 
FI :DEA. LKF:: kpolyg, ABCDE|F 


FGHIK :: E< bis. 
G1 


nd A. Wed am 


Coroll. 


T. Hinc, fi fuerint tres linez reQz propor- 
tionales ; ut eſt prima ad tertiam, ita erit poly- 
gonum ſuper primam deſcriptum ad polygonum 
ſuperſecundam fimile fimiliterque deſcriptum, 
vel ta efit polygonum fuper ſecundam defcri- 
ptum ad polygonum {ſuper tertiam ſimile fimili- 
terquedeſcriptum. 

Ugdeelicitur methodus, ffguram quamvh refti: 
linea augendi vel minuend in ratione data, 1t þ 
vel; pentagoni, cujus latus CD, aliud facere quit- 
tuplum,inter AB, & 5 AB inveni median propor” 
tionalem. Super hac * conſtrue pentagonum femile P 
dato. hoc erit quintuplum dats. 

IL. Hinc ettam, & figurarum fimilium homo» | 
loga latera nota fuerinr,etiam proportio figura- I 
rum 1nnoteſcet ; nempe invenjendo tertiam pro- 
portionalem, 


PROP; 


DBAME 


A c H & 2D Ly 
Que (ABC, DIE) eidem reailineo HFG 

ſunt fimilia, & inter (e ſunt fumilia, 
Nam ang. A4=—= Ha=D.&ang.Ca— Ga1l,def.s. 

4=E; & ang. B a—=F 4=l, aitem AB. AC :3 

HE. HG::DI, DE. 4& AC. CB::H &. 

GF:: DE. EI. & AB, BC:: HF. FG:: DI. 

IE. 4 ergo ABC, DLE ſimilia ſunt, Q.E,D. 


PROP. XXII. 
: 6 Js 1 


A BC. DE -P& H 


$1 quaruor relie linea proportionales fucrint 
(AB. CD:: EF. GH) & ab et reffilinea fp- 
milia þmiliterque de(criprta proportionalta erunt. 
(ABI. CDK :: EM. GO.) Er þ ares lines 
familia ſimiliterque de (cripta refiljnea propertiond- 
[is fuerine(ABL.CDK :: EM.GO. Jipſe etiam re- 
ae lines 4s" nb erunt.( AB. CD::EF. GH) 


I. Hyp, 3! — Ab big — 5F bis = £2 a 19.6: 
Ul 0 GO * 
dergo ABL. CDK:: EM. GO. bor Wi b byp: 
bls dergo AB, CD:: EF. Er, « QE door. 23. 52: 


I 2 i 


candi quantitates ſurdgs. ex gr. Sit 4/ 5 multi. 
plicandus in 4/ 3. dico provenire 4/ I5, Namex 
multiplicationis definitione deber effe, 1. ,/3 ;: 
' // 5 produdt. ergo per hanc, q.1.q. 4/3 ::q, 
y/ 5. q- produd, hoceſt, 1. 3 :: 5. q. produQt 
ergo q.produd. eſt 15, quare ,/ 15,elt produQus 
exa/3inys5. QE.D. 


{ a cor. 8.6, 


b 22.6, 
Cc 17. 6. 


d cor. 8.6, 


E233. 6: 


| £17,6, 


2 EUCLIDIS Elmenorm *. 


Petr, He - 
| TIT. 


Hinc deducitur, & demenſtratur ratio multiplj. 


THEOR. 
E 


A 5 TS +1 
Si rea linca AB: (ea fit utcunque in D, ve- 
cangulum ſub partibus AD, DB contentum, eff 
medium proportionale inter earum quadrats. Tten 
reftangulum contentum ſub tota A B, & una part | 
AD, vel DB, eff medium proportionalc inter qui- | 
dratum tetius AB, & quadratum difte parth | 
A D, vel D B, 
Super diametrum A B deſcribe ſemicirculum; 
ex Derige normalem DE occurrentem periphe- 
rix in E, jange AE, BE, 
Liquet efle AD. DE4:: DE. DB. bergo 
A Dq. DEq:: D Eq. D Bq. c hoceſt, ADq, 
ADB :: ADB. DBq. Q. E. D. | 
Potro, BA. AEd:: AE, AD, eergo BAq, 
AEq:: AEq. ADq. fhocett BAq. BAD:: 
BA D. A Dq. Eodem modoABq. ABD : 
ABD. BDq. Q.E.D. 
_ Vel fic, fit Z=A—+E. liquet efſe Aq. AE :: 4A. | 
E::4AE. Eq.item ZqZ A:: aZ, A.naZA 
Aq. &2q ZEi:4Z,E;; ZE, Eq- 


PROP} 


A a _ [= 1H ef quianguls paraNelos = 


| habere ex yationibus refarum, AC ad CB,& LC 15+ 5: 


| - 
| ow @ paralielogramma 
nx —p 7#4cungue rationem in- | 
- A Wo ©: oj ter ſe habere compoſitam = 
t I | | ex rationibus baſis ad 72 
O . | bafim, & altitudinj ad $3 
Co altitudinem.Neque ali- q 
F [ | ter de triangulis ratio : 
Cinaberis, ? 


lelozrammorum proportio exhiberi poſſit, Sunto ; 

parallelogramma X & Z ; quorum baſes AC, i: 
CB; altitudines vero CL, CF. Fiat CL. CE :; * 14.6, & | 
CB. O.* erirX, Z:: AC. O. ">" ———_— 


PROP. XXIII, 


gramma AC,CEF inter ſe 14- 


B = (Ttionem habent eam que cx 
Ns lateribus componituy. rw 
BC. DC 


E F Latera circa zquales 
angulos C afibiin direQum ſtatuantur; & coms a ſeh,r5,r, 
pleatur parallelogrammum CH. TN i 2 
" © AC 2 AC CH NFTIER Ne DC "1 k 
Ratio = bh —= = — C=2 + =, Þ20.def.t, 


Cit CE Cu 
Q E. D; C 1,6. 
Coroll. 


Hinc & ex 34. 1. patet primo, Triangula,que 3 
unum angulum (ad C) equalem habent, Fationem And Targ. 1 
ad CF, aqualens angulum continentium. 


Pater ſecundo, Re- | 
us aangula ac * proinde * 35- I 


Pate tertio, Quomodo triangulorum ac paral- 


E - © 29, I; 


I b 4. 6. 


E233: 0, 


41, def. 6. dergo Pgr. EG. BD fimilia ſunt, eodem modo 


E 


a. Rath 0 SY _ he £5 os "ry 4 - "Iv PF; RF Rs.) ata CEL TTTIY Ll OE I ; \ bh. #- eddie " "= : Sr voy #54 5s : Or 9" SE 5 2 > & T2046. , 
_ T34. LJ Eementorim 71 © 
( J) A 
'® 4 
b 
. 
" 


|. 

PROP, ATT) hot 

| D Tt onn parallelogrammy Wy 

A o HOnCH que Ctrea diame- L 
mum A C ſunt parallelo.. 

gramma EG, HF, @ 19 } 

OF inter [e ſunt fimilia. 

Bf YC Nam parailelogramma ] 

'EG, HF habent fingula unum angulum cum 


angula ſun, 4 item tam triangula ABC, AFET, 


toto communem. 4 ergo toti & fibi mutuo xqui- | 


IHC, quam triangula ADC, AGT, IFC ſunt | 
inter ſe xquiangula. b ergo AE, El:: AB. BO, | 
batque AE.Al : ABAC; b& AL. AG: AC, | 
AD. cex quali igitur, AE. AG:: AB, AD. | 


i. S 


HF, BD fimilia ſunt. ergo, &c. 


PROP. XXV. 
D 


a 45. 1, 
b 44. 1. 
C13.,0, 


FE 


—— —_ 


0 
LM: MN O 
Dato reAilineo ABED C ſmile ſimiliterque poſs- 
tum P; idemque alteri dato F aquale, conſtttuerct. 
4 Fac retang, AL—ABEDC. b item ſuper 
BL fac triavg, BU—F., Inter AB, BH cin- 


yeni mediam proportionalem NO, ſuper Ny | 
Spa ; ac 


4 fac polygonum fimile dato ABEDC, Erit d 18. 6: 


' "milia ſunt, bergo AE, EH:: AD, DC6:: AE. þ 1, def.6, 


hoc zquale dato F. | __ E£c07,20,6, 
Nam ABEDC (AL.) P:: e AB, BHf:: fi.6. 
AL, BM.ergo Þ g=BMþ=F, QE.F. g 14.5, 


'PROP. XXVI, ve] 


1 PP, $1 2 parallelogrammo 
ABCD paralelogrammum 
AGFE ablatum ſit, & famile 
107, fumiliter poſutum,;com- 
munem cum eo babens angu- 
lIum EAG , hoc circa eandem 
D C cum toro diametrum AC con- 
ſeſtet. 

Si negas AC efle communem diametrum 3 
eſto diameter AHC ſecans EF in H, & ducatur 
HI parall, AE. Parallelogramma El, DB afi- a 24; 6, 


EF, d proinde EH=EF. f QE.Aq c byp. 
dg. 5, 
PR O P. XXVII, focal 


H .) N_E Omnniun - pardliclo- 
T/ grammorum AD, AG 
1 >| ſecundum eandem reftam 
F | MNS ] lineam AB Epplicatorum, 
No deficientiumque figuris 
A paraliclogramms; CE, 
A. EC ſemilibus, ſumiliterque 
poſetis, ei AD , quod a dimidia deſcribitur, maxt- : 
mum eft AD, quod ad dimidium eſt applicatum,fs< 
mile exſiſtens defeFut Kl. 
Nam quia GE 4 — GC, addito communi a 43; 1, 
KI, berit KE — CI 6— AM. adde commune þ 2, 4x. 
CG, 4d erit AG — Gnom, MBL, ſed Gnom. « 36, 1, 
MBLe 2 CE (AD.) ergo AG a AD.da.ax. 
QE,D. C 9, dXs 


I 4 PROP, 


* 27. 6. 


> 


218.6. 


[i bſch.45.1, fimile dato D. b firque EG — C+I. c fac Pgr, 
i © 25.6. . 


nd 
< 


$44 p : 


PROP, XXVIIL 
HE 
NF 
© 
A FE = B 
Ad datam refam lineam AB, datd refilines 


C equale parallclogrammum AP applicare defici- 
ens figura parallelogramma ZR, qua fimils fit als 


teri parallelogrammo dato D. * Oportet aurem das. 
_ rumreftilineum C,cut equale AP applicandum eft, 
non majus eſſe co AF,quod ad dimidiam applicatur, 


femilibus exftentibus deſefibus, & ejus AF quod 
ad dimidiam applicatur, & ejus D, cui fomile de= 
eſſe debet, 2 | 

Biſeca A BinE, Super EB afacPegr. EG 


NT—1,& fimile dato D,vel EG,duc diametrum 
FB.fac FO=KN;& FQ=KT. Per O,& Qduc 
parallelas SR, QZ, parallelogrammum AP 
eſt id quod quzritur. 

- "Nam parallelogramma D, EG, O(Q, NT, 


d conſ. & ZR d ſunt ſimilia inter ſe. Et Pgr. EGe =NT 


24. 6. 


+Ce—OQ-—+C; f quare C — Gnom; 
OBQZz—= AO-+ PGbh =AO +EP —AP. 
Q. E.F, + $ A WM 455 
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PROP, XXIX, 
E— —m /\ I—K 
RC 
[—BJ® : 
[ ON S 
Al datam refam lincam AB, dato reilineo C 


\>\ 
7 
= 
equale parallelogrammum AN applicare, excedens 


' figura pardllelogramma OP, que fimilh fit paralle- 


_- | « 


logrammo altert dato D. 

Biſeca AB in E. ſuper EB a facPgr, EG fi- a 18.6, 
F mile dato D. b fitque Pgr. HK —EG—+C, &b 25.6, 
; | fimil:datoDvelEG. ftacFELG—IH;, c&c3.1, 
G FGM—IK. per L, M ducparallelas R N, 
- 'MN; & AR parail. NM. Produc ABP, GBOQ. 
\ Duc diametrum EBN.Pgr. A N eſt quzſitum; 
' |}  Namparallelogramma D, HK, LM, EG 
dfimilia ſunt, e ergo Pgr. OP fimile eſt Pgro d confly; 
LM, vel D. item LMf—= HKſ—=EG+C.ez4.6. 


| ergo C— Gnom. ENG, atqui ALh— LB fconftr. 
| © PROF EXX, LN 
C mo Propoſitam Ye 1 2% 1.4%? 


| & H Ham lincam 'ter- 
_ — minatam AB, ex- 
trema 46 medi& 


I 
S ] 
D] | (AB. AG:: AG. 


r4tione care. 
- ny F GB.) 
aSecaABinG, itaut ABxBG — AGq a1l,z, 
| bergoBA, AG: AG, GB, QUE.F, b17.6, 


PROP, 


boon. _- a w—_ 


oy ' , bs i Loy Ra." + hn an 3d i I; Rn 6 JL YE "$A <c: co P68 oo . wad pple «4 _ 
; : v ; : " ood : > —SR IOW ng ns ah OO > i : > Rp 35) Rn Ka 4 
F : 4 4 p t  ISI% : IL "I ations 
d Y "" » x 
G f 
L ml 
I 
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| ; PROP. XXXI, 
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T 
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Bl D "1c 

ſ 

E EF 

Fe reffangaly; trianguls BAG , figura quavii 

BF & latere BC refum angulum BAC (ubten- 

deme, deſcripta, aquali; eft fgurk BG, AL, que 
priori iii BE fomiles, & femiliter pofita 2 lateribus 
BA, AC reaum angulum continentibus deſcri- 
bumar, | 

| ' Abangulo reto BAC demitte perpendicu- 

7 2 cor, 8.6, larem AD. Quoniam DC. CA ::4 CA. CB, 

3 bcor.20 6, berit AL, BF :: DC, CB. Item ob DB, BA:: 

! C24.5, 4 BA. BC, b erit BG. BF:: DB, BC. c ergo 

+ dſch.i4,5, AL+BG. BF:: DC + DB (BC.) BC, ergo 

| AL+BG—BEF, QE.D. 


Coroll. 


- Ex hac propoſitione, addi poſſunt,$& ſubtrabi 
bgwr quzvis imiles,cadem methodo,qua qua- 
dara aduuntur & ſubtrahuntur,in (chol,q7,1, 


: 

? 
1 
: 


# Jr xray 42. 23 C08 gd. e655" EO — & £ . : - 
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P R O P. XXXIL. 


Si duo trianguls 
ABC, DCE, que duos 


D laters duobus lateribus 
proportionalia babeant 
EP  \ (AB.AC:: DC.DE,) 


"+ ſecundum unum angu=- 
inm ACD compoſuta fuerint,ita ut homologs corum * 
lateya fint etiam parallels (AB ad DC, & ACad © 
DE) tum reliqua illorum triangulorum laters 
BC, CE in reflam lineam collocata reperientur. 


» 


Namarg. Ad—ACDa —=D; & AB, 229-1. 
ACb:: DC, DE. c ergo ang. B=DCE. ergo bbyp.. 
ang.B+A d—ACE. ſed ang. B+A+ACB e=2 © 6.6- 
Red. f ergo ang. ACE+ACB—2 Re. gergo d2 4x, 


BCE eſt reQa linea. Q.E.D. e32.1, 
fi, ax, 
PROP: XXXIIND g 14,1, 
A. P 


B MN 
In aqualibus circuis DBCA, HEFGP, angul? 
BDC, FHG eandem babent rationem cum peri- 
pberis BC, FG, quibus infotunt ; frue ad centre 
( ut BDC, FHG,) fue ad peripherias A, E 
conftituti inſiftant : inſuper vero & ſeftores BDC, 
FHG, quippe qui ad centra confiſtant. . 
uc 
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. DucreQas BC, FG. Accommoda CI=CB 3 | aK 
8& GL=FG=LP; &junge D:, HL, HP, * | arc 
- , Arcus BCa—=CL, aitemarcus FG, GL, IÞ | 
/ * Zquantur. bergo ang. BDC —= CDL b& any, | 
FHG—=GHL—LHP. Ergo arcus BI tam mul. | 
tiplex eſt arciis B C, quamang, B DI anguli | 
' BDC. pariterque zquemulriplex eſt arcus EP 
E arciis F G, atque ang. FHP anguli FHG, Ve. 
"£27.3: rumfiarcus BIS, =, 2 FP, cerit fimiliter 
-d6. def.5. ang.BDI co, =, a FHP. ergo arc, BC, EG q:: 
e15.5, ang. BDC. FHG e:: BDC, FAG fi: A, E, 
I 2O, Jo |  Þ 2 
= Rurſus ang. BMC g — CN Ib atque idcirco 
827.3, fſegm, BCM— CIN. k item triavg., BDC — 
{h 24,3. CDL. lergo ſetor BDCM — CDIN, Simili 
\k4.1., ratione ſegores FHG, GHL, LHP zquantur, 
]2,. 4x. Quumigiturprout arcus Bl -,—,,a FGP, ita 
m6, def.5. fimiliter ſe&or BDI oo, =, -2 FHP. merit ſeQ, 
- BDC. FHG :: arc. BC, FG. QE.D. 


Coroll. 


Hinc 1. #t ſefor ad (efforem, fic angulus 4d 
_ angalum. 4 
2, Ang. BDC in centro eft ad 4 reos, ut ar- | 
ous BC cui infeſtit ad totam circumferentian. | 
Nam ut ang. BDC ad regum, fic arcus BC 
 _ adquadrantem. ergo BDC eſt ad 4 re&os, ut i} 
arcus BC ad 4 quadrantes, id eſt ad totam cir- 
cumferentiam, item ang. A, 2 Rect :: arc.BC, 

| periph, 
Hinc 3, Inequalium circulorum arcus IL, BC, 
\ qui aquates ſubtendunt anzulos, frve ad centra, ut 
\ IAL & BAC, five ad peripheriam, (uns ſe: 


miles. 
, © Nam IL, periph. ::ang, IAL, (BAC; 
\4 Red. item arc, BC, periph ::ang. BAC. 
LE GS 4Ret _ 


% 


arcus IL, & BC ſunt ſimiles. Unde 


" 4; Dus ſemidiamerri AB, AG 2 concentrich 
peripheri}s arcus auferunt ſmiles IL, BC. 
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L1E: vit 


Definitiones. q 
I: = 2 Nitas eſt ſecundum quam unum. 
quodque eorum quz ſunt,unum 


dicirur. 
TI. Numerus autem eſt, ex | 
unitatibus compolira mulrtitudo, 
ILL, Pars eft nymerns numeri, minor ma» 
Joris, quum minor metitur majorem. 
Omnz pars ab co numero nomen ſobi ſumit, per 
quem ipſa numerum, cujus eſt pars, metitur ; ut 4 
dicitur tertia pars mumeri 12, quid - metitur 12 
I V. Partes autem, cum non metirur. 
Partcs quacunque nomen 4ccipiunt 2 duobus illj 
numer, per quos maxima communi duorum nume- 
rorum mcn(urd utrumgne eorum metitur. us 10 dt. 
citur 5 numeri 15,e0 quod maxima communis ments = 
ſura, nempe 5, metitur 10 per 2, @ 15. per 3. 
 V. Multiplex vero major minotis, cum ma- 
jorem metitur minor. 
VI. Par numerus eſt, qui bifariam dividi- 
ur, 
* VII. Impar veronumerus, qui bifariam non 
dividitur ; vel, qui uniratediffert a pari, 
VIIL. Pariter par numerus' eſt, quem par | 
numerus metitur per numerum parem, 4 
I X. Pariter aurem impar eſt, quem par nus + 
merus metitur per numerum imparem, 
\- _ &. 1mpariter vero impar numerus eſt, quem 
Iimpar numerus metitur per numerum imparem, 
X I, Primus numerus eſt, quem ſola unitas 
metirur, | 
X LI. Primi inter ſe numeri ſunt, quos ſola 
unitas, communis menſura, metitur, 


LT, . / 
OE, FAG, L.! 


XIII, 
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Wy poſitus numerus 
rus quiſpiam metitur. | 
X1V, Compoſiti aurem inter ſe rumeriſunt, 


= N 


eſt, quem nome. 


quos numerus aliquis, communis menſura, me- 


titur. | 

In bac defsnitione & pracedenti unitas nou eff 
numerus, | 

'X V. Numerus numerum multiplicare dici- 
tur, cum toeties compoſirus fuerit is qui.mulcipli- 
catur, quot ſunt in ipſo multiplicame wittates, 
& procreatus fuerit aliquis, $ ir; 

Hinc, in omni multiplicatione unitary tad mul. * 
tiplicatorem ut multiplicatus ad produituem. 

Nota, quod (ape cum multiplicandi fugt quivis 


Ly 


numeri,puts A inB,literarum conjunitio produifuns 


 denotat, Sic AB—A in B. item CDE=C is 


Din E. 

XVI, Cum autem duo numeriſeſe multi 
plicantes aliquem fecexint, qui facus erit, pla- 
ws. 2ppellabiiur ; Qui vero numeti {xſe mutyo 
multiplicarint, latera illius dicentur. $6 3 {C) 
inz3 (D) —= 6 — CD eſt numerus plant. 

X VII. Cum vero tres numeri mutuo fſcſe 
.multiplicantes fecerint aliquem, qui procreatus 
erit, ſolidus appellabitur z Qui autem numeri 
muruo ſeſe multiplicarint, larera iilius dicentur. 
Sic, 2 (C)) in; (D) ins (E) = 30 = CDE 
eft numerus ſolidus. 

' XVLLL, Quadratus rumeruseſt,qui zqua- 
liter #qualis, vel qui ſub duobus zqualibus np- 
meris continetur, Sit A latus quddratt; quadrd- 
tus fic notatur, AA, vel Aq, SY Sn OH 

XIX, Cubus vero, qui zqualiter zqualis - 
#qualiter, yel qui ſub tribus zqualibus numetis 
continerur, Sit Alatus cubi ; cubus notatur fic, 
AAA, vel Ac. - | | ARE 

In bac definitione, & tribus pracedentibus uni- 


ta eft numerus, 
* Ws XX.Nu- 
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' XX. Numerti proportionales ſunt, cum 'priv? Is 
mus ſecundi, & tertius quarti zquemultiplex eft, 'F*. 


vel eadem pars:yel deniqzcum pars primi ſecun, | - 
dum, & eadem pars tertif zque metirur quats | 1, 
| tam, vel vice verſa, A, B:: C.D, hoceſty, | 
© 9%: $. 15, | s nh 
XXI. Similes plani, & ſolidi numeri ſunt; }' | 
qui proportionalia habertt Jatera. ; | '& 
Latera nempe n0n quelibet, ſed quedam, 2 
XXII. PerfeQus numerus eſt, qui ſuis ipfigs e 
partibus eſt zqualis, = (98 
urs, &28, Numerys vero qui ſu3 ipfuus par. | 
tibus minor eft, abundans appellatur, qui vero mi. 

jor, diminutus, ut 12 eſt abundans, 15 "eſt dimi- 

Nutus. B 


XXIIT, Numerus numerum metiri dicitur 
per illum numerum, quem multjplicans, velz 
1% guo multiplicatus, i}lum producit. 

VP In divifione, unitas"eſt ad quotientem, ut divi- 
: dens ad diviſum. Nota, quod numerus altcri lineg- 
la interjefa (ubſcriptus divifuonem denotat. Sic 
>. —Adivil, perB.item = — C in A divil, 


J{ per B. 

=— Termini five radices proportionis dicuntut ! 
| duo numeri,quibus in cadem proportione mino- 
þ res ſumi nequeunt, 

| Te 7 

It Poſtulata, 

4 1. TY Oltuletur, cuilibet numero quotlibet ſus | 
3 | mi poſſe zquales, vel mulriplices. 
" 2, Quoliber numero ſumi poſſe majorem. 


3. Additio, ſubtra&io, multjplicatio, diviſio, 
extraQioneſque radicum, ſeu laterum, numero- 
rum quadratorum, & cuborum concedantur es 
| tiam, ranquam poſlibilia, 


Axi0-= 


1 +? þ 4 
PLE ' I, 


| Ke. 4 BROW 


" Axiomata. 


— 4 
i $ 


CY convenit uni zqualium nume= 


> rozum, convenit, & reliquis zqualibus 
numeris- . 


; * 


x % 
q 
— 


' - 2, Partes eidem parti, vel iiſdem partibus, 


{+ 


- .- 3. Qui numeri 2qualium numerorum, vel 


ejuſdem, exdem partes fuerint, zquales inter ſe 


ſunt, 


- 4, Quorum idem numerus, vel zquales, ex- 
dem partes fuerint, xquales inter le ſunt, 
5, Unitas omnem numerum per unitates,quz 


- juipſo ſunt, hoc eſt,per ipſummer numerum me- 


CGE en ENS; 2 
'6, Omnis numerus ſeipſum metitur per uni< 
tatem. ; 
7. $i numerus numerum multiplicans, ali« 
quem produxerit, metietur multiplicans produ- 
Gum per multiplicarum, multiplicatus autem 
eundem per multiplicantem. b Hp 
 Hinc nullus numerius primes planu eſt aut ſoli- 
du, quadratus, vel cubus. 
$8. $i numerus numerum metiatur, & ille per 
quem metitur,cundem metierur per eas, quz in 
metiente ſunt, unirates,hoc eſt,per ipſum nume- 
rum metientem, | 
9: $i numerusnumerum metiens, multiplicet 
eum,per quem metieur, vel ab eo multiplicetur, 
Illum quem meritur, producit, | 
| 16, Numervs quotcunque numeros metiens, 
compoſitum quoque ex ipfis mericar, i 
It, Numerus quemcunque numerum meti- 
ens, metitur quoque omnem numerum quent 
ille metitur, | 
. 12, Numerus metiens totum & ablatum 
metitur & reliquum. 
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PROP. I: 1c 
ALB OD 6.949 $i duobus numery | C 
C..F.D +3 + imaqualibus propoſith | 7 
H --- (AB, CD) dera. 
|  _ batur (emper min | 
CD de majore AB (& reliquus EB de CD &c,)| _ 
alterna quadam detrattione neque reliquus unquem | 


precedentem metiatur, quoad aſſumpta fit unita 


: : , GB; quiprincipio propofiti ſunt numeri AB, CD 
' primi inter ſe erunt. | | 
Si negas, habeant AB, CD communem men. | * 
ſuram, numerum H. Ergo H meriens CD, | 
a r1.4x.7, © ctiam AE metitur ; proinde & reliquum EB, 


b 12,4x,7, 4 £180 & CF, atque b idcirco reliquum F D; 


4 quare & ipſum EG.ſed totuma EB metiebatur, 
bergo & reliquum 'GB meritur, numerus unjs 


©9g.4x,1, tatew, cQ.E. A. 


7% © 
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a6, 4x. 7. AB, quoties potes, Si nihil relinquicur, 4 patet 


bt, 7. 


c conſtr. 


PROP. II: 'þ 

20 6 Duebus . nunie- 
Acvooouts B ere B 15 9 6 YU dath AB, CD 
6 3 non primk inter ſe, 

C ......FoeD 263.” maxtmam Corum 
G --= *3% Ccommunem men(i- 


p ram FD repertre. 
Detrabe minorem numerum C I ex majoti 


iplum C D efle maximam communem menſu- | 
ram, Sirelinquitur aliquid EB, deme huncer |} 
CD; &reliquum F.D ex EB, & fic deinceps, 
donec aliquis, F D precedentem EB metiatut, 
(nam b hoc fiet antequam ad unitatem perveni- 
atur.) Erit FD maxima communis menſura.. 
Nam F D c metitur E B, d ideoque & CF; 


Ga I1.4x,7, e proinde & totum CD;dergo ipſum AE ; atque 


e 12,4x,7, idcirco, totum AB merirur. Liquer igitur F D 


@@mmunem efle menſuram, $1 maximam efle 
| negasg. 


nd 
by 
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925, ſit major « quzplam G. ergo 'G metiens 
CD,4 meritur AE,e & reliquum EB,d ipſumque 
CF. e proinde &reliquum FD, g as mino. Ju poſ. 
rem; þ Q.B. A. h9. 4x, I] 


Coroll. 


Hinc, numerus metiens duos numeros, me- = 
titur quoq; maximam corum communem MER» | 


bf PROP. 11; Yn TE 


A gocoormmeree IS Tribusnumeryy lah A, B, & 
B..... 8 on primis inter ſe, maximum / 2. g4 
D.... 4 corum communem menſuram E 
Cc 6 reperirc. 5 2 
E.,2 Inveni D maximam com2 
F -.-  munem menſuram duorum A, 
| B. Si D metitur terrium C, li- 
quet D maximam effe trium communem men- 
furam.Si D non metirur C,erunt ſalrem D,& C 
compoliti inter ſe, ex corol]. przcedentis, Sitigi- : 
zur ipſorum D,8 C maxima communis menſura 
E.erit E is quem quzris, Y; 
- Nam E @ metiturC, & D ; aac D ipſos A, & 2 conffr2 P 
Bmetitur ; b ergo E meticur ſingulos A, B, © bll.ax,7, 
nec major aliquis (F) eos metietur ; nam fi hoc 
affirmas, 'c ergo F metiens A, & B, corum ma= c cor, 251 
ximam communem menſuram D metitur. Eo- 
dem modo, F metiens D, & C, ceorum maxi- 
mam communem menſuram E. 4 major mino- 4 ſuppoſ. 
rem, metitur.e Q.E. A, e9,4x,T, 


C roll, 


-Nine, numerus metiens tres numeros, max{- 
mam quog; corum communem menfuram me- 
titur, 
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1: >> 0. IV. 
A cores! Onmnk numerus A, omnk | | 
OOO os} numeri B, minor majork, aut | 
| B ANT Is Os EA 18 "Y. eft, aut partes- | 
4 | B ...c000e Jo i A & B primi fint in- } * 
2a 4. def. 7. ter ob 4 erit A tot partes nu- 
I meri B, quot. ſunt in A- uvitates, ( ut 6= 
|. b 3 def. 7 =7) Sin A metiatur B, b liquet A eſſe par- 


WT - emi pfius B. (ut6—=3 18, ) denique fi A& 
[ ll £4 def. 7. Baliter compoliti inter "ſe fuerint, c maxima 
4's commlinis menſura dererminabir,quar partes A 
! | eonficiat ipſius B, ut 6=3 9, 


PROP. V. 

A 2a: 0 D.... 4 
— F- 4 4 
Cie ih Bon os FÞ 
- 11.4 Sinumerus A numeri BC pars fucrit, 0 dlter 

D alterius EF eadem pars ; & ſimul uterque 

(A+D) utriuſque fimul (BC+EF) eadem par; 
erit, qua unus A unius BC, 

Namfi BC in ſuas partes BG, GC ipfi A 
13 | Zquales; atque EF in ſuas partes FH, HF ipfi 
13 a byp- D zquales-reſolvantur ; 4 erir numerus partium 
E if \ in BC zqualis numero partium in EF, Quum 
; L b conſt. Gf igitur A _ D þ — __ BG _ EH —=G6C+HF, erit 
_ EV , bx, 1, A—+D totiesin BC+EF, quoties Ain BC, 

QE.D. 
Vel fic brevius. Sit a=x & bay; quare. 2— 


'z x & 2b=y, c Ergo 2a-+2b=x K+} "Ergo a-+b= 
X—+Y. 


FRET +49 *&f 
*Azz G 6 B6 D..;. He... E8 -merus AB 4 2, | 


 & fmul uterq; (AB+DE) utriuſq; fimul(C-+F) 


a2 xe 3 b— —2 y,elt 3 a3 b=2 +2 y=2 8. 


; fus CD, vel AE ipfius CF. b ergo AE+EBea= bg, 7, 


tius CB. QED. 


| remanet 3 


' IP cvccce D.. 1 | | .; ERA cecnccce 1b numerj C |[ 
partes fueritz0* alter DE alterius F eadem partes, - 


calem partes erit, que unus AB unius C, 

Divide AB in ſuas partes AG, GBz & DEin 
ſuas DH, HE. Partium in utroque AB, DE #-, 
qualis et multitudo, ex hypoth, Quum igitur 
AG 4 fit eadem pars numeri C,quz DH nume- 2 abyp. 
riF, berit AG+DH eadem parscompofiti C+ Þ S: 7% | 
F, quz unus AG unjus C, b Eodem modo GB—+ cad 
HE eadem pars eſt ejuſdem 'C+F, quz unus .: -; ; 
GB unius C , c ergo AB+DE exdem partes eſt c 2, ax, 7 | 
ipſius C-+E.quz AB ipfius C. Q. E.D. | 
; Vel fic. Sit a=5x, & b—=3y, & x+y==g.ob 3- 


ergo a+b— F g=7 2 8+), 


"PROP. VII. | 4 

C3 $1 numerus Qi » 
Ace EowBE AB numer® | (- 2 07 

6 lo 6 CD pars ſuc- | 
Coo C 009 008 56 RIDD © FL —_ D 16 ri, qualh ab- « 
| lays AE ab- "" 

lati CE ; a reliquus E B reliquiFD cadempars _ . . 


oy, ualis totus AB sotjus CD. 
it EB eadem pars numeri GC, quz AB Ip- a1 noe 7 


dem eſt pars ipfius CE+GC,quze AE ipfius CF, | | 
vel AB ipfius CD. c ergo GE=CD. aufer com- Cc 6, 4x. 1 
munem CF, d manet GC—FD. eergo EB ea- d ;, ax. 10 
dem eſt pars reliqui FD (GC) quz totus AB to- e 2, ot, 


Vel fic. Sit a+b==x,& c+d=y ; atquetam Q\, | 
| 4 y quam a=3.c; .dico b—=3 d. Nam 3 c+3d « 
j=3 y=x FRG aufer utrinque'3cg—a,&f 1. 25 
=b, Q.E.D. : 811, 
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({agring 5þ.. 47/37 4! 61:0 
A TILL f.. G.jt Ew LD 16 -YU8 AR nu 
-; F# 6 \ mri CD 
C Horde dior Paid Die partes ſuerit, 
quates ablt« 
rus AE ables} CF; ; @ reliquus EB reliqui ED eg. 
dem partes erit, quales torus AB zotius CD. 
Seea AB in AG, GB partes numeri CD; i item 
AEin AH, HE partes numeri CF ; & ſume 


wk 3. ax. 1. GL—AH=Hs; 4 quare HG—EL. & quia 


b conſtr. 


b AG=GB, t eriam HG==LB., Cum igitur 


C 3. 4x, I, tottis AG eadem fit pars totihus CD, quz abla- 


ER - 


+> 


10” 


Yo » 4 ' 
o i 4* 7 x 
R -, , 
Fs 
* ' 
je «« # ' 1 
K 4 < 4 $ 6 
20, a 
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B....G.,..C8 alterius EF eadem pars;t0 


rs A H ablatt CF; derit reliquus H G, vel 
EL, eadem-ctiam pars reliqui F D, quz AG 
iþGt ius CD: ' Bodem pas, quia GB eadem 
pars eſt t6rius CD, qu# HE, vel GL, ipſius CF, 
d erit reliquus LB eadem pars reliqui FD, que 
GB totius CD; ergo- EL +-LB-(EB) exdem 
6fd partes eeliqui FD, que totus AB totius GD, 
E D. 


Va fie facilius, Sita 4b—2, & c +d=— 
feigary Aa: Fx, quamc==+{az .velec quod: 
 jdemeſt, 3 yet x;&3 c—=2 a. Dico Tos, Eb, 
Nam 3e-+34 ſ=3y= 2xf—=z a+ 2b 
1, £ergo 3c+3d= 24+ 2b. avfer urrinque Þ 
'3th= gas recog iebectte. SO, 


PROP. 


Al.4 , St nometus A numer} 
7 BC pars ſuetit,@ alter D | 


| 5 D FEY viciſſim que pars tft, aut 
#: Woh, _ a... F to partes primas A erti D, 

c T® eademt irs crit, vel eadem 
parts, & Y renndne BY. ah BE.” pe | 
oni< .. 


-Þ Jis ponitur. Liquet vero BG 4 eandem eſſe par- 2 I, 4x. Je | 


oc, ENCE TIS: 
7 EROS 
k _- %4 Tl [3 


44-5 FE 
R$ 


ex: . a ; oo | 4 EF '*. on PR & TED "HA +" a. - " | PER . 
Ponitur A-aD.. Sint igitur BG, GC, & EH, 
; HF zartes numerorum BC, EF, ha ip A, illz | 


+ 


LY 


jpli D pares.Utrinque multirudo partium £qua- 


tem,aut eaſdem partes ipfius EH,quz GE ipſi- & 4: 7- _ 
us HE; b quare BC (BG+GC) ipfius BE (EH b5.vels.7 
+HE) eadem pars eſt aur partes, quz unus BG 
(A) uaius EH (v2 Q. E.D. | 


| Vel fic; fita— _ | ra vel3 a =b;& 


\ #1 
| col 3 P*. +> Y 


PROP, X: © -5 gl 
A.G..B4 $i numerus AB numeri C _ 


2 44 partes ſuerit,@ alter DE al- ' 
5 5 terius E eadem partes, & |[ 0 / : 
D..... HE 12 viciſim que partes eff pris , .. & 
| o Sojurbi I5 mus AB terti{ DE, aut / < SJ 
b- pars, eedem partes erit @ © - 
ſecundus C quart F, 4ut pars. | "4 
-Ponitur ABIDE, & CAE. Sint AG, GB, 
& DH, HE partes numerorum C,&EF, tot nem- 
xe in AB,quot in DE.Conſtat AG ipfius C ean- | 
Fein efle partem, quz DH ipſius F. 4 quare vi- 2 9, 7. 
ciſim AG ipſius DH,pariterque GB ipftius HE, 
& b proinde conjuntim A B ipfius DE eadem bs.& 9.797 
pars erit,aut partes,quz C ipſius F, Q, ED. * * 7s 
| Velfic; fit a= b,& c=3d. vel z'a=2 b& * | 


SE c 3c 2d qd 
3 c=2d. Ef $ 3a 3b b FE 
eeqTxXG.-*: ol 
| 4 3 $i fuerit, ut torus AB / [ 1 
Au E.B7. ad totum CD,ita ablatus 


Cmgtes E vngce DI4 reliquus EB ad reliquur 


4 AE ad ablatum CF; & 5 ( 
K 4 FD -, 


2 : A F t * 5 E 
Fr, | SF = + - y it 
| 4 


a 47  Sitprimo ABD CD, dergo AB rel pay. 

b 20.def.7. eſt,vel partes numeri GD; b eademque'pars | 

£7, Yel 8.7 vel partes ipſe AE ipfius CE; c ergo reliquus E 
reliqui-FD eadetn pars cſ,aut partes,que rotus. 
A'B totius C D, bergo AB, CD::EB.FD; 
Sin fuerit AB CD , codem' modo erir j juxta 
modo oltenſa,CD, AB: : FD.EB. ergo invertens 
do, AB. D. EB, FD. 


2-4::.3 6 rROD. tit 


oy o :CDi EF) erit quem- 


um unus antecedentium A ad unum con(e- 

Mi quentium B ita omnes antecedentes (A+C+E) ad 
| 1J \  þ - omnes conſequentes (B+D-FE.) 

_ — Sint primo, A, C, E minores quam B, D, F, 

|” a 20.def.y, ergo (propter eaſdem rationes) 4erit A cadeim 

"bs, & 6.7, pars aut partes ipfius B, quz C ipfius D. b ergo 

conjuntim' A —+C eadei erit pars. aut partes 

ipfius B+D, quz unus A. unius B, Similiter Þ 

| A'+C-E eadem pars eſt, aut partes jpſius 

| c 20.def.7,B+ D—+F, quz A ipfius B. cergo A+ C5 

| "BE. B+DF:: A.B. Q.E. D. Sin A,C,E,. 

 ipfis B,D;F majores ponantur, idem oſtenderur 


5 ot If 

SZ if 

_ 'S 
: F 


bY BEE ii want ACHARS itt. 44, -., + © *wakis 
> Ke” Ep "* we 4 Loy "* IG P __— "5 0 Sp. 2 2 a War: tt 
: : G SY "YE $9. rs. ad 
> . = p4 W 


| invertendo, 
4 PROP. XIIL, 6" 
. y, o Erol Y $i quatuoy numeri proporti- 
A, 3. C,4. onalcs fimt (A, B:: C.D.)& 


B.'9. .D;18. viciſum proportſonales erunt 
(A. C::B,D.) 
int primo A & C iplis B & D minores, 
, 26qu ADC. Ob eandem proportionem, 4erit 
>. : A cadem pars, aut partes ipſius B, quz C ipſius 
| bg.& 10.7 D. b ergo viciflim A ipſius C eaderfi pars eft, aut 


l oo” A, A CG, 2 BE,3.- Si put! quotcunque wits. | 
| | B, 8, D, 4. F, 6, ers proportionatcs (A.B 


M . Parner; rae erpo A. C:: BD, "Sin | 
AC 


FD erir, us 103us AB ad totum +60, i F f 
1 


\ 


, + hs aa ho . + ka 4-2 acts mY Fe. « 4 ſo 4 "_ 
LES fr Py 93 ag © : 6 4 
p NO ts A, Y -'C ) J.1 f p. by +- : SR” Kee V Wo 
by © jp. 


4, ; Kc: - atque A &C ma jores. fatwintur,quam 
| B & D .cadem res 7 Ce inyertet 


| A9. D, 6. St i fone quotcungue ie 


AB,12, BA, 12, ipfss AB, BA equales inter 


ey 7 £4 i. Rn i OS. 


"4 hs *. \ 66. Far 5 - ge. AT au , E "RES" 


1-4 Noe | | | 4 wh W ? ? &+ 
$7 | Ss. 
absZ \ : "I - « 
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T4 £4 


PROP. XIV, 


B, 6. B, 4.. B, C, & alil zotidemD, E, EY \ 
C:3- F, ; ill aquales mulrirudine,qui bin 4 
ſumantuy, & in cadem _ratione Vf of” / 

(AB: :D.E.&B,C::E.F) etiam ex PR | 
in eadem rations erunt. (A.C:: DE.) ls f, 4 
Nam quia A.B:: D. E, 4erit viciſim, A. D:: P, 3.4 I 
B, E::4C.F. aergo irerum = AC : 
:D.F. Q.E.D. | 
PROP.CXV. i - XP. 7 =o 
| ;: 
I; D. $1 unitas numerum ques 3 Sn o- 
Bur3. Encino pram B meniatier + que atte' * Of [ 
tem alter numerus. D alte= Ie 3 
rumquendam numerum.E metiatur ; J & viciſſim | * " 
aque unitas tertium numerum D metictur, '&f ſe- \ JF 

cundus B quartum E. 

.Nam quia 1 eſt eadem pars ipfius B, quz = 


iphius-E, & erit viciſſim 1 eadem pars jptius D, a 9.7. 
quz Bipſius E. QE.D. 


PROP. XVI. Hx 3- WF< | 


$1 duo_numeri A, B (eſe 
B, 4 A,z3. mutuo multiplicantes fecerin 
AJ. By, 4. aliquos AB, BA, geniti ex 


(e erunt. 

Nam quia AB=A in B, gerit! in A toties, . a 15,def.y. 
quoties B in AB; bergo viciſfim' 1 in Broties b 7 7 
erit,. quoties A in AB. atqui quoniam BA—B 
in A, 4erit 1 in B toties, quoties Ain BA. ergo 
quories Lin AB, tottes I jn BA ; &-6c pxojnde c 4+ ax472,\ 
AB=BA, QED, FA 


PROP. 


la? Ce 'nembabelir, quam \walriplicist (AB. AC: 


1 5 b RE, 15; BC, 45." Yr ger fecerint a- 


; 2 _ ;D 17.7, bergoA.B:: AC, BC. Q-E.D; 


fi, 2A, tc. - Wrke A duos "tits 
C4. | - mers B,C multiplicans ſe 
AB, s. AC, [2,  Cerit aliquo s AB,AC\ 


| ">. — "miriex ipfis candem hy Fi 


YT: | d odgato, "Nam quia AB=A inB, 4 erit 1 corlerh 
HY! A, quoties Bin AB. airem quia AC=AinQ, | - 
Zerit1 toties in A, 'quoties C in AC. ergo quo. 

þÞ 20 deſ.7 ries Bin AB, toties Cin AC, quare B. AB; 
T23,7, Ss Fa © c ergo vitiflim, B. ws z AB. 'AC 


px f=/S x = "eo p.: "XVIII. 


SE. $i Cy $3 $i duo numeri A,B, 
A, 3+ * B, 9, © " uihnerum- quempidin: C 


liyuhs AC, BC ;'geniti 
ex ipfes. eandem rationem habebunt, your mRiEl: 
cantes. (A.B::AC,BC.) 
216,7. Naw AC4—CA; & BC 4—CB;fielden 
C multiplicans A-& B producit A C, & D C, 


. Schol. 
Ex bis perider modus vulgaris reducendi fx 


' Riones ED; ad eandem denowinationegy 


Nam ducgtamin 3>-quam in .5, proveniuat | 
#7 =+. quoniam: ex bis, 3. 5; 27. 45» yen 
duc 5 in7,&9, Prodeunt23 =- x ot quis 7 95 


35: 45+ 
PR ry P. 'X Il X; 
I'M, or BG. C,8,D,12, Si quatuor'nn: 
AD, 48, wc 48, OO omeri proportions- 
KS, = 46 tes fuerinr; (A,B: 
C.D;) quie frims  qudrto fit numerus AD, 
We ei, quiex ſecundo & tertis fit, numerd 


F, 


"RY hi” 4 "00" hs ao. ER 4 Oe HNIIEEY 0 : 
- | GR bag 2 = gw \ it n . WE WR TY T0 #A, 
4 * F & Att 
aft? i MW; k 
Lo : & : 4 ; 
py = & 


: b | x EF: 2648 qui ex rims & quarts P numerus AD, 

yy” li fit ei, qui ex ſecundo C7 rertio fit, numero 
BC, ipfi quatuor numeri proportionales erunt. 
(A.B::C.D. 

1, Hyp. Nam AC. AD 4::C.D b:: A, 17. 7s 
Bei: AC, BG, d ergo AD=BC. Q, E. D, Þbyp- 
©." 2; Hyp. Quoniame AD —BC, erit AC. © 18. 7. 
iexly | AD: AC. BC. Sed AC. AD g:: C. D. & 49.5. 
ne AC. BC b:; A.B.kergo C. D: : A,B. QE.D. <p. 
quo. _ OO EET p/n 1a 
\ A, B.. C, Sitres numer] 4 era h 18,79. _ 
ay 6, 9. les ſuerine (A.B::B,C.)® ST Lp; 

AC. 36. BB,35. qui ſub extremis continetur {Þoo mw 
D,6. CAC) aqualj eft ei, qui goes, Ooh 

a medio eff.citur (BB.) Et f wa 
-»C} : quiſubextrems contixtetur (AG) os we et Jo ww 


(Bq) qui ſub woe, ip re Is tio E. i ; 
nals erunt (=: pq peut , a0 ; 
A410, 2 ts 2 Wy 


1, Hyp. Nam fume D—- g= 0 XP. 
D(B.)C. b quare AC—BD, a BB. big. 7. 


. 2, Hyp. Quia ACc=BD, deric A, Be:D cbyp. 3 
F (B.)C, QE.D. d 19, 7. y. 
3 PROP. XXI. 
fp NG. By. Ec..f...lo, Nunmeri AB, 
ut : C.. H , D 3+ 6 000000 6, £7 D minimt oNM - 
em nium eandem cum 


9: Ceirationem habentium (E, F) metiuntur aque tur, < 
meros E, F eandem cum o rationem habentes, me- 45 
#1 / a 


Jor quidem AB majorem E, minor vero CD mino= 


TY. rem F. 
&f NamAB, CDa:: E. F..b ergo vicifſim a hyp, 
B: AB,E:: CD. FE. c ergo AB eadem pars eſt, þ13, . 
D vel partes ipſ1 fius E, quez CD ipſius F. Non Dar- c 20 def. 7 
Wh tes; nam fi ita, fint AG, GB partes numeri E 
&CH, HD partes 1 numeri F, c ergo AG. E:: 4 


CH. 


ns, 7. CH, F; "& eras, AG. CH 4:: E. Fed 
e byp. AB. CD. ergo AB, CD non ſunt minimi in ſy. 
| 'ratione, contfa bypotb, ergo, &c. 


PROP, XAILI. 


A,4qz. D,lz, Sifuerint tresnumeri AB, | 
B, 3. E. 8, C, & dliiipſis mulrizudine a. 

C2K. .F: 6. quales D, E, F, qui bini ſu- 

\ mantur, WG in eadem rations; 

ſderit autem perturbata eorum proportio (A.B :: E 

F&B.C:: DE; z)etiam ex aqualinaie in eadem ra. 

270ne crunt (A.C::D.F,) 

1 a byp. Nam quia A.B4a::E.F, b erir AF<BE; 

TH big. 7. quia B. C::eD.E, herir BE—=CD. c ergo 

Il .CIL. ax. I, AE—CD. LR C:D.F. QED. 


46, 


is el Fr EE XN. OY { B,4. - . | Primi inter Nt numeri A, B, | 


CL. >= D --= © ninimi ſunt omnium 'eanden 

E-- cum ei rationem babentium.' _ 

Si fieri potelt, fint C&D 

. - minares quam A & B, atque in eadem ratione, 
AZL,7. &@ ergo C metitur A #que, ac D metiturB, 
puta per eundem numerum E: quories-igieut 

TR Þ23.def 7: : in E,b tories brit C in A.c quare viciflim quo- 
FR C15.7. rjes.l in C,oties E in A. fieili diſcurſu quoties 
19 . Lin D, toties E in B. ergo E utrumque A &B 
meri: ur; qui proinde inter ſe priimi non ſunt, 


#7 contra Hypoth, 
P RK OP. XX1LV, 
- + | £4 A, 9 = 4  Numeri A, B, minimi omni- 
1 7 eps (Cnom: um candem cum ek rationem 
D.--- E --  habentium, primi inter {e ſuns, 


Di freri porelt, habeant A 

& B communem meuſuram C ; is meriatur A 

A 9. ax. 7, ÞEr 4E 5 per Ez ; Cetgo CD=A, & CE—B. 
b quare 


Fei hquareA.B::D.E., Sed D & E minores ſunt b 17. 7. 
inſy quam A & B, utpote eorum partes. Ergo A 
"*F & B non ſunt minimi in ſua ratione, contra 


bypoth, 


PROP. XXV, 
»,1h | $iduo numeri A, B primi inter 
i fu A,9. B,q. fe fucrint, qui unum corum A 


zone; C,3. D=- meritur numerus C, ad rediquum 
: B primus crit. | 
oy Nain fi affirmes aliquem D numeros B&C 

"| metiri, 4ergoD metiens C, metitur A, ergo a I1.dx,z. 
, A & B-non ſunt primi inter ſe,contra Hyporb, | 
Tgo ; PROP. XXVI. 

KCC, 5 $i duo numeri A, B 4d 

 - B3. quempiam C primi fuerint , 
| AB;r5, E.-.- cam ex ilk genius AB 
B EF... .. adeundem C primus erit. 


em : - Sifieripoteſt, fit ipforum 
AB, & C communis menſura numerus E. fitque 
> —F; 4ergo AB=EF ; bquareEA::B. F.,29. dx. 7. 


D 

7 'Quia vero A primus eſt ad C quem E metitur, v9. 
L: cerunt E & A primi inter ſe; d adeoque in ſua © 25. 7. | 
= proportione minimi,& e proinde zque metiuntur d 23. a 

os B,&F; nempe E ipſum B,& A ipſum F. Quum © 21. 7: 

B jgitur E utrumque B, C meriatur, non erunc illi 


e, primi inter ſe, contra Hy poth. 
P.-R OP.  XAXYIIL. 
A\ 4 B; $. Siduo numeri, A, B, primt 
: Aq, 16, inter (e ſucrint, ctiam ex uno 
7 D, 4. corum genitus (Aq) ad reli- 
2 quum B primus crit. 
; Sume D—A;ergo 4 finguli D,& A primi ſunt a 1. ax. 7. 


adB. bquare AD, vel Aq, ad BprimuseR, b 26, 7, 
Q. E, D. ) 
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'PROP. XXVIII. 


| A, 5. C, 4. $i duo numeri A, B F | 
B, 3. D,. duos numeros C, D,u 
AB. 15, CD,s. zerque ad utrumque, prinj 


fuerint, & qui ex 0% gi, 

gnentur AB, CD, primi inter ſe crunt. 
Nam quia A&B ad Cprimi ſunt, & erit AB 
ad Cprimus, Eadem ratione crit AB ad] 


primus, b ergo AB ad CD primus eſt, Q, E.D,f 


PROP, XXIX, 


A,z. B,z. $1 duo numeri A, B prinj 
Aq,g9. Bq, 4, inter ſe fucrint, & mulcipll. 
Ac,27, Bc,8, cans uterque (cipſum fecerit & 


liquem (Aq, & Bq,) & gel 


niti ex ipfis (Aq, Bq) primi inter ſe erunt; @þ 
qui in principio A,B genitos ipſos Aq, Bq multiph- 


cantes fecerint aliquos (Ac,BC3)@& hi primi ina 


ſe erunt: 0 ſemper circa extremos hoc evenict, 
Nam quia A primus eſt ad B, aciit Aq adB 
primus, & quia Aq primus ad B, 4erit Aqad 
Bq primus. Rurſus quia tam A ad B <Y 
quam Aq ad eoſdem B, & Bq primi ſunt, b erit 


AxAq, ideſt Ac, ad BxBq, id el Bc, primu 


Er fic porro de reliquis. ” 
PROP, XXX, 

on M $i duo numer 

A .,,cco Beo, C13, D---= AB, B Cprimi 


znter ſe fucrim, 


ctiem uterque ſimul (AC) ad quemlibet illorun 
AB, BC primuserit, Et fe utcrque fumal AC al 
unum aliquem illorum AB primu fucrit, etiam qu 
7n principio numer; AB,BC primi inter ſe erunt. 


I. Hyp. Nam fi AC, AB compoſitos velis, | 
212,2x.7, fir D communis menſura, &@ Is metietur reli- } 
. quum BC.ergo AB, BC non ſunt primi inter ſe, 


contra Hypoth, 


2, Byp- | 


<< 


— SZ .&a 


T= S. 


Wm > > 


" = ES 


27 xD 


ori AB,BC communem efle menſuram. 
þ1s igitur torum AC metfrur, quare AC, AB b10.x,7, 


at - as: < Fn : —— 
- $47 © Q s 
= bu 


yp. Pofiti AC, AB inter fe ents, vis 


non funt primi inter ſe, contra Hypotk, 


Coroll. = 


Hine numerus, qui ex duobus compoſitus, ad 
vnum illorum primus eft, ad reliquum quoque 
primus eſt, 


PROP, XXXI. 


Omnk primus numerus A ad omnem 
As, B,%, numerum B, quem non mctitur, pri- 
| mu elf. 
Nam fi commmunis alioua menſura metiatur 
utrumque A,B, anonerit A primus numerus , 2 11.def.72 


"contra Hypoth, 
PROP. XXXIL. 
te: DJ. Si duo numeri A,B, ſe mu- 
B,6. E,8, uo multiplicantes fecerint dn 
AB, 24, liquem A B;genitum autem cx 


tpfis AB mcriatur aliquis pre- 

mus numerus D ; 1s etiam unum corum,qui 4 prin- 
cpio, A, vel B mctietur. 

Pone numerum D non metiri A; fit vero 


= =E. acrgo AB—DE. 5 citre D, Az; 29. 42.7 


B. E. c eft vero D ad A primus. dergoD & ah + Wy” 
A minimi ſunt in ſua ratione , e proinde D me. © ©? 
titur B, zque ac A metitur E. liquet igitur pro- ; WM os 


poſitum, | l ”_ 4 
PROP, XXXIII, 

AXE. Omnem compefitum numerum A;alt- 

B,z, quis primus numerus B mctitur. 


Unus vel plures numer! 4 metian- _— 
eur A, quorum mininzus fi: B, is primus erit, a 13.def'7 | 
Po eras ON nam 
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a 13.def.y; nam fidicetur compoſitus, a 


13 dan” eum minoralia 
b 11,x.7, metietur,b qui proinde iplum A merictur;quay 
Bnoneſt minimus corum, qui A metiunturg 
contra Hypoth, | h "3 


P R OP. XXAIV. 


"I Omni numerus A, aut primus eft, ay 
A, 9. cum dliquis primus mietitur. n 
Nam A neceſlario vel primus eſt, A, 
ve] compoſitus, Si primus, hoc eſt quod afſers i} . 
. 433.7, mus. Sicompoſitus,s ergo cum aliquis primuſ 
metitur. Q, E. D. | | 


PR OP. NXAXV. 


A, 6. B, 4. CG, S, A, 
D,2, H--I-- K---- int 
E, 3. F; 2. Gy 4. NEE] m 


Numer datis quotcunque A,B,C reperire mink tu 
mos omnium E, F, G eandem rationem cum eis hl 
bentium. | C 
Si 4, B, C primi fint inter.ſe, ipfi in ſua rat} © 
223.7, one minimi 4 erunt. Si compoſiti- fint, b eſty 
bz.7. Corum maxima communis menfura D,qul ipſos 
metiatur per E, F, G, Hi minimi erunr in ratk  * 
one A,B, C. - 
c 9. ax. 7. Nam D duQtus in E, F, G cproducit ABC, 
d 179. 7. d ergo hi &illi in eadem ſunt ratione, Fam puta 
e2i,yq, 3lios H,I, K minimos effe in eadem z e qui pro- 
| pterea £que-metientur A, B, C mempe per nil- 
f 9. 4x.y9, merum L. fergo L in H,1I,K ipſos A, B, C 
gl. ax, 1, procreabit. gergo ED — A —HL. h unde E. 
by, 7, Hi: L.D, SedEkDH, lergo LD. ergo 
| k ſappoſ. D noneſt maxima communis menſura ipſorum 
fl 1 a0. def. 7. A, B, C; contra Hypoth, 


CG oroll, 


Hinc, maxima communis menſura quothibet 
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wlh poryerorum mericur ipſos per numeros, qui mi2 
ary nimiſunt omnium eandem rationem cum ipfis 
8 habentium. Ex quo patert methodus.yulgaris re« 
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Þ diced fraQtiones ad minimos terminos, 


"30 


PROP, XAXXVI, 

-Duobus numers dat A, B, reperire, quem illi 
ninimum metiuntur, uumerum, 
A, $.. B, 4. 7 Si A, & B prin 

AB, 20, ſint tacer ſe, eſt AB quzſitus, 
D------ Nam liquer A & B metirl 
E=-. F == AB, Sifieri poteſt,metian- 
tur A & Baliquem DIAB; 
puta per E,&F. 4ergo AE=D—=BE, b quare 
A,B::F.E. Quia vero A, & B cprimi ſunt ; 
inter ſe, d adeoque in ſua ratione minimi,e zque 
merientur A ipſum F, ac B ipſum E, Arqui 
B,Ef:: AB, AE (D.) gergo ABetiam metie- 
tur D, ſeipſo minorem. Q, E. A. 


M6... B.q. F---- 2, Caf. Sin f 17- 7: 


C,z. D,z. G.--. H=.- A, &B inter ſe $79. [-73 


AD, 12, compoliti fue- 


rint, þ reperiat- h 35, 92 
zur'C, & D minimi in eadem ratione, ergo | 19, 7. 
A D=—BC. Erit A D, vel B C quzfitus, 
Nam ! liquer B, & A ipſum AD, vel BC 1s, ax.91 
metiri Pura A, & B meriti FAO AD, nempe 


| Aper G, &BperH, mergo A G=F=—=BH. mg. ax. y. 


nunde A.B:: H, Go:: C.D. p proinde zque n 19, y. 
metitur C ipſum H, ac D ipſum G. atqui D.G g confir 


qgiAD.AG(F.) ergo A Dr metitur F, major þ 21, 7, 


minorem, Q, EF, A, q. 17.7. 
____ Coroll, | r 20,Qdef.7. 
Hinc, fi duo numeri mu)tiplicent minimos | 
eandem rationem habentes, major minorem, & 
minor majorem, producetur numerus minimus, 
quem 111i meriuntur. 
us OT Mr L PROP. 
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Ci! | $i negas, aufer Eex CD, quoties fieri Potel 


(i 
| i ' d12,4x,7, ergo etiam reliquum! FD merjuntur, ergo En 
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PROP, XXXVII 


"A's. B, K * © $1du0'mumert A, By 
E;&: cen B, merum quempiam CD 
C----F-:-= D ["L riamur, ctiem minimum! 
quem ill metiuntur, eunlaij 

CD metictur. | 


a byp. & relinquatur FD*2E.quum lgitur A & B am 
b conflr, tiantut E,b & E ipſum CF, cetiam A, & B mi 
C 11, 4x.7. tjuntur CE; 4 meriuntur 2urem rorun! CD; 


elt m{thmas,quem A,8& B meriuntur,contra bygA, 

of Y p R O P. XXXvitl _ ÞÞ3 

A,34P z4,C Tribus numerk daths ABC þ 

1; | whine Iz, reperire minimum,quem iliml -* 
tiuntur, 


2.6, L z Reperi. D minimum, quem duo A, 
meriunturz quem. fi tertius C metiatur, WF [ 
efle quzfitum. Quod fi C non metiatur D,| 
 E mittmus, quem C, & D metiunrur. 
E requiliras, 

A,2, B,3. C,4 Nam ſingulos A, BY : 
D,6. BE, 12. MT hee ex 11, p | 

Fo.- Quod vero oullum4 
- | 4 mminorem merianti 
b37. 7. facile oftenditur, Nam {fi afirmas, b ergo! 
| metiturF; bproinde E cundem F metitur, n | 
jor minorem, Quod eſt abſurdum, 7 


Coro. 


Hinc,fitresnumeri numerum quempiam mM 
tiantur ; etiam minimus, quem ill; metiuntu 
eundem metietur, 


Pſrewſmetd[w | 


"TR DH © Wor: ©” 

PROP. XXXIX. 

8 \, 12, $i numerum A quiſpiam numerus 
*FB.4, C,;- B metiatur, ile A quem B meti- 

= this rur, partem habebit C, 2 metiente B 
"Rlenominaram. , bo = 

if Nam quia J 4-3C, b erit AZBC, cergo a byp. 


bg. 4x.7; 
A } | « AX. Fe 
{+ Ta Q.E.D. oy OILS | C7,4x.7, 


- PROP, XL; __— 

| . ST numer A. pariem babuerit 

By IF, © quamlihet B, metietur ilum nume-. 

B,z. C,5. rusC, 2 quo ip[4 pers Bdenomi- 
OI. 

Naw qula BC o=A,b erit & =B. QED. abyp. 8 | 


ru Xs Fo 
| A PR O Pp, XLI, PLUS 
fl: G, 12. Numerumreperire G, qui minis 
FT þ H--- mus cum fit, babeas datas partes , | 
” [ 25.33 4* : 4 . 1 
RY zlnveniatur G minimus, quem denominato- 2 35. 9: 


Fres2, 3, 4 meriuntux. b Liquet G habere partes, b 39. 7, 
3 BY 4.7, Siflert poteſt, HIG babeat eaſdem 
F partes 3 c ergo 2, 3, 4 meriuntur H, & proinde © 40, 6, 
1" 3.090 eſt minimus, quem: 2, 3, 4 merivntur. 
*<anva conſt, - 
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&u$h A,8. B, I2, Of 18, D, 27. | 1 
£ i” bh 0 1 LIP E- Fo. G.c. os 


6&1 ſucrint quotcunque numeri deincey 
as proportionalesA,B,C, D ; extrenill - 
Ye vero ipſorum A,D primi inter [e h: 

. erint ;, 1pf A,B, C, D minimiſut 

E omnium eandem cum ek rationa 


_ babentium. | | 4 

ay Nam,fi fieri poteſt,ſinr alii totidem E,F,GH 3, 
a 14.7, minores inilla ratione. « ergo ex quali ADJ 
b 23.,7. . E. H. ergo A, & D primi numeri, b adeoqueifj ,, 
c21, 7. ſuaratione minimi, c zque metjuntur E, &8I | 
ſeiplis minores; Q. E. A. . 

| PROP :IL 4 

% TITRE = RD Hh 

; $3545.4 x) 2g Sol By $3751 } 

| . >. Aq, 4. AB,6.Bq,g. y 

+ =: © Ac;8, aqB, 2. ABq, 18, Bc,.29, ff 
© Numeros reperire deinceps proportionales wil b- 

Mos, quorcunque juſſerit quiſpiam, im data ratinf| | 


ad B, | | 
Sint A, & B minimi in data ratione. Erwifi f 
Aq, AB, Bqtres minimi deinceps in rationeY 
ad B. bs 
219.59. NamAA. ABa::A. B a::AB. BB. ita | 
b 24. 7. quia A&B b primi ſunt inter-ſe,c erunt Aq, | 
c 29. 7. inter ſe primi; d proinde Aq, 'AB, Bq u 
d1;8, = minimi in ratione A ad B. 
Dico porro, Ac, AqB, ABq, Bc in ratio! L 
A ad B quatuor efſe minimos, Nam AqQ , 
elzy.7, AqBe:: A.Be:: ABA (AqB.) ABB, e atq 
A, B:: ABq. BBq. (Bc) Quum jgitur Ac, 


Fi 
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| fjocer: Te; wy f 18t., rn ervnet. de. gh, y, , ape « RY ". 
| ABq, Be:quatyer i. minimj; Ingafious. A. 
7 1 _—_ .quoryis proportionales Inveſt i 

ph bis. ” Fs! 357 ) 416:9; ?, 47 


{ v1 Coroll. * £ 


1; Hine; fitres numeri mjniry ſuntipropor= 
roi extremi RGA .erupt 3, Þ quatuer , 
cubl, TOBLY 2 

2. Extremi quotcunque proportionales per 
-hanc propol. inventi:in data ratione mniwi, ly- 
ter ſe primi ſunt, 

3. Duonymeri, minimiingata ratione, 5 
xipitur omnes medios quorcpnque minimorum .. \._. © , 


GH incadem ratiqne:;- quia ſcilicer producuntur ex © 

D: -illorum muliplicatione i in alios quoſdam. 0U- « 
ny Weros. + -/- T% $751 95% Rs | 

Y . d- Ss 4) R ” W ®; 


| 4. Hincetiam liquer ex coniryQione, ſeries © * 
numerorum 1, A;Aq,' Ac z. ti B3BqyBc;:Ag, ©. 
AqB, ABq,. Bc, 'conſtare zquali multitudine 
.humerorum z :ac ; proinde extremes; \numeros 
F ue minimorum continue.proportiona- x .1&? 

efle ultimos toridem continue-proportio- 
M's abunjtate. ut extremiAc, Bc cominue + »; 2 
. proportionalium Ac,AqB, ABqzBeſunt ultipl _—_. 
totidem proportionalium ab unitate 1, A, Aq, 
Ac; &x, B, BqBc.. + 
5. 1, AAg, Ac; & B,BA,BAq zac Bq,ABq 

ſunt =in ritione I ad'A. item, B, Bq,Bc; & 
A, cp ; ABq$ ac, AL funt = = in ratloge 

| Lad B. 


1! PROP. 18h, 3 51-47-4284 
of Ap. B13, ©, 18.'D, 38.” "8; "I ” 
| ©" cutquenumert 
"3 A,B,C; D deinceps proportionales,minimi omnt- 
oY ameandem cum eds rationem babentjum ; illortim 
extrem} A, D ſuns inter Fn prin. = | 
Nam 
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oe VA-RE' By Hit non ali *6runt, ial. 
| Jetta t Teroll; 

exrecal A & D primi ſunt inter ſe, ' Q, ED, 

PR -O'P; 1 V. 
A'S. Byy. ' ©; Dyg.'7 ** 1: Raatobibue! ds 
H,4. F, 44% 'B; '20, G, T5; 46 :huwcaniquk 
[== Ko. L--- minmi tciln 
11(AiadB, BC ad 
D) re OR delucegy renin. 

Fjonibus, 

4 RepriEibhamun, quem B, &C tmerſun 
E$2zque metiatur,ucA alrentin 
'perenhatih'M. d'tenCliptum B,acD 
Altetuhi 


£9. &x. 7, Mimiin datis rationibus, Nam AH 6 =#3% 
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7B, KC WMindoiK'methmtur.:  1z'Qinre'eridn 
"E'ditaeth-ChuPiltvr, Sipſdinſnutoas,: 'QEA. 
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AG, Boe C, 4, D, 3. 'E, To 'F, 

v1 4, G,». 1,r5, Ret, q 
Da 6 ab 46 ratloglpuy "N22, 8 Cad 
+» acE 5d *br prius, tres *H, G,l 
minimo: Fo ke 6 Hlonitng AadB, & "Cad 
b 3. poſt. 7. D. runc 6 E ntlnidrumiT twerſartir, þ ſume alte- 
KLE quem Fexque metiatyr ; erunt quatuor 
«Gl s 2 deinceps minimi, in datis rationibus, 


$37: 7- 
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Guzqueiihewantur :' exahr BB, Gabi- | 


dn, alieraprobablmus, as quinn | 


A, 6, 


Þ 4 © oor :, BY 7 Ss of 
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af +-14;6. B,5."C,4. D,z mY Bys! 
at] * Hong! G, 29, I, ry 5510. 

h ;  M, 48." L, 40, K, 30. N, 105, 

Sin E non metiatur I, fir K minimus,quem 


E, &I meriuntur; 8 quotes I ipſum K,toties G 
4,l ipſum L,& H ipſum M metiatur, quoties vero E. 


ind ſum K.zoties F ipfum N metiatur, Erunt M, L, 
*|- KN minimi deiuceps in. daris rationibus x quo J 
bp demonttrabiwus, ut privs. - P10 


__—— ROE. Y.;. oy 
3g - Plani.. , numeri 


nl C4 E3- CD, EF rai- 

D D, 6, F,16, BD, 18, onemhabont ex la- 

| CD,t4- EF, 48. 1 nr rhe 

> en 7 5 Fr, + = 

E, :' Nam quia CD. ED: SOTLOARS EB :: a 17. 7. 

G D. V. Fes _ = + 9 C etit ratio b 20 def. Go 


ho 
94300 Iv .P R. 'a p. VI. _ _ | 


ney Ste 7 C,36; D, $4. E872! I. 
PF orcung; Ada? Whiveys proportionalis . 
oh D, 3 primils autems A ſecundum B non 
meriatur, ne -que alins quiſpiamullum metictut. © ."* 
d Quoniam A non metirur B, 4 neque quilider 220 def 6, 
x {| proxime ſequentemmetietur quia A.B :: 
d 
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or” -- IS 
= 


C. D, &c. b Accipe tres F, G, H —_ in 
ratione A ad B. quoniam igitur A non meti- 
wwB,. aneque F metiecur G. c ergo F non eſt 
unitas;dſed F, & H inter e primiſunt ; ergo 
{| , quomee fir ex zquo A.C :: F. H, & F non 
wedatur H, neque A ipſum C metiewur ; z * pro- 
inde nec B ipſum D, nec C ipſum E, &c. quia 
we D e::3 'C. E, C476 Bodeiti modo 
«Kt TE ſumpris 


— 
— Cs AA ee EE AGE OE EEE AE IS 


Fx b8 OE 


fumwp ; quatuor vel Pe ratio 4 qo 
A ad B,oftendewur Aipſes D,;&E ; 2B ip 
E, & F non metjri;&c, Quare 'nullus _ * 
tietur, Q, E, D. 


PROP. VII ” qt 
:/ 8,3. B,6. C, 123, D, 24. B,4R: 


5ifi nt quotcunque numer!  deinceps propenitia -, 
tes "ur B, - D, f. primus aiitem A extremum R By 
metiatuy ; jetiam metituy x ſecundum B. 

Si negas A metiri B, 4ergo nec ipſum E me. 
op contra Hypoth, 


PROP. VIIL,' +0 


Az24.'C,36. D,54. B,81, _ Si inter. dat 
G,8. By 1,18, K, 29. numeros A,B 
E,32, L, 48, M, 72, F, 108.  medii configui 
proportione «>< [ 
ciderint numeri C, D ; quot inter eos medii co lfl * 
zinud proportione caduns numeri,. tot && inter atm 
E, F eandem cum ill babentes rationem, medifl - 
continus proportione cadent. (L, M.) 
_ eSume G; H;1, K minimos in ration? 
AadC; ; berit ex zqual,G> K :A.Bc:: EF, 
Atqui G, & Kd primi ſunt jnter ſe , quare G | 
#que metitur E, acK ipſuwF. per - demn 
merum wetiatur H ipſum, L, & I ipſum fn 
iſ itaque E, L, M, F ita ſe babent ut'G, Hl, K; 
hoc eſt ur A, B, C, D. QE,D. dog: | 
FLO 
EY | $i dus Kamen 
Bs: Fi Ang: A,B, fint inter-je 
| _ 4. H, Ly F, 9. . primi;. &*'inzer 
Azv. C12, D ,18. B (29. eas Ypedii: conths 
| 8:4 | propertione 


ceciderin numeri,C, D; quot inter cos medil.cowe 
Triad i 3;nus 


__— #2, CY a T7 AT 4.0 Oy 
a TDELTFIN\SS 
z i * 4, wot _ 


0 a, ; »1 qertione ceriderinr ett (E,G, 
ſoo} &F,1) &' inter. utrumgue c£0ruM 45 NIIGIEIR Ee | 
« Ti comtnus proportione cadent. «+ 

"*Conſtat 1, E, G, A-;&1,F,l \Beſſe =; & 
totidem quot A, C, D, 'B, nimirum Tg 


2.8, QE.D, 
ST ©: 
'A,8,-T, 12, K, 1B. B, 29. Si inter dues 


WS 3; Rs 3 unitarem Conrimue 

: I, proportioRdces C2- 

| ciderms namer: 

* D& F,G,) qu6t inter utrumque ipſerum, & 

unjtarem deingeys medii continas propertione c#- 

dunt numcri, zotidem (& inter ipſes medii conttnus 

$545 cadent, I, K. 

m E, DF, G; & A, DqF ()9G (x) 

Ain = =, per 2, 8, ergo, &c. 


A? p R. Oo PD. XL, 
"A, 2. B,3. - > Duorum quadratoram 
"ne Ag, 4. AB, 6. Bq,g. namerorum Aq, Bq ana 
B | . ;,  - medins proporitonalis ef 


GH Tunerus AB. & quadratum Aq:ad 
"7 ms duplicatam bahes lateris A. ad Lars B ratio- 


B, 4. DF, 6 ; A, 9, numeres A,B, & 


K; eLiquet Aq, AB, Bq, efſe =. b proinde eti- a 17 7. 


Aq A 
'| am —* — —bjis. Q, 
"l "> 6 7 bis, Q. E. D. 


b 10,def 5. 


22, t. 
b 10.def.s. ng bprolnde -: 


22.8, 
b 14. 7. 


a2.&11.8, 


_— ” " a "_ + l ” 
**, A a, | ejbit m Ss, M 
q , Ds 2; $ F.-: oy i 
Bb | C Ge 
9 


Fr bo: $4836. ABq, 48; $ek 64. 


' Ce.*WE:D. - 


_ * Y 
: n . 1 FF 
ns V4 : 
AE. # 
gun, rs ae 
LY + % ws as. ot #5 > 
« \ P::- Fe 28x 
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D 

an en” 

5 meroram Ae, 
Bc duo medi 


propertionales ſunt numeri AqB, ABq. Et cubig 


Ac ad cubum Bc riplictzam babes laters, Aud 
latus B rationem. 


£NemAGAqB, Ra Be ſunt in ravlons 
= ter. Q. E.D: 


Az 3. By4s. 
" Aqz9- AB, 12, Bqz1s,. 


PROP, XilL 


So M2. -B,4q. C,v. 
Aq;4; AB, 8. Bq,'16." BC, \ FS; Cqusp.” 
Ae, '$,' 'AqB, £6. \ABq, z2, Bc, 64. peg 
:*BOCq; 256, Cc, 5i2, . = Wl 


Fit: 


> fc > wa L_ 


Si put quatliber numer}, deinceps proportion 
A,B, C;' & multiplicans Lp: que ſcipſum jz6is 
liquos ; - qui ab ills produ re Aq, he 
proportionales erunt: & fi twmeri primum poſtti A, 
B, C multiplicantes jam faitos Aq, Bq, Cq, fects 
vimeiqabe Ac;Be,Cc; tpi quogne proportiongiy 
- Ernint; &' ſemper circa extremss hoc eveniet. - 

Nam- AqAB,Bq,BC, Cqeſuas 6 erg 
Ex #6 Ae Bq :: Bqz Cq. QE. D. | 

#lrem Ac, aqB; 'ABq Br? BqC, BCq;G | 
ſunt , b ergo iterum ex qyo, Ac. BC Fo 


X1V. 
St quadr atus nk 
merus Aq quadrie 
tum Nnumerum ÞBqÞ} 
mettatur, & latus unius(A) metictur latugs alterius 
(B:)& fo unius quadrati latus A metierur latus al. 
terius B,& quadratus Aq quadratum Bq menenur. 
:, Hyp; Nam Aq. AB 4:: AB, Bqz cum 
igitur ex byp. Aq metiatur Bq z idem Aq ſe- 
cundum 


PRO. $4 
Aq,4q4. AB, 12, Bq, 36, 
A, 2. B,6. 


WW bk FL 6 ni POT. a, PE iN. RY - 7 AR. OS: WE" 
FR F-as s "I 0 $50 OE I 
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1.0 AB b metietur.a MA. AB tA. B, bg. 8 
« ergo eriam A metitur B, Q, E. D. £20 def. 7; 
yp. A mietitar B. c ergotam Aqipfum 
Th cyquam AB ipſum Bq meritur; d & Fn d 11, 4x.75 
Aqpietitur By. Q. E, 'D. 


>. '- 


PFROASEY,: 5: 
FACS B; 6».. -* Sicubinine- 
| Ar,S. AuB, 24.ABq "y Bc,z16, merus Ac 'cu- 
Ine bum numcrunm 


Bc'metidtur, & latus unjus (A) metietur latus 

alterins (B:) Et fi latus A untus cubi Aclatus B 

alterius Bc metiatur, & cubus Ac cubum Bc 
\ _ 

'Nam Ac, AqB, ABq, Bc 4 ſunt —. 2 2.812.8, 
fy As \metiens extremum Bc, c etiam ſe. bbyp. 
cohdum AqB metietur, atqui Ac, 'AqB :: A. B. c7.8, 
Jigs, etjam'A merietur B. 7 © IHE 

A metiturBzd ergo Ac metitur AqB, d 20.def 7. 
tuna, 8 bic Be z'vergo Ac metferur be, © 11.6x.7, 


, 


QED. 
PROP AVI | | 
A,4; B,g. Si quadratus mumerus Aq 22, 
$0 Ag 16, Ba, 81. quadratum aumerim Bq on 


w-- metinrurmogue A lute wins * 

Coll Mhteriucketus B menienur r &f fo A lates uniusqua- 

Bk drati Aq non metiatur B latus dlterius Bq, neque 
quadratus Aq quadratum Bq metietur. 

Ry r. Hyp. Nam fi affirmes A metirl B,e etiam a 14.8, 

” Aq ipſom Bq metietur, comra hyp. 

. 2. Hyp, Vis Aq 'metiriBq; aergo A jpſur 

{ B metietur, contra byp. 


P © 2 Js ht on tha E _ - 0G < 5 
of . 
bd e 


PROP. XVI" MM" 


- A,z, ", Jo: 7 $t cubus nuUMCrIG ' Ki » 
Ac,8, Bc, 37. bum numerum Bc non meti 

tur,neque A latus unius latur 
B alterius metietur, Et yo; latus A unius cubj Ac 
latus B alteriue Bc non metiatur, neque cubus Ac 
> cubum Bc metietur. ! 
+ an5.8. I.Hyp, Dic AmetiriB; 4 ergo Ac metietur ( 
Bc. contra Hypoth, 7 

2. Hyp. Dic Ac metiri Bc; 4ergo A jpſpmþ 

meticrur, contra Hyp, | 


PROP. XVIII, 


C,6:;: Dy... <. Duro ; fmilizum I 
CD, + . _ * " porum numerorum Cl), 
Eg. F, 3. DE,18, BF, unus medius are 
F, 27. portionalks. eft numer 
DE: & planus CD 
4d plenum EF duplicatam babet laters C ad law 
bomelogum E rationem. 
*21.def.7. Quoniam * ex byp. C, D:tE.F; ' permy: 
a17,7, tandocritC,E :: D F, atqui C. E 4:: CD; 
bii.s. DE; 4& D.F:: DE. EF, bergo CD. DE:: 
DE. EF. Q.E.D._ 
c29,def.5. c Ergo ratio CDad EF duplicata eſt radad 
-_ SI ad DE; hoceſtrationis Cad E, vel Þ 
F 


Coroll, 


Hine perſpicuum eſt, inter duos ſicailes pl 
nos cadere unum medium . proportionalem, in 
zatione laterum i homologorym, | 


. ”_ ROO repos: V111I. Hs , aces I. 793 hk 
=... PROP KIN: 
CDE; 39, DEF, 60 EGE, 120. FGH, 240, 
{ F CD, 6. DF, I'2, FG, 24. 

C, 2; D, 3. E, 6; F, 4, G,6, H, IO, 


s Ac Duorum fumilium (olidorum CDE, FGH, duo 
| mediiproportionales ſunt numeri DEE,FGE. Er 
ietur # ſolidus CDE ad ſolidum FGH triplicatam ratio- 
|| nembabet later homologiC ad latus homologum F. | 
mij goin ex*hyp, C, D::E.G; & D, *21.def.7, 
E::G.H; erit4permurando C, F::D.Ga4:12 13,9. 
E.H,arqui CD. DFb::C.,F; & DE, EGb:: big. 7, 
. D.G. cquareCD. DF :: DF, FG:;E., H.ciu, s, 
ple dergo CDE. DFE::DFE, FGE::E. Hi di7.7. 
2D, FGE. FGH, ergo inter CDE, FGH. cadunt 
dre duo medii proportionales, DFE, FGE. Q.E.D, 
rr e Liquer igitur rationem CDE ac FGHrripli- e10.def.t, 
:D caameſlerationis CDE ad DFE, vel Cad F. | 
au QE. D. 


| Coroll, 
ou  Hinc, inter duos fimiles ſolidos cadunt duo 
DS mediiproportionales, in ratione laterum homo- 
dt! logorum. 
nis PRQP.:X&; 
D A,I2, C,18, B, 27. $i inter duos nu- 


D,z, E,;z. F,6. G,g. meros A, B, unus mes 

dius proportionalisca-. 
| datnumerus C.fmiles plani erunt ili numeri, A,B. 
jd a Accipe D, & E minimos in ratione A ad a 35, 7. 
in C, vel CadB. bergo D zque metitur A, ac E b1, 7, 
Ipſum C,puta per eundem F.bitem D zque me- 
titur C ac E ipſum B, puta per eundem G. c er- C9. 4x.7, 
go DF=A, & EG=B, d quare A, &B plani d 16.def.7, 
ſunt numeri, Quia vero EE, =C c-—DG; 
ectit D, E::F,G, & viciihm D.F :: E, G. el9.7. 
ſ ergo plani numeri A, & B etiam fimiles ſunt, f21,defp, 


Q E.D, 
PROP, 


- "7% wi RY; LEE * "II \ 
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[ gent or um © 
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FRO k XXl. 


A 16. C, 24. D,36. B, 54. Si inter 
E, 4. F,6. 6,9. * duos num. 
H,2. P.,2. M, 4+ K, 3. L3. N,6. ros A,BJuo |} 4 
medii. pro- | 
portionales cademt numeri C,D; fimiles ſolidi crun | © 
il; numeri, A, B. 
a2. 9, 4SumeE, F, G minimos — in ratione A ad 
\ bz2o. 8. C, b crgo E, 's G ſunt numeri planj ſmiles, 
' c21.def.y buj ler AH AP; ilius K& L: cergo H, L 
d cor 18.8. K:;P.L::#E.F. Arqui E,F,G il Ks n 
e 21,7 D e 2que metiuntur, puta per eundem A | - 
iidemque ipſos, C, D, B xque metiuntur, old 
f9.4x.7. pereundem N fergo A= EM — HPM, } 
g 17.def.7. B B-— GN—KLN, g quare A & B ſolidi unt : 
numer), Quoniam veroCf—FM; & D f— 
 h1i9.7. FN, crit M. Nþ::FM, F Nk:: C Dt: 3: 
ER9.S F ++ H.K:: P, L, m ergo A, & Bſunt numer 
 J conflr. tolidi fimiles. Q. E. D. 
, m21.def.7 LEMM 4. 
AE, BF, CG, DH, $1 proportionales 
A, B, . C, D, mnumeri A, B,C,D 
E, F, G, MH. proportionales qwu- 
meros AE ,BE,CG, 
DH mectiantur per numeros E, F, G, H, erunt _ 
[E, F, G, H | proportzonalcs. 
a 19. 7. Nam ob AEDH 4—BFCG, a & AN—=BC, 
b 1. 4x, 7. dan et, C hoc eſt EH =FG, 
ceoge D. 'F :G. a” 4 D. 
| CoroR. 
in 415. def 7. Hine 9 _y gh 1,B:: b Bodk 
|. B 
ti elem.prec. LA:: :A.Aqeergo ln Ft Fe Tons 4 ergo Fa 
78 ut Similicer ©. i in — abs — &G fic de 
. Ac  Acce 
reliquis, 


PROP, 


x be Fo WW. s OP 'F WE. x 4 v bo TL *, n >. = ” : ; "2g Xs. | 4 x ; A 
Ng 47 "$1 » © £ FE.” JA *. 
of o b f : 
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a ce ti BY : "&- - & * — S ; 
WHEL Sx 68 % fi ” os WY. 4 F 14 2 . LF % 
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Wi» KOP XXIL. 
| Aq, B, C. Si tres numeri, Aq, B, C 
| 4; 8, 16. deinceps' font proportionales , 


primus anmtem Aq ſet quadrazus 


; & tertius G quadratus erit, . = 
ENT WEL * T1 + 7 = 
þ Ec ad ED 24.30,P. 2 
Nam © why 4—Bq,b erit is a & by. Fe £2 
| Liquet yero —<ſle numerum,d ob Fyel Gr Et; A | 
s | merum. ergo ſirres, &c. 5; y. & 
# PROP, XXIII. RY 
| Ac, B, C, D. $i guatuor numeri Ac, 
8. 12, 18, 27, B,C,D deinceps font pro- 
, Won portionales, primus autem 
; Ac fit cubus ; & quartus D cubus erit. | 
| f I . BC — 219.7. 
| __ quia AcD a—=BC, berit D=- = by. a 0-1 
B | K o tem, | 
'| F,#C ; hoc eſt (ob Ac C—4 Bq, & b proinde _ _—_ 
: I: be _- Be B, d 20.7." 
? G= = Ie Re Kee DE: Aq © 15. 8. 
: eliquet vero ipſum g eſſe numerum quia 3 
| Ig | Aq 7 Acc... , 
x vel D numerus ponitur z ergo {i quatuor nfime= 
f ri, CC. ; ; 
2” "KOs. X0LV; 
A, 16. 24. B,36. Si duo numeri A,B r4- 
\ C,4q. 6. D,9. nionem habeant inter (Ce, 
ao quam quadratius numerus 
; C al quadratum numerum D, primus autem A ſi 
q qutdratus: C7 ſecundus B quadratus erit. 
6 Inter C, & D numeros quadrartos, * adecque * 8,8, 


inter A;8 B eandem rationem habenres, 4 cadit a'11, 8; 
TIL Son _ - n IE 


| SS. 4 
:& 


*I2.& 19, 


unus medius propottiolialis.,Ergo b cum A qual nal 
dracus fir, 6 etiam B quadratus erir, Q.E,D A nio 
Ss :  Goroll; )  * pat 
_ I. Hine fi fueriot duo numeri fimiles AB, CD Q 
(A. B:: C.D) primusautem AB fit quadratu, 


; feats 


KK 


a 18, $, 


. -etiam fecundus CD quadratus erir. 
'®r1.&18, | 
8. 
 *_ riquadratiad quemlibet non 


- autem A fot cubus, & (ecundus B eubus erit;- 


. detiam Bcubuserit. Q. E, D., 


* Nam AB. CD:: Aq, Cq. Me 
2.Liquer ex his, proportionem cujuſvis nume: 

| uagratum, exhis 

beri nullo modo poſſe in Fe numeris qui; 
draris, unde non erir, Q. Q:: 1,2,nec 1.5, ;:Q 


Q, &c. 


C, 64. 96, 144. D, 215. Si duo numal 
A,8;'12.18, B,27, -A,8 rattonem ini 
CA IIR® 24 | ſe habeant , quan 
cubus numerns C ad cubum numerum D, prit «yl 


& later C, & D cubos, b adeoqueinter AQ 
B eandem rationem habenres, cacunt duo me- 


L 


dit proportionales, ergo 'propter A c cubum; 


Corll. 

t. Hinc etiam fi fuerint duonumeri A BC, 
DEF(A.B:: D.E.& B.C :: E.F;) primus autem 
ABC cubus fuerit, .etiam {ecundus DEF cubus 
erir. | | b: 

* Nam ABC. DEF :: Ac—Dec. 

2, Pateretiam ex his, proportionem cuyulvyis 
numeri cubi ad quemlibet numerum non cubum 
non poſſe reperiri in duobus numeris cubis, 

PROP, XXVI. 
A,20, C,;o. B, 4s, Similcs plani numeri 
D,4. E,6. F,g. A, B rationem mer (c 
babent, quam quadr4- 
tus numerus ad quadratum numerum | 

Inter A, &B @ cadit unus medius proportin 

nalls 


Fae v1 


. . (hi PIC As dba». "ROE : ; Q 
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l 4 , ff ot %£ ? C 4 : ger {AR , 
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If calis C,-b ſome tres D, E, F winimos in ra® b 2.8, 
IJ rione Aad Cr c Extremi D, F quadrati erunt* c cor, 2. v. 


4 arqui ex zquali A, B 4::D, F. ergo A. Br'di1, 9, © | 
} | Q Q. Q, E. D. | | 


| A,16, C,24, D,z6. B,gq. ' Similes ſolids 
 $8,8. F,iz. G,18, H,27. numeri A,B,re- 
= tioncm haben 
ol inter ſe, quam cubus numerus ad cubum numerum. | 
& Inte: A, & B caduntduo medii proportio= a 19, $, 
nates, puta C&D? b ſume quatuor E, F, G,Hbz,8, 
# minimos =.in ratione A ad C, bExtremiE, ——- 
& Hcubi ſunt, AcA, Be::BHiECCOQED., c 14.5, 


$chol. | | 
-4, Ex his infertur, nullos numeros habentes Vide Cla- 
all propottivnem ſuperparticularem,, vel ſuperbl- vium, 
mel particotem, ve] duplam,aut aliam quamcunque 
-F multiplam non denominatam 2 numere qua= 
> 8 drato, Sfſe ſimiles planos. 
«| 2. Necduo quivis piimj numeri, neque duo 
goque inet ſe primi, qui quadrati non (int, 
iniles eſſe poſſunt, 
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LIB. 1X k | 
PROP.L, 7 


A,6. B, 54: 
Aq, 36.108, AB, 324. 


RS IT dao femiles plani numeri A, B mullff A 
fey plicantes ſe mutuo faciant quenital| 
& AB, produiue AB quadratmerit. "|| At 
| Nam A.B 4:: Aq.ABzcum igjtir 
inter A, & Bb cadat unus medius proportions & 


Wa +» - 


c 8.8...  lis,c etiam inter Aq& ABcadet unus med. pro 
d 22, 8, port.ergo cum primus Aq fit quadratus,dCetial 
tertius AB quadratus erit, Q. E., D. 
Vel fic.Sinr ab,cd fimiles plani, nempe a, b; 
X 19.7. c.d.x ergo ad—bc, quare abcd, vel adbcy= 
} 1.0.7; adad—: ad, ; 5 
PROP, IL ' 
| 
Siduo numeri A, Bll ; 
A, 6. B, 54. mutuo multiplicantes fab A 
Aq,zs. AB,z34. ant AB quadratum,finillÞ} to 
planierunt, A,B, Þ| by 
217. 7, Nam A,B &:: Aq. AB; quars cum inter Ag, 
bit.8, ABbcadat unus medius proportionalis, c etjal 
c8.8, unus inter A, & B medius cader, d ergo A,&Vj A. 
d 20; 8, ſunt fimjles plani. Q. E. D. =. 
= 
PROP, IITL, 
bu 
A,z, Ac,3, Acc,64 Si cubus numerus A} 
ſeipſum multiplicans pr» 
creet aliquem Acc 5 productus Acc cubu crit. A 
als.def;y, Nami.As:: A.Aqb:: Aq Ac.ergointer 18] | 
b 19.7, Accadunt duo medii proportionales, Sed I, Ac# 
c8,38, uy AcAcc, cergointer Ac, & Acc cadunt erial 
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IF yo medil proportionales.. Proinde cum Acfit -. |, 
i cubus, d d. Acc cubus. Q. E. D. | u 23.8, 
| Velfic; aaz(Ac) in ſe duQtus facit aaaaaa. 

| (acc;) bic cubus eſt, cujus latus aa, 


d ET Be 
as 


k 
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PROP, IV. 
| Ac, Bc,27. $i cubus numerms Ac 
alt Acc,64. AcBc,z16, eubum numerum Bc mul- 
Ja} . tiplicans, faciet aliquem 


AcBc, fetus AcBc cubu erit. | h 
Nam Ac. Bc4:: Acc. AcBc, ſed inter Ac a 17, 9, 
& 6c b cadunt duo medii proportionales3zcergob 1s, 8, 
inter Acc, & Ac Bc totidem cadunt. iraque cum c 8, 8, 
Acc fit cubus,d erit AcBc etiam cubus. QE.D. d a3, 8; 
\ Vel fic, AcBc=aaabbb (ababab) = C: ab. : 


PR O'P..-VY. 


Ac,38, B, 27. Si cubus numerus Ac 
| Acc,64, AcB,216. numerum quendam B mul- . 
: tiplicans , faciat cubums > 

| AcB;& multiplicatus B cubus erit. | 
1 | Nam Acc, AcB @:: Ac, B. Sed inter Acc, & a 17. 7; 
*$5 AcBb cadunt duo medii proportionales. cergo b 12, 8, 
ul totidem cadent inter Ac,& B.quare cum Accu- c 8. 8. 
bus fir, detiam B cubus erit, Q, E.D. d 23, 8 


jam PROP. VI. 


«VF AS. Aq,cq. Ac;ygiz, Si numerus A ſe- 
|| + | ipſum multiplicans fa- 
"| cer Aqcubum ;  ipſe A cubus erit, 
Nam quia Aq 4 cubus, & AqA (Ac) b cu- a hyp, 
bus, c erit A cubus, Q_ E, D. b 19.def.7. 
Al 7 C3.9: 
| PROP. VIL 
A,6. B,il, AB,66, $i compoſitus numeris 
18 D,2, FE, 3. A numerum quempiam B 
\cil}  _ multiplicans, quempiam 
feciat AB, fafus AB ſoliduserjr, 
at ny M 2 Quonjam 


a 13.def 7, 
c 17. def 7. 


222.8 
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» puta per E, b ergo A—DE 3 C quarg 
DEB=AB folidus elit. Q, E. D.. 2 
PROP, VIII. : 


1.2, 3.a*,9. a5, 27.a*,81.a5, 243, ab, 219 


- $iab unitate quotcunqi.e numeri deinceps proper. 
tionales fuerint (1,2,a7, a3, a+, &c. ) tenin 
quidem ab unitate a* quadratu eſt,c& unum inter | 
mittentes omnes (a+, a6, a8, &c,) quartws eutth 
a3 eft cubus,& duos intermittentes omnes (36 ag, 


.&C. )ſeptimus vero a6,cubus fumnl @ quadratus;Q 


quingque intermittentes omnes (a'?*,al18 &c.) 
. Nam 1. a* =Q. a, & a* =aaaa—=U.a, 
& a6—aaaaaa—Q. aaa, &c. ; 
2, a3 —aaa—C.,a &as6 —aaaaaa=C, 
2a, & aaaaaaaaa=CO. aaa, Kc. '' 
. '3. a6==2aa2aa:=C, aa —=UQ, aaa, ergo, & 
Vel juxta Euclidew ; quia 1.2 &:: a.a?beri 
a?—U: a, ergocum a?, a3, a+ fint =celi 
tertius a+ etiam quadratus pariterqz a6, a8,8 


Item quia 1,4 4::a?.a3. erit a3 ba? ina=. 


C:a dergo quartus ab a3, nempe a6,etiam 
bus erit, &c, ergo a6 cubus ſimul & quadrawf 
exiltir, &c, 


PROP.15, 
1.4,4. a?,16,'a3, 64, a#, 256, &c, 
1.a,8, a?,64. a*,512, at, 4096. 


Si ab unitate quotcunque numeri dcinceps pit 
portionles fuerins (1,a,a%,a3,&c.) qui wn 
(a) poſt unitatem fit quadratus ; C7 reliqui ome; 
a2, a3, a+, &c. quadrati erunt, At fi a,quipl 
unitatem. fit cubus,& reliqui omnes a? ,a 3 ,a*,& 
cub1 erunt, 

1, Hyp, Nama?, a+, 26, &c, quadrart ſui 
ex Przc. ſtem quia a ponirur quadratus, 4 & 
'textius a3 quadratus,pariterque a * a7, Kcfry! 
omue\, | 


wo 
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may . | 
ua 2. Hyp. 2 cubus ponitur, bergoa#, ay. a1ob 23.8. 
' | cubi ſunt: arqui ex prazced. a3, a6,a9,8c. cubi 
ſunt. denique quia 1. a :: a.aa, 'c erit a®==Q, © 29. 7. 
2.cubus autem in ſed facit cubum; ergo a cu- 03-9. | 

bus eſt,& e proinde ab eo quartus a ?, pariterque © 23: s, 
"-I- 28, a* *, &c.cubi ſunt,ergo omnes. Q. E.D. 
muy ' Clarius forfitan fic ; Sir quadrati a latus bier= 
Wer 2 ſeries a, a*,a 3,24, 8c, aliter exprimetur fic, 
Ween bb, bz, bs, b8, &c, liquet vero hos omnes qua. . 
9 gratosefle z & fic ertiam exprimi poſſz;Q:b, Q: 
50] bb, Q: bbb, Q: bbbb, &c. 
'Y Eodem modo, fi b latus fuerit cobi a,: ſeries 
+4" jtanominari potelt ; b?, bs, bg, b"?, &c. vel 
of C:b, C:b3, C:b3,C: big,» 
"0 PROP, X, 
&[ 1,2, a%,a3,a+,ai, a6, $7 ab unitate quot- 
et} 1,2, 4, 8, 16, 32, 64, cunque numerideinceps 
1:1] proportiondles fucrint 
\&e fo a,a?,23, &c ) qui vero poſt unitatem (a) nox 

_ pt quadyatus neque alius ullus quadratus crit, pre- 
a ra" tertium ab unitate, & unum interminentes 
aw} ownes (24, a6, a8.) Atſia, qui poſt unita- 
tem,non ſit cubus, neque ullus atius cubus erit pre - 
tera® quartum ab unitate, & duos intermittentes 
omnee, 26, 29, 412, 7c, 
..T, Hyp. Nani ftfieri poteft, fir a * quadratus 
numerus.quoniam igitur a.a*. @ *:a*. a',atq; ,p 
My Inverſe af, a+ 3: a*. a;finrque ai, & a4 bqua- bſu ” Pn 
"ls 'drati, primuſque a* quadratus, c erit a ctiam g PPP. 
ney 'quadratus, contra Hyp. A wy YN 
pi * 2, Hyp. Si fieri poteſt, fir a+ cubus, quoni- B74 
Ny 2m igitur d ex £quo a, 26 ::a. 23, atque in- g 


729, 
oper. 


. Z -- % 1 
& primus a3 cubur, e ctiam a+cubus e:ir, con. , 25.8. 


tra Hypoth, 
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verſe a6, a+ ::a3, az blimque a6, & a* cubi, + Fs 
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A F.4x. 
20, def.7, 
b 14.7. item quja 1.aa b ;: a,aa44,4erit 


"I WW 
8 ”—_ dt” Ag 


* 
% , 
# 


= 1 
7.6 Quonlam 1.a :: 4.aa,@erit = = a-- 


493 . t > 6 nite 4 IEEE) ot HR SEE a Ys j 5 ; 4h x20 Ho FS VO NO 
Rope "IE "IS ye YE I ET oO Te ATR Oye! 0 WEED IF» 3 WB ROE 
: 1, WS. to 1.44 : Yo Faftag; $24.5 Piles. Wy 42% at Ther? \ <A I} op. SO PORT EO Son ED > 

8.” ; 3 : + - © F : a7 n EEE 136% RE v8 oa 
+ , £ þ , | 7 4 TS >» OR WdSfec 7 
q 834 ba bo - *W7L5 
Y Ford A ES 377 

n » « 4 BAG * \- 4% 4 

: — i % DRE 0” 

F k _ D 

(;..5." 8 : 

\_ a LT, 


PROP. XL - 54 


| $4 ah " 
c 


}, 2, a?, a3, a*, a7, as. 
I, 3, 9, 37, Sl, 243, 719. 


deinceps proportionales ſuerint (1 PI 3 .&e.) 


minor majorem metitur per aliquem eorum quiin 
propertionalibus ſunt numerk. B_ 


aa 
2424 *Y 
: = da = 
a+ 4 
w—_y—« ey &c, 
2a a3 

a+ as 
gerit — =Aa* =— &Co 
p- 4 a 


denique quia 1, a3 b::a, a4, 


Coroll, 


Hinc, fi, numgerus qui metitur aliquens ex prox 
portianaJibus, pon ie unus proportionalium, 
neque numerus per quem metitur,crit aliquis & 
proportionalibus. qo 


PROP. XII. k 
a3. a3, at, $i ab unizate guotcung; 
3 


I a, Sp. 
", 6, 36, 216,-1296, wumeri deinceps proporiic: 


By. 3. nales ſucrins ( 1, a, a, 
a3, a+,) quicungue prk 
morum numerorum B ultimum a* metiuntur jiden 


| (B)&& eum(a)qui unitati proximus eff, menientis: 


Dic B non metirj a, 4 ergo Bad a pyimus elt; 
bergoBad a? primus eſt; & & proinde ad a* 
quem metirj ponitur. Q, E. A, 


Coroll. 


I, Itaque omnis numerus primus ujtimui | 


meriens, metitur quoque omnes alios utimum 
precedentes. 


2, oof 


"+4 
C 


J. uni 


|. unjtarl, metiatur ultimum, erit numerus com+ 
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2. $i aliquis-numerus non metiens proximum 


jofitus. 7 


Fi Si proximus ubltati fir ptimus numerus, 
nullus alius primus numerus vltimum metietur, 
qa AeaAOP.,. SEL 


I, &, 67, 43, 4+. $i ab unitate 
I, 5, 25, 125, 625. quotcunque numeri 
H--G--F-- E-- deinceps proportio- 


| nales fuerint ( a, 
a?, a3, &c.) qui vero poſt unitatem (a) primus 
fit , maximum nullus alius metietur, prater eos qui 
ſunt in numerk proportionalibus, : 
* Sifieri poteſt, alius quiſpiam E metiatur a+, 
nempe perF, 4 erit F alius extra 4, 4*, a3. 4 cor.I2.9. 
Quia vero E metiens a* non metitur a, b erit b 2 cor. 12; 
Enumerus compoſitus z 6 ergo eum.aliquis pri. 9. 
mus metitur, 4 qui proinde ipſum 4+ metitur ; c 33.7. 
eideoque alius non eſt, quam &, ergo 4 meti- d 11.4x.73 
tur .E, Eodem [modo oftendetur F compoſitus e 3 c0r.17, 
mtnerus,metievs &*, adeoque & ipſum F metiri..9, 
itaque quum EF f—e*—4ina3 geriit4 E::F. tf 9. 8x27) 


a*, ergo cum 4 metiatur E, b zque F metictur g £Y . 
6*, puta. per eundem G. k Nec G eritg, vel a*, h 20.def.7; 
ergo, ur prius, G eſt numerus compoſitus, 8& & k cor. 11.9, 
eu metitur.quum igitur FG f—= 4! —4*? Ing, Rs 
gerits, F:: G.&* , & proinde, quia A meritur _ 
F,bxque G metietur*,ſcilicet per eundem Hz, _ , 

k quinon eſt 4. ergo quum GH— 4? — as, 120.5; 
lerit H, 4::4. G. ergo quia metitur G ( ut m 20,def.7 
prius) metiam H metietur 4, numerum pri- 

mum, Q, F, N, 
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\ PROP, x1V.' 


A.jo. Siminimummumermk 


-- F=-.= ' riantur; nullus alius nume. 


| rus primus E illum mee. 
- Fur, prater eos, qui @ princtpio metiebantur. 


; b Ergo finguli primi numeri B, C,' D ipſcrug 


F, F unum metiuntur ; non E, qui primus po- 


nitur z ergo F,minorem ſci};cet ipſo A'; contra 


PROP. XV, 


A, 9. B, 12 C,16. SirtresnumeriA,B;CY 


D,z. E,4. Adeinceps proportionales futs 
rin minimi omnium eat 


dem cum ipfis rationem habentium ; duo quilibet 


compoſiti, ad reliquum primi erunt. | 

4Sume D, & E minimos in ratione A adB; 
b ergo A=Dq;zb & C=Eq,b & B—DE.' Quia 
vero D ad Ecprimus eſt, #erix D+E primusad 
fngulos D, & E. * ergo D in D+E e=Dq+ 
DE (fA+B) ad E primus elf, g ideoque ad C 
vel Eq. Q.E. D. Paripato DE+Eq (B+C) 


' 2d D primvs eit,& proinde ad' A=Dq.Q.E.D, 


Denique quia B ad DE bþ'primus eſt, is ad 
hujus quadratum k Dq-+2 DE'+Eq (A+ 
B-«C)primus erit. I quare'jdem Bad A+ B+, 
E adeoque ad A+C primus erir, Q. E. D. 


PROP, 
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ki; B,s. C--- - - $iduonumeri A, Bpri- 


i mi inter (e ſuerint,nonerit 
a primus A ad ſecundum B, ita ſcoundus B ad dli- 

un quempiam C. 
Dic 'A. B ;; B. C. ergo quum A & Binſua 


ratione 4 minimi fint, A b metietur B zque ac B a 23. 7. 
iplum C ; ſed A c ſeipſum etiam metitur z ergo b 21. 9. 
A&B non ſunt primi inter ſe, contra Hypoth, c6. ex.7. 


PROP. XVIL | 
 A,S. B,1a, C,18, D, 27, E--- 
' Fi ſuerins quotcunque numeri deinceps propertio- 


\ des A,B, C,D, extreml autem ipſorume A, D 


primi inter ſe font z, non erit us primus A ad ſecun- 
don B, ita ultimus D ad alinm quempiam E. 
Dic A. B::; D, E. ergovicitim A. D :: B. E. 


ergo quum A & D in ſua rarione « minimi fine, 2 23. 7. 
b metierur A ipſum B; c quareB ipſum C, & C b 21. 7. 


. 


ſequentem D, 4 adeoq; A eundem D metierur, c 20.def.y. 
 ErgoA & D non ſunt+primi inter ſe, contra d 11. ax 7. 
Hypoth. 7 


| PROP. XVIIL 

Ag4. B,s. Co. Duobus numeri dath A,B, 
Bqyz6. - confuderare an poſſit ipfis tev- 

tius proportionalis C invenirs. 


Si A metiatur Bq per aliquem C, 4cric ACag. ax.9. 
 =Bqundebliquetefle A.B::B. C. QE.F. byper 20.7. 


A,6.B,4.Bq,i6. Sin A non metiatur Bq,non e- 
rit aliquis tertius proportionalis. 


Nam dic A,B :: B,C.4 ergo AC==Bq. c proinde c7.ax. 7. 


B 
- =C, Scilicer A metitur Bq,contra Hypoth. 


PROP. 
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A 8, B I'2, G 18, D 27. T'ribus nume! 
\ BG, Ps Yh dath ABC, | 
confiderare 0 


poſit ipfis quartus proportionaly, D* inveniri. . 
29.4x 7, Si A. mctiatur BC per aliquem D, 4g 
b ax. 19.7. VET” ; b conſtat igitur efſe A. B:: CD, 
| ,E.F. | 

gin A.non metiatur B C, non datur qQuartug 
proportioualis ; quod oftenderur, prout in pre. 
_ cedenti.. | | 


— * 


PROP. XX. 


0. ©." Priminumeriplurtiſ 
A, 2« B, 3- C,5, mij propofits multitudj. 


330. G---- ne primorum numerorun. 


4 A, B, C. 


2 33.7% 4 bit D minimus 
& - _  kD-+1 primus te, res pajery i compoligny 


Þ 33-7» : b ergo aliquis primus, puta G, merityr D+1,' 


qui non eſt aliquis trium A, B, C; nam fiſts 
c ſuppoſ. quum is crotum D+1,& 4 ablatumD metiary, 


d conftr. E idemxeliquam unitatem metietur. Q. f A | 


E 12.4x 7, Ergo propoficorum primorum numerorum mul. 
- ctituds autta eſt per D1,; vel ſaltemiper G,/ 
ERVDS a». 4 a 7 <8 
"ON 237 BET oo We 299 OR PIT 
ky i; Boyoe Been Boer Fj, One (a. D. 30,; 


Stpares numeri uotcungque AB, BC, CD con- | 


ponantur, totus AD parerir.” j 
2 6, def. 7,” 'a Sume EB=2AB & FO=2 BC,& GD=! 
b1z.7. CD. bliquet EB +FC +GD — AD. cerpp 
£6. def. 7, AD cltpar gume:us, Q, E, D. ST. 


quem A, B, C metiun, 


PROP 


- wy" 0 oh oy on, AR ah Gs ie Pol 4 13. Cana, Graft vr _ . ad 
PRVEeee” a 7 3 A 9 "7" FS wn F £; ICT ESE oo . OTEg L 2 tbo bo 
148 « y * IN : : SH ,, 1 l ” ” G * ERR f Lage 4 
« . * : - F 
Yo . pR5 X wy % 
W > * C PSS g ” *: z i 
+ CE BRv + © it k . ** \ 
« hk. 7 *, -_% - 
Ss : l 1 1 
18% » 
by FH P 
” , ® - 
x 
G 
7 4 # 
. 


Ya os be, 4, I x '": 
BI AMC FB G.C..H.D.L.E 5. 
9 7 ) 3 


_ $i impares numeri quotcunque AB,BC,CD,DE 
b | componantur, multitudo autem ipſorum ſit par $otus 
"| AEparerit. | 

ty DerraQa unitate ex ſiogulis imparibue, 4 ma- 29, def, 7; 
pebunt AF, BG, CH, DL numeripares, & 'Y 

b proinde compolitus ex ipfis par eritz adde bis þ 21, g, 

; parem numerum conflatum ex ref1duis unita- c hyp, 

tibur, d torus idcirco AE parerit, Q.E, D. qui. p., 


nl PROP, XXlILI. 


| t $i impares nu- 

Awww Bae CooB. DIS, Meri quotcungue 
: 3 AB, BC, CD 
2 componantur mul]- 
titudo aurem ipſorum fit impar;, torus AD impar 


aggregatus A C geſt par numerus, huwc adde 2 22. 9. © 
—1; btotus AE eſt etiam par ; quaxe reſti- Þ 21. 9. 


' tura unitate torus AD c impareric, Q, E.D. C7. def. 7, 
PROP. XXIV. | 


$:. 46. 1 $1 2 pari numero AC 

A TIT B 90: 00 D + C IO, par AB detrahatur, & 
5 1 1.6 reliqnus BC par erit, 
| am 6 BD(BC—1) \3 
impar fuerit, « erit BC (BD+1) par. Q. E, D. a 9.def. 3. 
Sin BD parem dicas, propter AB bparem, cerit bhyp, * 
ADpar ;. « ideoque AC (AD-+1) impar, cane c 21. 9. 
tra Hypoth, ergo BC eſtpar. Q.E.D. © © * 


oO Ni Y 


PROP, 


'E O c L ? D I s "Elewentorum - 


"= def 7. 2ſt par ; & CB ponitur par. bergo reliquu 
- ba4.s. CDpar KY c ergo CD+1 (CA) elit impar, 
c7.def: .. WED. | 

| PROP. XXVIII. 


A, 3. S7 impar numerus A parem nume- 
B, 4- rum B multiplicans feceris aliquen 
AB, iz AB, faftus AB parerit. 

Naw AB 4 componitur ex im- 
| if 7. pari A toties accepto, quories unitas continetur 
bat. g. | in B pari. bergo AB =” numerus, 

| | PR 
Bolew modo, fi A fit numerus par, erit AB | 


PEW FP A XV. & :; 
$3.34 Si 2 pari numero kg | 7 
A. D.C..,Bio. impear AC derabatm, |} - 
7 . @- reliquus CBimuy | 
; ' eris. | 
| 29. def. 9. Nam AC—1 (AD) aett par. b ergo DB } fF 
. b24 9g. citpar.cergo CB (DB—1 ) eſt impar, GED, "'< 
| ©7.4f-3. PROP, XXVI. 
, " HD. ao $6 ab impari numer 
| A....C...D.B1i, AB impar CB ders. | | 
I | 7 batur, retiquus AC | 
| erit, 
| 27. af: 7. Nam AB: (AD) & CB—1 (CD) «ſunt 
T8 bz an ergo AD—CD (AC) eſt par. QED, 
1 | PROP, XXVII, 
{ E 4-6 Si ab imparinumen 
+ A.D...C......Bii. AB par detrabatur.CB, 
4 | 1 well at AC impar crit 
: am AB—1 (DB) 
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o PROP. XXIX, 
A, 3» Si impar numerus A, imparem nu- 
.B, 5 merum B multiplicans fecerit aliquens 

AB;15, AB, fetus AB imparerit, 
Nam AB 4 componitur ex Bim. 315. ef 7. 


Ds | pari numero tories accepto,quorics unitas Me L 
D diturio A etiam impari, bergo AB PE. * 3+ Bo 


QE.D. 
ol Scholium, 
a | Byz (C,q 1.Numerus A impar numerum 
par A. B parem metiens, per numerum 
| parem C cum metitur. 
Int Nam fi C impar dicatur, quoi.iam &4B—=AC, a 9.ex.7. 
D, b erit B impar, contra Hypoth, b 29. 9. 
Bis (Cs. 2, Numerus A impar nume- 
X A,3 rum B imparem mettcns,per it 
; ; merum C imperem eum metiter. 
$, . Nam 6 Cdicatur par; 4erit AC, vel B par, a 28, g. 
lb, H h. 
}) contra y pot 
wi Bis (C,5s. 3 Omnhknumerus (A@C) 
r A,3 metiens imparem numerum B,c{t 
impar. 

. Nam fiutervis A, vel C dicatur par, &4erit a 28 9. 
| B numerus par, contra Hypoth, 
1 1 PRAOP AAR: 

| B, 24 (C, 3, D,1 | 8, 4+ 

A,3 | A,3 

$i impar mumerus A parem numerum B metis- , jv, 

tur, & iltius dimidium D metictur. b 1. $chol. 


a Sit £ = —C, b ergo C eſt numerus par. ,g g, 
Sit igitur E=z C,crir Be=CAd=2EAe=2D. C 9.4X. Fe 


fergoEA—=D;&g proinde - = <Q. EN. ef = 
{ 7.4x 1. 


$7 0X, Fe 
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as. def.7, 
Naw def 7 b 
 CI1.9 
v8, def.p. 
[© 13.9, 


a byp. 

b 9 def. 7. 
c 8. def. 7. 
dg. 4x. 7. 


ans F. [ F \ Þ> Wy J + a 


Fae 


PROP. XXXI. 
A, 5, B, 8s. C, 16, D --- 


merumB primas fit, 6, ad illius duplum C primig 
erit. | 
_ Sifieri poteſt, aliquis D meriatur A, &C 


a 3 fcbol. a ergo D metiens imparem A impar erit,bided. 
. que ipſum B paris C ſemifſem metietur. ergo 


A,& B non ſunt primi inter {e, contra Hypoth, 


Coroll. 


Sequitur hinc, numerum imparem,quiad ah- 
quem numerum progreflionis duplz primus eſt, 
primum quoque efſe ad omnes numeros Mius 
progreſſtonis. | 


PROP. XXXII, 


1, A,2. B,q. C,8. D,16, Numcrorun 

A,B,C,D,&c. 
a binario duplorum unu{qui{que pariter par eft tan- 
rum. S 


= nimirum in ratione duply, & © proinge 
quemque minorem metiri pad bs per aliquem 
ex illis.4 Omnes igicur B, C, D ſunt pariter pa- 
res. Sed quoniam A primus eſt, e nullus extra 
eos corum aliquem metietur. Ergo pariter pares 
ſunt tantum. Q, E, D. 


P.R OP. XXXIIIL, 
A, 30, B,15. 


Sinumerus A dimidiumB 
habeat imparem, A partiter im- 
par eff tantum. 

Quoniam impar numerus B 4 metitur A per 2 
parem,b et Bpariter impar. Dic etiam pariter 


parem, cergo eum par aliquis D per parem E 
£19.79, metitur, unde 2B4d-=Ad— DE. e _ 2, 


Si impar ume.” 
rus A ad aliquent ny. 
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Couſtat onanes A,B,C,D & paresefle ; atque 
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. erga ut 2 f metitur parem E, g ficD f6.def.y. - 
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\*F parimparem B metitur. QF. N, g 20.def.7. 
3; PROP. XXXIV., 
os | A, 24. Si par numerus A, neque @ binario 


duplus fat neque dimilium habeas impa- 
> | rem; pariter par eft, & pariter impar. 
Jo .Liquer A effe pariter parem, quia dimidium 
o | imparemnon babet. Quia vero fi A bifarierur, 
| &rurſus.cqus dimidium, & hoc ſemper fiat, tan» 
dem incidemus in aliquem 4 imparem (quia a 7.def. 9; 
non in binarium, quoniam A a binario duplus 
* | nonponitur) is metietur A per parem numerum 
| (nambaliasipſe A impar efſet, contra Hypoth.) þ » ſch.29, \ 
1 crgoAcitetiampariter impar, Q, ED, 7, | 


þ PROP, XXXV. 


A ram v, 
1 | 4 8 
s | BK oceans Of I2. 
þ Cove errcoergeeres BO, 
9 6 4 8 
 Þ FO Hawk; 6 Koo N23; 
$i fint quotcunque numeri dcinceps proportiona- 
tes A, BG, C, DN, detrahantur autem FG 2 ſc- 
cuando, KN ab ultimo, equales ipfs primo A  erit 
ut ſecundi exceſſus BF ad primum A, ita ultimi 
' .exceſſus DK ad omnes A,BG,C ipſum anteceden- 
bes. | 
Ex DN deme NL=BG, & NH=C. | 
Quoniam DN, C. ( HN) a:: HN. BG. abys. 
; (LN) 4 :: LN, A, (KN, ) beric dividendo b 17, 5. 
ubique, DH. AN :: HL.LN :; LK. KN,c quaze c 12.5. 
DK.C+BG—+A :: LK (d we) KN.(A,)Q.E.D. d 3.4x.F:: 
| Corol. 
\. Hinc e componendo, DN+ BG—+C. A—+e1s.5. 
BG+C :: BG, A. 
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e 35. 9. 
' £3. ax.1. 
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| - q2O. def 7 meriatur,q conſe quenrer E non metitur Q. qua-/ 


. dem F metietur s 7 proinde F eſt numerus petr- 
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LA,s. Ks. CY. D,». * 
E, 31. G,63, H, 124. L, 248. F, 496 
M, 31. . N, 465. 
_ em | 
$1 ab unitere quotcungque numeri t, A, B,C,D, | 
demccps expenantuy indupla proportione,quoad tot 
compeſetus E fiat primus & totus bic E in ultimum 
D multiplicatus - faciat aliquem F z faftus E tt 
perſeftus $ 
 Sume trotidem, E, G, H, Letiam in proportſ 

one dupla continue ; ergo 4 ex quo A, Di ; 
- 
| 


E. L. bego AL— DE c=—=F. d ergo L=? 


| cbyp. : quare E,G, H,L, F fumt <= In ratione doph, 
| 407-©.7. StG—E—M, & F—E—N. eideo M,E 


N E+G+H+L, fatM—E. gergoN=}J - 
E+G+HeL bego F=1+A+B+ 
C+D+E+G+H+L—E+N 
Quinetiam quia D k metitur DE (F,) t etiam 


J- *. 7. finguli 1, A,B, C'm merientes D, m nec nonF, 
tt.4X-7. G, H, L metiuntur F, Porro nullus alius eun- 


nt 
dem F metitur. Nam fi aliquls, fit P, qui metia« Þ} 1 
rur Fper Q, nergo PQ—F—DE. 0 ergo 
E. Q :: ÞP. 'D, ergo cum A primus numervs 
metiacur D, & p proinde nu}}us alius Þ, eundem” 


re cum Eprimus ponatur, ry idem ad Qprimw | 
erit. ſergo E & Q inſua ratione minimi ſunt, Þ 
& t propterea E ipſum Þ ac Qipſum D zque Þ 1 
meriumur.uer2o Q eſt aliquis iplorum A,B,C, | * 
Sir igitur B; ergo cum ex #quo fit B, D :: E, H, 
xideoque BH —DE — F =PQ. x adeoque | 
Q. B:: H, P. y crit H=P. ergo P eſtetiam 
aliquis ipſorum A', B, C, &c. contra Hypoth. 
ergo nullus alius przxrer numeros prxdiQtos eun- 


tcRus, Q. E, D, 
7 LIB. 
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; Definit 10CsS . 


=apOmmenſurabiles magnitudines 
RI dicuntur,, quas cadem menſura, 
Mnars 


A bay , Be: I br 
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- OP ſurabiljtarh nora eft Q; us A 
'F ho B;hoc eft, lines A S pedum commenſu- | 
2 rabilk eft lines B 13 pedum ;, quia D linea 
a, | 1'1 unimped# fingu!as A & B metitur, Trem 
i 4 4/18 =D v/ $0 3 quis y/ » fngulas v/ 18, 
= A & v/ 59 mettur. Nam —4/9 9 =3c 
"' "4 &v/ y 23 =a/25 =5. quare y/18.y/ 50 
m RB 2.3. $6 nn, | 
E, | 11. Incommenſurabiles 2urem ſunt ,quorum 
i= | mullim communem menſuram contiogit repe-. 
2+ Þ ith. 

po | Tncommenſurabilitas Genificatur note Lt y/ 
w | 6'TL4/ 25 ( 53) boc eft 4/6 incommenſurabilk eff 
m | numero 5, vel magnitudini hoc numero defienate z 
a | quis barum nulls eff communi menſurs, us poſtca 


t, þ Lil. Reazlinez potentia commenſurabiles 
"0 i ſune, cum quadrata carum idem ſpacium meti- 
a) tay,” 
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"Huj uſce 
nota eſt” 
h. e.linea 


porentia cum quadratis 
rw, To 
wy eritl,. 

ares incommenſurabi 


y/ 8zhac eſt ,numeri yel ices, @vili 
ſing 9 beech potenria; quia bharum q| 
drata 25, & y/ 8 ſunt incommenſurabilig, © 

V;. Que:cum ita fint, maniteftum et euictn;' 


que rep. propolitz, reftas 


infinitas,& commenlurabiles eſſe, & i incommet 
ſarabiles; alias quidem Jongitudine & pore 
aliagyero:parentia ſolum.” Vocetur autem. ji 
politaneFa linea Rationalis, - 


Hujus nata'eft þ. 


VI. Er huic malate. ſive long 14 
dine & poteutia, five porentia ranrum, Rat Md 
 Jesg ps ein ty Ll 
V [ I. Huic vero a atley Irrats: 


nales vocentur. 
Ha fic denotantur p. 


VIiL. Et quadratum, quod a propoſita rea 


fir, dicatur Rationale 5 py. 


IX. Er buic commevſurabilia quidem Ratis 


&* 


tia tommenſurabils eſt ling 
OE CD, que exprimitur per , 
20, quis ſpatium E unius pedy 
quadratt metituy tam ABq{(zs) 
quam refiangulum- XY ( 
cut equale eft quadretuns| 
d'4 CD(,/ 20.) Eademuota: 
4 nonnunquam valet'parentiandy 


| tum commenſurabiliy.” 
jt Inn * o IV.Lncommenſurabilesyg 


= I'M 
communſurdh lite 


, us AB bat 
B 4 66-0. CD} 
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carum vullum ſpy 


fit. communis eorum menſuca, core 


tas denotatur i; 


lineas mulrirudint | 
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SF Xx, Hulcyeroincommenſurabllia, Irrationas 
"IF hadicantur, pe. ; 
XI. Etreaz, quz ipſa poſſunt, Irrationa- 


. [ 
4 5 Io 
L 
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Scbol. : Hi 
'D 4t poſtreme 7 dee 


x | E: finitiones exemplo 

1 fx Ld aliquo iluftremur , 

/ fit circulus ADBP, 
*/ 


N cujus ſemidiameter 
q | IpCB; buic inſcriban- 


18 A tur latera freurarum 
* '- on Fe Hex4= 
" Triangult AP, qus- 
Fe P drati BD, pemagont 
i | gs FD. Itaque þþ juxts 
| 5defn. ſemiliemeter C B fit Rationatk expoſuts, 


_ OY i 


 Wumero 2,exprefſa, cui relique BY, AP, BD, FD  —_ 
conparande ſunt, aerit BL 4= BC = 32, quare 3 007.154, 
BP:fþ " BC,juxt46. def, Irem AP b=\/ 12 Þ 67, 1: 
| {nem ABq (16) — BPq (4) 12) quare AP 
et. þ 'J- BC, etiam juxis 6. def. atque APq 
(12) eft py, per def. 9. Porre BDb = / DCq 
+BCq=4/8; unde BDeſtþ TO BCz & BDq 
jv. Denique, FDq == 104/20 (wu parebit ox 
priii ad 10, 13. radends) crit py, juxts 10 def. 
© Uo FD —=4/ ;10—y 20 ef þ, juxta 11 
| defin. 
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Poſtulatum. | 

Y Oſtuletur, quamlibet magnitudinern toties 
al LT poſſe multiplicari,donec quamliber magni- 
tudinem ejuſdem generis excedat, 


the 


Axite 


me, ION þ * c 4 I 
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A xiomata, 


. 


Agnitudo quotcunque magnitudines 
metiens, compoſitam quoque ex ipſi 


"M 
meritur, | 
2, Magnitudo quamcunque magnitudinem 
metiens,meritur quoque omnem magnitudinen 
quamilla metitur, . | 
3. Magnitudo metiens totam magnitudinem 


& ablaram, metitur & reliquam, 


RADP, 1. 
*1  Duabus magnitudinibus inaqualibys AB, } 
B* | C propopptis. fr a majore AB auferatir maju | 
T1 a | 14am dimidium (AH) & ab co (HB) quid. 
reliquum eft,rurfſus detrahatur maj us quan 
; dimidium (Hl,) & boc ſemper fiat, relin- 
\ quetur tandem quedam mdgnitudo 1B, qua 
minor erit propofita minore magnitudine C, 
4 Accipe C toties, donec ejus multi- 
] plex DE proxime excedat AB ; fintque 
ACEDE—EG—GE=C. Demeex AB plul- 
quam dimidium A H,& a reliquo HB pluſquam 
dimidium HI, & ficdeinceps,donec partes AH, 
HI, IB zque mulrz fint partibus DF, FG, GE. 
Jam liquer FE, que non minoreſt quam 4 DE, 
majorem efſe quam HB, quz minor elt quam 
z: ABa DE, Pariterque.GE qu#z non minor 
elt quam + FE, major eſt quam IB-a 4 HB. et- 
go C, vel GE IB. Q.E.D, 
Idem demonſtrabicur, fi ex A B auferatur di- 
micjum AH, & ex reliquo HB rurſus dimidium 
HI, & ita deinceps, 


"PEI F 
apo. 10; | 


PROP. 


ACE linquit GB,8 fic deinceps, 4tandem res a x, 10, 

linquetur aliqua GB-AE. ergo E b metiens AB, b þyp, 
e ideqque CE, b & totam CD;d etiam reliquam c 2. ax. 10. 
;dergo &reliquam d 3, ax.1o. 


FD metitur,c proinde & AG 
GB,ſeipla minorem, Q. E, A 


Liber X. 


PROP, IL 


$i duabus magnitudinibus inequatibas 
propofirs (AB, CD) detrabatur. (emper 


+F minor AB de majore CID, alterna quadam 


detrafione, & reliqua minime praceden- 
gem metiatur,z incommenſurabiles erunt 
itſe magnitndines. 

- Sifieripoteſt, fir aliqua E communis 
menſura, Quoniam igitur AB derrafta 
ex CD, quoties fieti poteſt, relinquir ali- 
quam FD ſe minorem, & FD ex ABre- 


PROP,.TTL 


Dl Duabus magnitudinibus commenſurabi- 


| libus dats, AB, CD, maximam carum 
| communem menſuram FB reperire. 


JBET Deme AB ex CD, & reliquum ED 


Lex AB,& FB ex ED,donec FB metiatur 
TAB'TL CD) erit EB quelita, 


TG { NamEB bmetitur ED, c ideoqueiip- 
ſamAF; fed & ſeipſam, d ergo etiam 2, A 
AIC 


AB,8 c propterea CE, d adeoque & to- 1 
"tam CD. Proinde F B communis eſt 


menſura ipſarum AB, CD. Dic G communem 
quoque efſe menſuram, hac majorem 3 ergo G 


metiens AB,& CD, e metitur CE, & freliquam « q; cans 
ED, e ideoque AF, & f proinde reliquam FB, f ,, ax 10, 
major minorem, Q. E. A, 


N 3 Corolt. 


ED;{qued tandem fiet,s quia per Hyp, , , 15: 


23,10, 


'a3,10, 


b 20.4 ef. Jo 
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Coroll. 


Hinc, magnitudo metfens duas magnitudi- 
nes, metitur & maximam earum menſuram 
communem, 


PROP, IV. 
A $y Ea 
Py BOY PEARS , 7p PERM 
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Tribus magnitudinibus commenſurabilibus dath 
A,B, C; maximan earum menſuram communem 
Invenire. 

& Inveni D maximam communem menſuram 
duarum quarumcunque A,B; &irem E jpſarum 
D & C maximam communem menſuram ; etit 
E quzſfita, 


* bconfir.& aNam perſpicuum eſt E metiens D&Cb 
2, 6x. 19, metiritres A, B, C. Puta aliam F hac majorem 
| CC0r.3.10, eaſdem metiri.c ergo F metitur D ; c proinde & 


E,ipſorum D,C maximam communem menſu- 
ram, major minorem. Q, E. A, 


Coroll, 


. Hinc quoque, magnitudo metiens tres magyis 
tudines, metitur quoque maximam earum com- 
munem menſuram, , 


PROP, V, 
A————D 4, Commenſurd- 
Comme F.,1, biles magniti- 


B ——— — FEF.3z. dines A,B inter 
ſe rationem habent, quam numerus ad numerum. 

4 Inventa C ipſarum A, B maxima communi 
menſura ; quotiesCin A & Þ, toties I centi- 
neatur in numeris D&E, bergo C, A::1.D; 
quare inverſe A, C::D, 1, b atqui ctjam C. 
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T A +1, E. . cengennqul AB: 0 BuNM C 23. 5, 


Gr 


| at | 
PR O P, V 
F _ I, Sidux 
nh nnmnnnnnene nn _—C,q, nitudines A 
B—————— _D.z. inter ſe propor. 


tonem babeant, quam numerus b" ad numerum D ; 
commenſurabiles erunt magnizudines A,B, 

_ pars eſt 1 numeriC, 4 calis fiat E ip- a ſch.10.6, 
fus A.Quoniam igitur E, Ab::1 oF atq; A. py b conſtr. 


68: CD; d ex quo erit E. B::1, D. ergo © c byp. 


quum I e metiatur numerum D if Roh E meti. * 22+ 5- 


- wrB; ſed&ipſum Ag metitur, þ ergo ATLB, © 5+ © 7. 
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PROP. VII.  Ex:defrnl 
DN OC NI ECNIAEC Incommenſurabiles 


CICEIIEN magnitudines A,B in- 
ter ſe proportionem non habent, quam numerus ad 
numerum. 
Dic A, B :: N,N, 4ergo A TL B, contra a 6; 10, 
Hypoth, 


PROP. VIIL: bo 


A ———— Si due mignitudines 

B enenmp_— A, B inter ſe proportio- 
nem non habeant, quam numerus ad numerum, in- 
commenſurabiles erunt magnicudines. 

Puta A'TLB &4 ergo A.B:: N. N, contra a 5. 10, 
Hypoth, 
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+PROP,-IX. 


A————— ue reih link longiy | 


. dine commenſurabilibu frunt 
 quadrata, inter (e proportie. 


Fit. .. nem babent, quam quadraiy 


. numerue ad quadratum numerum : & quadrattin. 


zex ſe proportionem habentia,quam quadratus nume. 
rus ad quadratum numerum, Of laters babebun; 
longitude commenſurabilia, Que vero 2 reft 


linck longitudine incommen(urabilibus fiunt qua, - 


drata, inter ſe proportionem non babgnt, quam gue- 
dratus numerus ad quadratum numerum : & qua. 


draja inter ſe proportionem non habentja,quam qua- 


dratus numerus ad quadratum numerum, neque la. 
er8 habebunt longitudine commenſurabilia, 
I. Hyp. A. TL B. Dico Aq. Bq :; Q. Q, 


| a per 5.19. , 7 fit A. TE - F. ergo 
D320. 6. Afi gion. Shi == 
c {c.23.5, Bq Os =. __ £295 
| d11.8, Bq::Eq Fq::Q,Q, QE.D. 
|. ell.s. 2. Hyp. mw Bq :: = Eq :: - Q. DicoA 
| | q £9 1G E 
f20.6, '-B, Nam = bis COMLESS b = 5 
Bb. bis, 3ergo A.B::E.F:;N.N. kquare AT 
Ex, > AD. | | 
fo 23-5 3, Hyp. A-TLB. Nego efle Aq. Bq :: Q.Q, 
6.19. Namdic Aq, Bq :: Q. Q, Ergo AT Þ, ut 


modo oltenſum ett, contra Hypoth. | 
4. Hyp. Non Aq. Bq :: Q, Q, Dico A 


B.Nam puta ALB; ergo Aq.Bq 0. Q. ut | 


modo diximus, contra Hypoth, 
Coroll. 
Linez Ta ſunt etiam D-;at non contra.Sed 


linez T2. non ſunt idcirco Tn, Linez vero bY 
ſunt etjara 72, 
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bentes proportiohem ſuperparticularem, vel ſu- 
perdipartientem,vel duplam;zvel etiam duo qui- 
vis numerj primi. vid, Schol, 27, 8. 


LIE EF prn® 


LEMMA 2. 
WAYS —_ 7 B.S. 

" $4466 R © 

; gn. 1 oP 
© | H : ” 
|  Invenirelineam HR, ad quam data refalines 
- | KMſtin ratione datorum numerorum B, C. 
Ch « Divide KM in partes zquales zque mulras a (c.10.6. 


unitatibus numeri B. harum tot, quot unitares 
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'? | magnitudini cuipiam C incommenſurs- 
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PROP; XY, 
Arm d——— qu rt li 
Bom nn ——— nee proportionales fue- 
re  eennmee— A $0-0;) 


pnee— prime vero A tanto plus 
poſit quam ſecunda B, quantum eſt quadratum re- 
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ſibiincommen(urabilis [ap rudine, @rertia C1an- 
10 plus poterit,quam quarta D,quantum eff quadra- 
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Coroll, 


Hine etiam, ſi tota magnitudo ex duabis 
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B drati,quod fit 2 
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EF we: = wy k quale parellelo- 
oa H.  erammii ADB 
ad majorem AB 


aplicetur , deficiens figura quadrata, & in 
partes AD, DB longitudine commenſurabiles ip- 
{am dividat,major AB tanto plus poterit quam mi- 
nor GK, quantum eff quadratum refie linea FD 
- fbilongitudine commenſurabilis. Quod fr major AB * 
ranto plus poſit, quam minor GK, quantum eſt qua- 
dratum reg lineg FD ſpbi longitudine commenſu- 
rabilis ; quarte dutem parti quadrati, quod fit 2 
minori GK, equale parallclogrammum A D B ad. 
majorem AB applicetur, deficiens figura quadrare, 
inpartes AD, DB longitudine commenſurabiles a 10. 13 
ipſam divider. b 28. 6. 
4 Biteca GKin H, & bfacreQang, ADB=cS. 2, 
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figure quadrats;, & in partes incommenſurabiler 
lenzitudine AD, DB, ipſam AB.dioidas ; major 
AB tanto plus poterir, quam minor GK, quantum 
eft quadrerum rey lines FD,, fibi longitudinei it 
commenſurabilis. Qued fi major AB 1anto plu. 
poſfis, quam minor GK, quantumeſt quadratum re- 
&e lince FD þbi longjrudine incommenſurabill;, 
| querte: autem parti quedrati, guod fiv & minort ( 
| GK, equalc perallelogrammum a DB ad majoren | 
_ AB applicernr,deficiens  fgura quadrata; in purite 
longirudine incommenſurs iles AD,DB fan ABI ; 
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PROP, XX. 
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Exponatur A,j.& & de- 2 46. I, 
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Luod ſub medit potentia tantum commenſurs- 
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2AE. item Eqd TL. AE,e& 2 AE.cquarecum d 10,10} 
A9+Eq "TL Aq, & Eq; & Aq—Eq Ag, &1 430, 
'O2 E9, 


i  * py GA f'# A t4/,14/1 
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{14.1 10, Eq, f erunt Aq+3q Jo Ao—be rr NY Y W 5 


2 AE. 

Hinc erunt tertio, Aq, Eq, Aq+EquAq—a, 
2 ABgTAq+Eq+2 AB, & Aq+Eq—2 AE, 
g 14.10. "s & Aq+Eq+2AEAgq+E q—-2 AF, 
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h cor.7.20, PR OP. XXVII, 
C B Medium AB wn ſs 
Fg: perat medium ACr6- 
E 7 | ___ _} cjonals DB. | 
a c0y,16.6, Ag____KN | Ad EF p\, a fac EG 


PIE 8 —AB, «& EH= 


C23. 10. & FR ſunt p DO-EF. 


od 3.4x,1, kaqoe 61 iKG, did eft or fit f'y. eertHGDa 


e21, 10, HK; fquare | H6m FH, gengo FG4 ra Fl 
f13, 10, ſedFleſt gf. þ bom FG eſt s. verum priut 


g lent. 26, erat FG p. Quz repugnant, 
10: 


* bſth.12.10 CB ke 
; fe EY F TD FF HI. Rationale AE ſuperat Mae 
> | 1 Honale AD rational; CE, © 
a byp. | |. = NamAE4'TL AD; bergo 
vo 16, '—eT R AED CE-cquare CE eſt py, 


A. 
| Wo Q.E. D. 
eſih. 477 ae: 2. Rationale AD cum ratio- 


| nali CF facit rationale AF, 
a ſh 12,10 | | - Nam AD « 0. CE;b quare 
+ Hg | mT AFTLAD, & CF: c proind 


A A AF eſt py, Q, E, 3 i 


AC Re&angula AB, 


FP AC,hoc «ft, EG, BH 
bly, 4, 4H G b ſent ue, c ergo FG, 
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PROP. XXVIN: 


. Media invenire(C, &@ D) quara- 

tionale CD contineant,, 
sSume A,& Bp O-.bfac A. C:;alem.21 

| C. B. catque A. BC. D. Dico 19. 

| } fatum. Nam AB (C@) d eſt yy; 13.6. 
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& 1-441: d unde Ceſt pu. quum vero A.Be:;©12-6. 
| 1] 1 | C.D,ferit CT-D. gergoDeſty. 422.10, 
| A CB Dporropermutando A.C :: B.D.e hoc © conſtr. | 
G eſt C, B :: B. D. b ergo Bq — CD, f 10. 10. 
— | atquiBqeeſt g'y. bergo CDelt py. QE.F. 8&74- 10. 
B, In numeris, fit A, 4/2, &B,y/ 6.crgo C eſt h 17, 6, 
8 | vy/12,facy/2.4/6::vy 12, D.velvy 4.vy/ h ſch.12,10, 
Gf 36::vy 12.D.crit D, v.y/ t08.atquivy/i2in *'' 
 v108=y4/ 1296—\/ 36s. ergo CD eſt6, 
x | item CDily 3. quareC TED. 
qQ | PROP. XXI1X, 
" F Medias invenire potentia rtantum 
At 1 | commenſurabiles D, & E,que medi- 
|]; am DE contineant. 
| ffi f 4 < SumeA,B,Cp D.FacA,Da lem, 21, 
| {{[jf}[23:D.Bc&B.C:tD.E, Dico 10. 

of {| | 5 | faQum, : biz.6, 
| II | | | NamABd=Dq&ABecſtyy;c 12.6. 
Q q Ul 

ADB CEergoDelity, & Bf J- C.gergod 17.6. 


\B.Cf::D. BE, 


D D--E. þ ergo E eft us P 
& permurando B. H :; C, E. * conftr. 


' k hoceſt D, A:: C.E.l ergo DE— AC. Sed 8 10 10. 
ACm eſt uy. ergo DE elt uy. Q. E.D, h 24, 10, 
In numeris fir A,20; 8& B,y/ 200; & C, 4/ 80, k conſtr, &, 
Ergo D eſt 4/y/ 802003 & Eu, 12800, Ergo 0. 4:5. 
DE —\/ y/ 1024000080 — 
#4/ 10, 2, quare D '- E, 


2000, & D, E | 16.6. 
v3 " m 22,6, 
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rum AD, 24, & DB, 6.. Horum ſumma, ( 
ail, 8, 


C3+0x. 1, cerit CEq-CDq=DEq. Y 
Quedh AD, DB finr numer plani yy” 


os 2 ONE & 
SCHOL. 
Byq D,8. wu: finite vel diſfimiles, © 
KB;:4, TDs, ume quoſcunque quay; 
or numeros proportjonales, | 
A,8. C,s. A. B:: C.D, lquet AB, g 
= D,8. CD effe fimiles planos, Pl. 
294e 


CD,zo, N98 autem diffimiles quar- | 
| | "_ reperies ope fcholj 
27. $, 


> Fe. B 


'. Duos numeros quadraios (DEq 8& CDq) 
Invenire, ite us co ex ipfis (CEq) quadw- 
tw etiam ft. ej 

Sume AD, DB numeros planos fimiles (quo > 
rum ambo pares fint, vel ambo impares) _ 


eſtzo; differentia ( FD) 18, cujus ſemi 
(CD)cRg. 4 Habent vero plani fimiles AD, 
DB unum medium vumerum nalem, 
nempe DE, pater fgltur fingulos numeros CE, | 
CD, DE rationales effezproinde CEq (b CDq 
++ DEq) eft numerus quadratys requihtus. 
Facile itaque invenientur duo numeri quadr- 
t], quorum excefſus fit quadratus, vel non quas 
dratus nymerus.nempe ex cadem conftruRions, 
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 qugdratum numerum A dividere in duos numeros 


''Dico factum, | 
'68rit AzB+C, Jam dic B quadratum efſe, 3 14, 5- - 


- quetwr, $i G dicatur quadratus, ergo, &c, 
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merus rationalis ; proinde quadratorum CEq, 
CNq exceſlys ( DEg) non erit NUWETLS qua- 


LEMM 4A :. 


| "R Duos numeros guadragos B, C invenire; #ts 
ut compoſitus ex ipſes 1), nan ſu quadrgrgs, igem, 


j, C.n0n quadrazes. 


A, 3- B,gs. C,36. D, 45. 


_ 1, Sume nymerum quemlibert quadratum B, 
biqueC—4B; & D=B-C. Dico faQym. 

NamB eft £, ex conſtr, jrem quia B. C;: 
1,4 7 Lud erit C etiam quadratus, Sed quar a 24,8, | 
niam B+C. (D) C::5.4:3: nog 2.2. b nog b cor.24;8; 
erit D numerus quadratus, 2. E.F, So 


A, 36. B, 24+ C, IZ, D, 5s B, T4 F, I; 


- >. Sir A numerus quivis. quadratus, Acoclipe 
D, E, F numeros planos diſfimiles , ficque 
D=—E—+F. fac D.E;:A.B, & D.F. :: A. GC; 


Nam quia Þ. EF :: A. B+C. & D=E-+F, 


bergo A&B, &sFproinde D & E, ſunt numeri b 21 defer. 
planiſimiles,corra Hyporb.idem abſurdum ſe> E 26. $8. 3 
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A. ——— nr AF, quadrato refgli. 
B ne BF longitudine f6bi com. 
| C 00ve0 E 5ebS D | menſurabi 6. 3h & . 
- 21, lem, © © '- _* Exponatur AB,s. 4 Su! 
29, 10, - me CD, CE numeros quadratos,ita ut CDC 
b 3. lem. (ED) fit non Q,bFiatque CD.ED:: ABq.AFq, 
- 10,10, Incirculoiſuper AB diametrum defcripro ap. 
- CI, 4, tetur AF,ducaturq; BF.Sunt AB, AF,quas peis, 
 dconflr, Nam. ABq. AFq d:: CD, ED. ec crgo AB 
e6.10, TL AFq verumABeſt j. fergo AFelt g, fel 
* fſch,12,10 quia CDeſt Q: at ED non Q?7 gerit AB ©, 
£9.10, . AF. -parro, ob ang, breQum AFB, eſt ABq 
- b31.3. k—AFq+BFq; cum igiur A Bq, AFq:: 
k 47.1. GD. ED. per converfionem ratſonis erit ABq, 
19.10, BFq:: CD.CE::Q.Q.lergo ABT.BE.Q.E.F, 
tn numeris; fit AB,s, CD,g. CE,4 quare 
ED, 5. Facg.5+-: 36. (Q.6) AFq. erit AFq 
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16, quare BF eſt 4. a 
FS OP. AALL 


Þ Invenire duas rationales 
AB, AF fporentia tautim 
\ commen(urabiles, ita us ma- 

—— jor AB plus poſit, quam mi- 
" Þ> nor AF,quadrato re lines 


Ciion Baw D menſurabily. 
| | Exponainr AB,j & acci- 
29, 19, penuwmeros CE,ED quadiatos, ita ut CPD==CE 
IFD ftirnon (). & jn pxe11quis imitare conſtru- 
RQionem|rxccdentis, Dico tatuns, 


20, proinde AF 4/20, ergo BEq= 36 -20== 


Nain, - 
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jor AB plus poſſit, quam mi- | & 
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BF fb longitudine incom; |. 
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{ - Nam; ut ibi, AB, AF ſunts Tþ-. Item ABq. 
BFq+:C D. ED. ergo cum CD fit un Q, + 
þ Ferunr AB, BE. LE. F. bg. 10. | 
F =1Innumeris, fit AB, 5. CD, 45. CE=36; 

BD—9g. Fac4s.9::25 (ABq.) 5- (aFq.) 
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gh >, 4 Ss YH & " - 
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ego AF = wy 5. proinde BEq = 45— 25 — 
10, quare BB=\,/ 20, | 
4 PROP. XXXII, 


rnnnt nine —_—— - Invenire duas medias 
bh——— C, D fotcentia tancum 


Cr mmnmnmnmnmnrmns commenſurabiles., que 
| Dr—— - rationale. CD contine- 


ant;ite us major C. plus poſſit , quam minor D, 
"a reffe linee fobi longitudine commenſurs- 
ils ; 
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D. p Dico fag um, 


A,terity/ Cq=Dq =. C, ergo, &c, Sin 4/ 


Aq—Bq Tt: Aq, erit / Cq- DqtrL C. 


In numeris, fir A,8;B, / 48 (y/:64—16) 
ergo C=\/ AB=vy/ 30572. &D=v,/ 1728. 
quire CD=vy 5308416 —= / 2394, 


PROP, XXXIII. 


© 1 & MERGED TEES Invenire duas medias 


D———— —  D, E fpotentia. ſolum 


£0 CR GRSEIIEEN commen(urabiles, que 


Co—ennmernnns medium D E contine- 
E-——— ans,ita ut major D plus 
poſſe, R np minor E, quadrazo rea lince fibi 
longitudine commenſurabilk. | 


Sume 


Accipe A&Bp >; itaut y/ Aq—Bqt'tL 2 30. 19. 
A. bFiatque A.C: U.B, c arque A.B:C.b 13.6. 

_ © 12, 6. 
Nam quia A, & 4B ſunt pg T., eerit C(fy/ deonftr. 
' AB) itemg ideo C T2 D. bergoD etiama © 22. 10. 
wporro quia A,Bd:: C.'D , &permuratim A. fiz.6. 
C:;B, D::C.B; & Bq 1 eſt py, 'erit C D g 12, 10. 
.k(Bq) jy. Denique quia y/ Aq—Bq do bh 24. 10, 
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" blew, 21, Adſumegam B ty: A, TNT Tv 
10. D.B4::C. E. EruitD,& E qugſire. 
c 13.6 Nam quoniam A, & e ſugt þ, e& B 
d12 6. OMG fas B&D C008) gok 
e conſtr. e Quiayero A, DC. E. eris permuandg 
fſch.12.10 C:; D. E, ergocum A 'T- C, berirD 'T+-b; 
g 22, 10, kerg oE eſt jy. porro, | quia D,B::C.E; l& 
10,10, BC ol wuy,ctiam DE ei m zquale eſt yy. denique 
k 24, 10, pgropter A, Cs D. E. e quiay/ Aq—Cqt1t 
} 22. 10, A vaity/Dan bee D. . ergo, &c. Sin y 
m 16.6. wy Hong, oy xy Dq-Eq Ts Eq. 
n15.10.* Innumerls, Gr A,8; C, I 43; B, q/ 23.erk 
Dvy/z098zKEvy $88,quare D Ex: FAVS 
& DE=1/ 1344 _ 
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D Inuenire duas vellg 

lineas AF, BY potemit 

G incommenſurabiles que 

_ compoſetum qliie 

2 "| 8 TOP! Þ cn em ex ipſarum " 
«>a C A EB dratis rationale, 


c28 6. gulumveroſub ipſss contentum, medium. 
. $12.6 aReperianmur AB,CD þ I}; ira ut ,/ ARq= 
e cor. 8. 6. EDqT1 AB. bbilgcaCDin G. cfac reQang 
$176 AtB—GCq. Super AB diametrym duc fe- 
f7.5. micirculum AFB. erige perpeudicularem EÞ, 
$19.19. duc AF, BE, Re ſynt quz jngdagandz erant. 
hio.10. Nam AE. BEd::BAxAE. ABxBE, Sed 
$4L. 3. & BAx AE e=AFqz z e& AB x BE=FBq. f ergo 
47-1 AE. EB:: A Fq. FBq. ergo cum AE g'Q- 
lconflr. E8, b crit Arq oO. FBq. Quinetiaw ABq 
- MI.ax1.(k AFq + FBq) / elit py. denigue EFq 1 = * 
 n22.10. AEB I-=CGq, mergo EF =CG. ergo CDx 
024 10. 3B==2EFxAB. atqui CDxAB A+ 
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Pſch 22.6, 0 ergo AB x BF,p vel AF x FB, eft yy. het 
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T4 198. 
AF;tAB. AE, erit 6 AE=AFq —AFEq 


- Fx ipſarum quadrath medium, reffangulum vero ſub. 


a Explicatio per numeros, _- 
"Sk AB, 6. CD, 12. quare CG2=4/ £3 — 
v/ 3 Eit vero AE=;+46, & EB =; — 
4/6. & unde AF etit y/: 18+,/ 216, EtEB, \/: 
J8-y/ 216, irem AFq—+FBqeſt 36, & AF x 


- Cmnterum AE jinveniturfic, QuiaBA (6.) 


+3 (BFq.) ergo6 AE AEq—=3, pone 3 + 
ez AE. ergo 18 +6e—g—6emece, hoc 
eſt 9 ce ==;. vel ee=6, quare e=//6, 
proinde AE == g + 4/ 6. | 

I PROP. AXAAXV, 


6 A 


Invenire duas reffgs lineas AE, EB potentia jn- 
commenſurabiles, qua faciant compoſutum quidem 


iphs contentum, yationale. 
_ £ Sume. AB, & CF y 'T}, itaut ABx CF 4 32, 10. 
fit þy, atque 4/ ABq—CFq AB. & reli- | 
- ——_—_ przcedenti. erunt AE, EB, quas 
pets. 
Nam, ur iſthic oſtenſum eſt, AEq TL EBq:. 
item ABq ( AEq—+EBq) eſt yy. & denique 
ABxCF beſt, idcirco&c AB x DE, d hoc b conffr. 
&, AE x EB, et þy- ergo, &c, | C ſcbdl.1 Tt, 
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PROP. XXXVI. 


of A Trvenire FR bs 
FT as reftas linew | ©. 
BA,aC porn | A 

0 81/4 incommen- 
\ {nn que _ 
| aciant & com. wh 
£44 Þ *ÞD OC poſfutum ex Ms F 
rum quadratis A 


medium, Of reffenenium ſub ipfis comprebenſum 
* . medium, incommenſurabileque compoſuto exipſt- 
; rum quadratts. 
233-10, &Accipe BC & EF y, *D ; ita ut BCxEFlt 
: uv. & f Beq— EFq _ BC. & reliqua fant, | 
vein preccedeneibus Erunt BA, AC exoprata, 
_ Nam, utprius, BAq TL. ACq; item BAq+ } 
E-.. ACq eſt uy. & BAxACeſtypy, Denique BC ; 
| beonfflr, þ@ BF,arque c ideo BC Way EG;eſtque BC, 
£13,109, EG d::BCq. BC xEG, (BCxAD, vel BA 
41.66 xAC) ecrgo BCq (ABq+ACq) TL, BAx 


=g x wm, YT 


| £14.10, AC, ergo, &c, . 
 Schol, | A 


FE! B | D FEELS 


Invenire duas medias longitudine & potemtia 
 Incommen|urabiles. | 
2 36.10, g2Sume BC þ. firque BA x AC yy, & D- 

[biz.6. BCq (BAq+ACq.) b Fac 4A. H::H. 
| AC. Sunr BC, & Hy, ©Q.. Nam BC eſt 
[C£17.6. .4& BAxAC {c Hq) ft /zy. quare Helt etiam 


Fr diem BAXAC a BCq; ergo Hq -o. 0 14.19.! | 
} BCq, ergo, &c- L 
|  Principium ſenariorum per compoſuionem. 
ja PROP. XXXVII. 
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AB, BC potentis 

s | tattum commenſurabiles componantur, #0rs AC 

, | irrationalieſt ; vocetur autem ex bink nominibus. 

q | Nam quia AB &@'TL BC, b erit ACq a byp. 

| ABqSedABack.cergo AC eſtz, QE.D, Þ lem, 254 
| Ty 


c11,def,io 


y P R Q P, XXXVIIIL 

p h— | Si dug medie AB, BC 
: A C porentia tentum commens= 
| ſursbiles componantur z que rationale contineant, 
| mAC irrationali; eft ; vocetur autem ex binjs 


' | medijprima. 
| Nam quon 


| ABxBC, jy. c ergo ACelt, QED. 
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jam AB 4 "TL BC, berit ACqT. a hyp: - ol 
ble, 26, 


Quod (ub li- 


nea rationals 


AB,& irratio= 
nali BC conte- 
netur refangu- 


Dlun AC,irratl- 


onaleefi. 


- NamfireQang, AC dicatur jy z quum AB fir abyp. 
$3 beritlatitudo BC ctiaw p*. contra Hyp, 
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PROP, xxx2I8, | 
ARM Es $i dun media | 
— num come | 
rabiles componant- | 6 
C- tur, que medium | qt 
| comineant,tots A li 
q + | | ireationatis Wh; | 4 
| TIA een ny 
| '« i nie- medits (ernnde, | C 
"4 E | F Ad Ag 'q 
| acer.166, DE pafacreftang, DE =ACq; b&DG= 
* Lip 1. ABq —BCg. iy 
\21.6. Quoniam ABq © tr. BCq, 4d erit ABq + 


"Hh c byp. BC, Hoc eft D ns = ABq ; fed ABqe eſt 14Vs 
d 16, 10; e&igo DG lt yy. verum re Ry ABC ponk 
 E24.10, Wryjuy; eidvoque 2 ABC{fHE) eſt yy; op or- 


" 44.2. - . goEG, & GFſuntg quia vero DG hc. Hf; 
 g 23.16, atque DG, HE :: & EG. GF Ll et EG 
/ Bs 26, GF. mergo tota EF eſt p, # quate reRang, Df 
| Iz...  cltpr,ocrgoy/ DFjideſt AG,eftp, QED. 
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| OY | AUNT VT. SCENT WIR Ce [Y; lu f 1 "e 

| is = | ereaa lines AB, 
m pq A B C BC potentia tantum tont- 
nlem. 39, enfurtbiles comporantur, que faciant compoſitun 


10. quideſ ex ipſarum quadratis ratioxale, quod 
| | 's Tati , quod aurem 
vii.deſ1o jib ipſt; nonuntruy, medium ; Tora rea linea AC, + 


 ___ qrrattontlizeris: vocetur autem major. 
abyp. Nam quia ABq«BCq &« eſt þp, &b*43. 2 
b49h,12.1 ABC Cup, &proinde ACq (d ABq+BCq+ 
c byp.&24. 2 ABC) e ABq —+BCqp'y, f erit AC þþ 
10, - Q-E.-D: 
| d 4.2. 
| C17. Tc, | 


| fildefio 


PROP, 


| / _ _ F" 5s 'B Siduercte li- 
rent14 incommen(ubbhil6s componantir, que faciant 


_ quod autehh ju ipþ4 cimtinerur, rationals, tota rela 


fQuar 
| GREeit 3b brofide GKeltp, QED, _. $37.10, | 


o «<, 6G , cada 
*% £33. a6 » of G'S." Ip he ; o 
"I V bs a5 + Pos n Fas - 23: x \ Ca 
"4 kY CT LORE. 3 2s. 56 -” - ' 
_ : "ES Gs 


XLE: 


ky 3, Yes 
AY * Y Y 
X A "IF: £ £ = : 
: '. * ; 
. & 
, . 


PROP. 


compoſtumt quiideſn Þx ipſ[arum quadraus medium, 

lmea ABiirr atlonalis e*it; vocetur dutch rationale 

4c mediums porens, | 
Nam 2 reQang. ACB, & p'y bt. ACq— abyp.& 

GBy Cay. & ergo LACB 4 ©. ABq. quare (ch. 12.10. | 


eABeit þ, Q.E.D. | bſch.r2.to' | 
"- "FROP; LIL COP 
| d I7. {0, 
kf > | BY F ertdef10 | 
| & +. K& 
SE 8 


'- Si due refglinee GH, HK potentia incommen- 
ſutabiles componantur, que faciant & compoſurum 
tx ipſerum quadratis medium, & quod ſub ipfis 
continenur medium, icommenſurtbileque compofito 
ex quadratis ipſarum; tota refa linea GK irratio- 
nalis erit: wocetur autem bina media porens. 

Ad expcfiram FB p',fiant reRtavg. AF—=GKq, 
& CE = Ghq— HKkq Quoniam GHq—+ 
HKq(CF)2 elt yy; latitudo CB b erit pf, Item a byp, | 
quia 2 reang. GHK (c AD) acſtyy, etiam b 23. 18; | 
AC b erit'p*.Pofro quia reAang AD 4TH CF, c4.2 
d atque AD. CF:: AC, CB, ecritAC 1 CB de.s. 

yare ABeſt gp. ergo reftang, AF, ideſt, e 10, 10, 


g lem. 39. | 
10. 


h 11,def.10 


PROP. 
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: , = % 4455-» Hg Py Y. Ns EL 
= a F F 5 6 
> \ ba * \ x b. 
4 * by 
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Que ex bini nominibus AB, ad unxm duntaxit 
tunfum D dividitur in nomine AD, DB. ? 
Si fieri poteli, binomium AB alibi in E ſece- 
- turin alia nomina AE, EB. Liquet AB ſecari' | 
- _. * -* _ mtrobique inzqualiter, quia AD'. DB, &' Þ® 
b.: AE" EB. I 
oniam refangula ADB, AEB a ſunt paz |* (l 


1 237.10 Wy via ADq,DBq,AEq,EBqlſunt p'a 5ba- t 
| b (cb. 27.10 deoque ADq+DBq, b & AEq+&Bqetiam I} HC 


bp: f p'&, Þ tdcirco A Dq + DBq= - AEq obs EBq, S | mil 
[ 'cſcb $.2. choc eſt, 2 AEB—2 ADB elt p Ve dq ergo AEB; þ me 
| & (cb.12.10 — ADB p'y.e1g0 yy ſuperat yy per pipe QEA, BB 
[ £27, 10. PROP. XLI1V. 


AC FLOPS 
Qug ex bini mcdiis prima AB, a1 unum dunta- 
x4t puntum D dividitur in noming AD, DB. 
ll. _ Puta ABdividiin alia nomina AE, EB. quo 
| a 38, 10. poſico, fingula ADq, DBq,E£Bq,s ſunt ye ; a& 
| b{cþ.27.10 regangula ADB, AEB, eorumque dupla, ſunt 
eſeb.5.2. pa. b ergo 2 AEB—2 ADB, c hoc eſt ADq 


|| & 27, 10. -: AEq+EBq eſt py, d QB.A. 


CY 


I T7. md Cy © 


. 


* 


| Queexbiniimedit 
"X IDPFT- BR ſecunde AB,ad untum 

YO 2, .  duntaxat punifum C 

A+ mower in nomina 

7, CB. | 

_ Dic- alia eſſe no- 

2  tnina AD, DB, Ad 

© FN Fs 2 YOu expoſitam EF, fac 

Y; a G rectang. EG=ABq. 

| & EH—=ACq+ 


Df. 


, | q; icem EK—ADq+DBgq. 4. 
| | Quoniam ACq, CBq a ſuntya > 1 b erita 39.16, -. 
+ JACq+CBq (EH) yy. c ergolatitudo F H bi6;& 24] © ; 

ej aquin & retang. ACB,d ideoque2 ACB 1o, | 3 
, [e(1G)elt yy: cergo HG, eſt etiam p. . Cum c 23, 100 ' 
. | igiur EH f TLIG, g atque EH, IG::FH 2d 24. 10, 
\ ÞEG;berunt FH, HG Ta. k ergoFG eſt bino= & 4:2. 
| mium;; .cujus nomina FH, HG. Simili argu-f lem.26,10 | 
3, | mento EG cft bin, cujus nomina FK, KG,contra g 1.6. 

43, bujus. | +55." 10. ks 


PROP, XLVL k 37, 19+ 


l COMA 


XC FEEDS 


' Major AB ad unum dumaxat punfun D divi- 
tur in nomina AD, DB. 
. Concipe alia nomina AE, EB. quo poſito te- bf 
angula ADB, AEB 4uaz 4 &tam ADq—+ a 40. I67 +: 
DBq, quam AEq+EBq 1unt 5a, bergo ADq bſch.29.10 -*: 
+DBq—: AEq—+E Bq, © boc eſt, 2 AEB— c ſch:'5. 24 © 
P24DBett fi, dQ.F,N. d 27, 19; 
= —- PAQ Pe» - 


pm OY CY Vw 
, 


- | 4l. Il'9,' 


b (ch. 27, 


IO, h 


2 42,10, 
b 23. 19, 
C4.'Þ.. 
d1.6, 
e 10, Io, 


t 37. 10. 


AB, ad unym duntaxat punitum D dividitarinu. | jor 
mina AD, DB. 


- . +65 AE . ; " ad" » R ©, w as v 4 * : 4 , — 9 Ic be Bot . 
| ; - F ; vs ? LOL? 

y K: v3 © 9 

4 n 

» -s J1 
' -2 [1 41 * 4 . *p 3s 

—— 4-4 FM of —_ 10N4 7% 8 | 

F E. D Bmedi E146 

: 41 , » MEAnum | 


| 


w 
\ # ; 7 [ 
Dic alia nomina AE, EB, & ergo tam AFq| jy 


+ EBq, quam ADq + DBq ſunt ya. 4& re} we 
Rangula AEB, ADB, ſuntp'a. bergo 2 ABBJ x 
— 2 ADB, c hoc eft, ADq+ DBq-: AEqs|- 

c (ch. 5.2, EBqeltpy. QE. A. | 
d 25. 10, 


PROP. XLVLIL. 


DC Bina media pitet F | 
A rrp AB, ad unum duntixt | ++ 
: TL, T___ punifum Cdividiuni by 
6 nomnins AC, CB, |” 
Vis AB dividi ins}. 
| lia nomina A D,DB| 


| | | _ —__ a8 } 
ant reaang, EG=| 

, K H GCakq&rh > ACE | 
CBq, & EK—= ADq+— DBq. Quonriam AC 

-+ CBq,nempe EH, &@ eſt yp, berit latitudoMly” 1 
of. Item quia 2 AC®, choc eſt, IG, elt« wh 6 
berit HG etiam-p, Ergo cum BH 4 0. IGlbF yu 
que EH, IG 4d :; FH, HG, eerit FH To Boy gp 
fergo FG elt bin, cujus nomina FH, HG, f&Þ* 
dein modo ejuſdem nomina erunt FR, KG cob Fl 
tra 43 hujue, T- 


Definitiones (ecunds. {rat 


Xpoſica rationali, & quz ex binis noml ke 
bus,diviſa in nomina ; cujus majus nomely © 

pius poſſi: quam minus, quadrato rex linezb|- 
bi longitudine commenſurabilis. | 
I, Siquidem majus nomen expoſitz ration; 
- com 


F 


*_ 4 hls 6 LN HRT F "y Y "x Fe . yr ws . WN F: 6 ol of + eta - 1 13 ORR 'j 
9 I 4 V EY *% wy . : 
J netiſurabile ſir longitudine, vocetur tota & 


Fhinis nominibus prima. 
E711. Si vero minus nomen expoſitz rational{ 
tt FJongitudine fit commenſurabile, vocetur ex binis 
*} nominibus ſecunda. | | 
{J. III. Quod fineutrum ipſorum nominum fit 
\Eq] lngitudine commenſurabile expoſitz rational, 
re} yocetur ex binis nominibus tertia, 

EB] Rurſus, fi majus nomen plus poſſit quam 

4 | © minus, quadratoreQz linez fibi longitudine 

incommenſurabilis ; 

[V. Si quidem majus nomen expolitz ratios 

| nali commenſurabile fit longitudine, vocetur ex 

"yl | kinjs nominibus quarra, WE 

| V. Sivero minus nomen, vocetur quinta, 


xt FYI. Quod fi neurrum ipſorum nominum , 

wy  Yocetur ſexta. 

nz]. | 

JIl.. PROP. XLIX: 

FOECA 5:4 C....s B Invenjre ex bis, 

—_— ny nominibus pri- 

CEBET G0 #8, EG. - 
iy F E a Sume AB,AC 3 ſh, 29, 
—_— numeros quadra- 19. 


A ts,quorum excefſus CB non Q. exponatur D p, Þ 2. em, 
wu baccipe quamvis E F ox D. cfac AB. C B:: 19.10. 
= Eq EG9. erit EG bin, 1. C 3. lems 
PL Nam EF d o-D. ecrgo EF þ. f item 19. 10. 
WEE EF Ga. gtrgo F G elt etiam þ. item d conſtr. 
Iquia EFq. FGq :: AB, CB :: Q. non Q, herit © 6.def.1los 
EFT FG, denique quia per converſionem t 6.10. 
*Prationis EFq. EFq —EFGq:: AB, AC :: Q. Q, g ſcb. 12, 
jon EFT-4/EFq=-FGq, { ergo EG eft 19. 


| 1,QE.F. h 9, 10. 
wo RI | kg, 10, 
Evplicatio per numeros. 1 1.def.a8; 


| Sit D, 8, EF,6, AB, 9. CB, 5, quare cum 2: 
ng.” P 2 9. To 


g. 5: 36, 20.erit FG, x/ 20. proinde EG es 4 
BA. mos | We. 

PROP, Ly 2 
At 64; 4 Coree'$ B Invenire ex bin nomj- p 


D _ nibus (ecundam, EG, 
Booommmmmeecometnes  Accipe AB, & AC 
F numeros quadratos, quo. | Þ 
| © OY YSST I rum exceſſus C B fit non | 
' Probaut Q. Sit D expoſita p*, fume FG D. FacCh, 
preceden- AB:: EGq, EEq. EritEG quzſita, : | 
tem. Nam FG'T-D, quare FG eſt p*, item Ely | 
7. FGq. ergo EF eſt etiam j, item quia " - 
EEq:: CB, AB:: non Q. Q, eſt FG © Þþ | © 
denique quia CB. AB :: FGq, EFq, inverſeque | 
AB. CB::EFq. F Gq, erit ut in przcedenti, | - 
a 2.def,48, EF Tx. y/ EFq—EGq. ae quibus EG eſtbin, | - 
I-22, BF. 70 
In numerk;, fit D, 8; FG, 10; AB,9; CBy, | 
erit EF, y/ 180, quare EGeſt1o+4/ 180," Þ} 


PK QO'P. LI, 
A... 4, C oor $ B ' Tnwenive ex bini;n. | 
& cm 6 minibg tertiam, Db 
2 [ch 29, G wo 4 Sume numer}; 
10. D———L——-F AB, AC quadrats, 
' E quorum exceſſus C3} 
H_——— non Q, fitq; L nuav} A, 


rus non Q, proxime major quam CB, nempei-| Go 
nirate,ve] binario, fit G expoſita p. b Fac L, N D. 
b3.lej.io :: Gq, DEq. b & AB. CB :: DEq.EFq. eric! 


19. bin. 3, | Hl 
c conſir,6, Nam quia DEq c TL Gq, deſt DE p. it}. CE 
I 0. _ Gq. DEq:: L. AB::non Q. Q, eergo GU G, 


d {ch 12 10 DE. item quia DEqe 1 E Fq, d etiam Bl '1 
.e0,10, eſt; quinetiam quia DEq. EFq :: AB, CBi} 
t9.10, Qon Q, feſt DE-QEF, porro, quit 


AA LOY "2. 


P; 'Y "OP <5" ES x: 228 
T nftr. & ex quali Gq. EFq :: L. CB :: non Q; 
| Q, (namg L, & CB non ſunt fimiles plavi uu- g ſeh. 27.8, 

| teri) þ erit G etiam Tx. EF, denique ut in hg, 10, 
ced. y/ DEq— EFq TL DE; k ergo DF eſt k 3,def.48. 

Fs. 3. QCE.F.. _ 10, 

V In numerk, fit AB, 9; CB, J3 L,6; G,8, Erie 

vo. | DE, 4/96 &BF, 4/ =" quare DF=4/96 

| +=", 


PR OF. LIL | 
| AT3C:....63 TInvenire ex bin nomini- 
| Gon _—— bus quartam, DF. : . ol 
aus | D—»—l———F & Sume quemvis nume- a (ch, 29, 
HO E rum quadratum:AB, 4 que 10. 
in, | H——— divide in AC,:C'B non 
 quadratos, fit G expoſita p*. þ accipe DE T1 b 2.lem.10 
G.oFac AB.CB:: DEq.EEFq.erit DF bin.4q. c ;.lem.to 
4 { Nam ur in 49. hujus, D F oftendetur- bin. 10, | 
item, quia per conſtr. & converfionem'rationis 
' DEq. DEq—EFq::AB. AC::Q,nonQ.. : 
| dert DEL y/ DEq— EFq. ec ergo. DE eſt d 9.10.; 
| bin.4. Q. E,F. : By 20+ e4.def. 48 
| Innumerk, fit G, 8, DE, 6.erit EF ,y/ 24 10. 
«6 ergo DFeſt 6 + 4/ 24. 


PROP. LIIT, 


\ 


BA 2 C5568 Invenireex binz nomi* 
Cn_— nibus quintam, DE. 
Don_ Accipe quemvis nu- 

E merum quadratum AB, 
HE cujus ſegmenta AC, 


en} CB fint non Q, fit G expoſita p*, ſume EF a. 
v] G. fac CB. AB :: EEq. DEq, erit DF bin. 5. 

Ei 'Nam ut in 50, bujus, etit DF bin, & quia 
a} per conitr. & invertendo D Eq, EFq :: AB. a 9.19. 
py CB, ideoque per converfionem rationis DEq, b 5.def. 48 
 DEq—EFq::AB,AC:: Q, non Q, 4 erit 10, 
0 P 3 DE 


DE TL 4/ DEq—EFq..bergo DE elt bin, Ri. i: 


£9. 19. 


EUCLIDIS. Elementorum © 


Q, B. F. 


_ Innumery, ſit G,7;BE, 6.erit DE 4/ 54. quare 
| DF eſt 6+ 4/ 54. , 


PROP. LLV; 


Arey Cr  B Invenire ex binhynon-- | 
| 20006 9 nibus ſextam. 

G Accipe A C, CB pri 
D_————  F mos numeros utcunque, 
E ficut AC+CB (AB) 
Homn—_—= fit non Q, ſume etiam 
quemvis L num, Q, fit G expol. þ. 4 fiarquel, | 
AB :: Gq.DEq.atque AB.CB :: DEq. EFq.erit | 
DE. bin, 6. 


Nam ut'in 51. hujus, DF oftendetur bin, | | 
item quod DE, & EF TL. G. denique igitit } 
- quia per conftr, '& converſionem abrjonk Deg | - 
2, DEq— EFq :: AB, AC::non Q. Q. (Nai |} - 


ABprimuseſt ad AC, bideoqueei diffimilfs) | © 
6 ergo DE TL / DEq—-BFq, 4 ergo DFet F FF 


| d6.def.q8, bin. 6. Q. E, B. 


- 19, 


In numerk, fit G, 6, DE4/ 48.cot EF,/oh 
quare DE eft y/ 48+4/ 28 


1 


; INS" > h bh: bh ef LCA = - ” ola L rs P of y ba . " * 
_ WA. 66 S.* 4 
pope ©: > a > +4 
4 * - ” - 
_ 1.4 » : 
i 
x 8] " 
- 
'* a 
> 
F'Y 
© Op 


Sit AD reffan- 
gulum, Ccujus latus 


q+. AC ſecetur inaqua- 

liter in EzbiſeFumg; 
'k ft ſeementum minus 
e. EC inF; aiquead 


AE, 4 fiat reflang, a 28.6. 
AGE—EFqzpergue 
G,E,F b ducantur ad Þ 31. 1. 
AB parallels G H, F 
EI,FK. 6 Fiat autem © 14: Ze 
quadratum L M— 
rectang. AH,arque ad 
. JO "= OMP produfam.s 
Ea. Js Q_ *'T fat quadratum MN 
=GI, refaque LOS, LQT, NRS, NPT 
poducantur. 
© Dico1, MS, MT ſunt refanguls, Nam ob . + 
| quadrarorum angulos OMQ, RMP reQos, | 
£erit QMR. reda linea. b ergo anguli RMO, a (cþ.15.11 
QMP re&i ſunt. quare Pgra MS, MT ſunt b 13, t. 
reQangula, 
2, Hinc patet LSe=LT ; @ proinde LN cfſe c 2,4x.2, 
quadratum, 3 
3. Refanguls SM, MT, EK, FD aqualia d hyp. 
ſunt, Nam quia reang. AGE d —EFq, e erit e 17. 6. 
 AB,EF :: EF, GE. f ideoque AH. EK :: EK. f1.6. 
Gl, hoc eſt per conſtr. LM. EK :: EK. MN. g (cþ.22.6, 
g verum LM, SM :: SM, MN, ergo EKh—hg.5. 


SMk—FD 1 — MT. k36.1, 
' 4 Hinc LN m — AD. ] 43. 1. 
Va S. Luis EC biſefa eff in F, n patet EF, FC, m 2. ax.I. 
EC TL eſſe. | n 16, 10, 


6. Si AE I EC, & AE & y/ AEq—-018,&16, 
| ECq, verung AG, GE, AED. itew, quia 10, 


tho br Oe ey wor ord” TR: nk} Ae 4et, a 


Mb 3 EVUCLTD. Elementorum 
| po, * AG. GE :: AH. focal Gt, | hore 
? LM, MN *. item iiſdem pofitis, 


7. OM TL MP. Nam per Hyp. arab 4 


161 102 EC, ergo EC IE GE. q [— EF 2. GE, 


| hot e& SM 0. MN. atqui $M. MN:: : OM, 
MP. r ergo OM ©. MP. is 

| ' '$, Sin ponatur AE Atq-E 
 T19.& 197, ſpatet AG, 'GE, AE efſe "TL. unde LM 


| 20, N. nam AG. GE :: AH. Gl:: LM. MN. 7. | 
2 Hh bene perſpeti, ſacite ſex ſequentes Prop: 


tjones expedicmm. 
PROP.-LV:; 


Si ſpatium AD contineatur ſub rationali AB, : 
or exhink nominibus prima AC, (AE+EC;). 
rcfta lines OP [patium potens irrationali #94 9 7 


6x binis nominibus aprelatur. 


” Suppoſfiris tis, que in lemmate groxitme pre: | 
j cedenti deſcripta & demonſtrara {unt,liquet.re- | 
Shy: @& Ram OP polle ipatium AD. girtem AG, GE,. 


lem. 54.10 AE ſunt TIL; ergo cum AE b fit p * vx. AB, 
" bbyp. cerunt AG,& GE, 5 AB. dergo reftan- 
C {ch.12.10 gula AH, Gl, hoc ef quadrata LM, MN ſunt 


do. 10. o4.ergo OM; MP ſunt pf e 15. fproinde Ot F_| 


elem, 54. ſt bies Q.E. D. 


=» (RE In numer, fit AB,s; AC, 4+ 12. quare [ 
f 37.10 reQang, AD=20+4/ 300=quadr, LN, ergo 


OP ah Chir db ; nempe bin, 6, 


TRIM 3 PL ok 4 6 3: eo Ws pon; 2 g's an 1 . 4+ Pas - o : 5 = "OY ' 00 Fg =. : We « 

ads ARE, 1 1 "* : 0 _ *. 4 ” gt oy + LW e xy oper ceatt : F 7 ER? TON FW, 47 ©. + Oy 
n _ + \ MEN "> Þ f ! Ce Ems yr ay & be.” 

"4- * 68 & <4 % "" } # , s | : 
KF $38" : I 
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PROP: LVL: 


Þ  $r ſpatzum AD contineatur ſub rationali AB} 

t | & exbinis nominibus ſecunds AC (AE+EC;) 

' | reffa lines OP ſpatium AD potens,irrationalis eff, 

fie ex binis mediis prima appellatur. 

* Rarſus adhibiro Jemmate ad'54. hujus, erit | 
OP = 4/ AD. 4item AE, AG, GE ſunt a. abyp. & |} 

 ergoquum AE b fit þ, a. AB, cerunt AG, GE lem.$4, 10 | 

- | ttiamp' Ta AB, ergo refangula AH, GI ; bbyp. | 
| hoc eſt OMq, MPq4 ſunt wa, equinetiam c ſch.12.10 } 

"| OMT+ MP. denique EFTLEC, & ECd 23,10, Þ} 

' fTL AB. f quare EF eft p —— AB. gergo e lem, 54. || 

| | £K; hoc elt SM, vel OMP elt PV. h Proztnde IO, F L | 

| OPeſt2 prima, QE.D. fbyp. 12. 

.) |  Innumeris, fir AB, 5; & AC, \/ 48: +6. er- 10. 

| go reQang, AD = / 1200: +30— O Pq, g 29.108 |f 

7} «g0OP ct vy/ 675+v4/ 75 3 nempe bimed, x, b 38.10, | 


3 ; Vide Schem, $7- 

e 

my 8 PROP. 'LVIL 
 —_— = Si ſpatium A D 
ht wr contineatur ſub ratio 
- | | G||E|F| nai AB, & exbinis 


. | nominibus tertia AC 

| (AE+EC; ) refs 

| | lines OP (patium 

TiK,.D AD porens, irratio- 

Heb naliseſt, que ex binis 

medits ſecunda dici- 
—_ P ur. 

M Ue prius, OPq— 

E C:)4 AD. item reQangu- 

7 | | la AH, GI, hoceſt 

_ OMq, MPq ſunt | 

& TI 1» 4 item EK, vel a byp-& | 

OMP eſt ,,y. b ergo 2X. 10: | 

OP eſt bimed, 2, b 9.10. | 

In 


Cs. k a 
_ wing. 6-2 

[+ oat e- ? : 
2 TE 

- 

E 22 4 
N 

- 

. 

4 

A 


, 10. 
bby. & 


' SO, 109. 


* 22, 10, 


 Ebyp. @& 


"EUCLIDIS Elementor, 


Tn numer, fir AB;s; AC,y/ 32 +4/ "Y "” : 


AD ett ,/ 800 + 4/ 600=OPq.proinde OPeſt } * 


va4/ 450+v4y/ 50; hoceſt bimed. 2, 
PROP. LVIII, 


A tineatur (ub rational; 

61k | F AB,C ex bink nominj. 
EOF | '* . | bas quarts AC (AE+ 
EC;) refta linea OP. 
| ſparrum porens, irratio- 


B Lan HI RK NO nalh eſt, que voraiiy | 


Lc major. 
Nam iterum OMq 


lem, 54- O M FP 2-0 MPq. reQang. ve. 


ro AI, hoc elit OMq+ 


j IJ EK, vel '®) P eſt uy, 


AE TOWLE A 


L FT major, Q.E. D. 
In numer, fit ABS; & AC. 4 + 4/ 8, ergo 


reaang. AD eſt 20 + y/ 200, quare OPeſt y/: 


20 + 4/ 200, 
| PROPD.LIX; 


$iſpatiam AD contineatur ſub rationali AB, 
O& ex binjs nominibus quinta AC ; refa lined Ob 


ſpatium AD potens, irrational;s ft, qua rationk 
le & medium potens appellatur. 

Rurſus OMP -&. MPq. reQang. vero al, 
vel OMq-+ MPq eſt yy. 4 item reQang, EK, 


vel OMP eft py, b ergo OP (4/ AD) cſtpo.. 


, tenvp'y, & y. Q.E.D 


ian fit AB,s;  & AC 2 + 4/ 8, ergo. 


retang. AD — 10 «th, quare OP 
elty/:10-+,/ 200, / 


my BY s $i ſpatium AD on. 


MPq beſt 'p. © item | 


dergo OP(4/ AD) | 


 _ PROP, LX; 


$i ſpatium AD contineatur ſub rationali AB, 

| & exbinj nominibus (exta BC (AE +EC;) 
" | xfclines OP ſpatium AD potens, irrationalis 
h | of, que bine media potcns appeNatur. 

ik | Ut ſzpe prius, OMq © MPq. & OMq+ 
+ | MPqeſtuy. &reQang. (EK) OMP etiam yy. 
Pf jergo OP —4/ ADeſt porens 2 1a, Q,E.D. a 42.10) | 
- | TInnumerk, fir AB,5; AC,,/12+4/8; ergo =» 
WW | reftang. AD, vel OPq eſt 4/3oo0—+,/ 200, 

| proinde OP eſt /; 4/3090 +,/ 200, 
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F LEMM 4. 
| TR ] < Ft ret ABin- 
it | fp equalizer ſefia in C, 
XC” I} R,|M| frque AC mujus 
{ -J1C} | ſegmentum z & cut- 
+ | vh DE applicentar 
"= pl yr Rs, DF= 
-—<i ABq, & DH — 
AY HK N ACg, & IK—=CBq. 


, Pique LG biſeffs in M, dncamrque MN pa- 
Þ. roll. GE. ; 
- | -Dico1. Refang. ACB=—=LN, vel ME. 4 
þ «Nam 2ACB—=LF., a 4,2. 30 | 
, 2 DL=-LG. nam DK (ACq+CEq) ax.l. 
» | b& LE (2 ACB) ergo cum DK, LF fint 2que b 7. 2. 
* | alazcerit DLE LG. c1.66 #Þ# 
3. SIAC 'T CB, detit recang, DK=TL d 16, 10, | 
9 | ACq, & CBq: ; 
; 4 rem, DL LG. nam ACq+CBq | 

ei2ACB; hoceftt DK LF. ſed DK. elem; 26, 
LFe:: DL, LG, fergo DL TL LG. 10, 
5. Ad bee, DL / DLq-LGq. Nam f 10, 10, 

| AC ACBg:ACB, CB. bocek on g1.6. 


| h 19.6, hergoDIxIL = LMq. ergo cum ACqkH. 
| 110. 10. IL,yerit DLL / DLq-LGq. Q.E.D. 


| n I9, I'O, a DLq-LGq. | | , 
= Hoc lemma preparationk vicem ſubeat pro 6, [e: 
quentivus propoſetionibus. | 


PROP. LXI, 
Quadratum cjus qua ex bink nominibus ( AC 


titudinem DG ex bink nominibus primam. 
Suppolitis iis, quz in lemmate proxime ante= 
cedenti deſcripta & demonſtrata ſunt. Quoni- 


| blem, 60. TL ACq; cergo DK eft py. d ergo DL'L 
|. Io, DE þ. retang. vero ACB, ideoque 2 ACB 
 C(ch.12.10(LF) eceſt yy. f ergo latitudo L G eſt þ 'TL 


> bin. I, Q), E. D, 
: 23, IO, : 
O33. 10, PROP, LXII. 


| h lem, 60, Ouadratum ejus, qux ex bink medi prims 


- 10, (AC+CB) ad rationalem PE applicatum, fc: 
- k 1,def 48, cit latitudinem DG ex bink nominibus ſecundam. 
þ {op Rurſus adhibito Jemmate proxime prxcey 


- 224,10, denti ; Regang. DK TL ACq. 4 ergo DKeſt 
b 23,10; yuy.bergolatitudo DK ett 5 2. DE. Quiaves 
chyp. & ro re&tang, ACB, ideoque LE (2ACB) 

" ſoþ. 12.10. ceſtgy,;derir LG p T1. DE. e ergo DL, 

-d21,10, LG ſunt 9. f item DL & y/ DLq+ 
e 13, 10. .L Gq, gex quibus patet DG efle bin, 2, Q.E.D. 

't lem. 60. 

\ IO, 

g 2.dcf.,48. 
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| LN:: LN. IK. c quare DI. LM::LM. IL | 
©. . - Cc quare ® , *s « | 


|  khyp. CBq. boceſt DH 5 IK, & | proinde DI 5, | 
m18.,10, .6. Sin ponatur ACq Tr. CBq, n erit DLa 


+CB) ad rationalem D E applicatum, facit li. 
a hyp: am AC, CB ſunt p T3, berit reQang, DR * 


"d21, 10. DE. gergoetiam DL T1. LG. hitem DLa. 
£22, 24, / DLq-LGq. ex quibus k ſequitur DG efle } 
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'* Guadratum ejus » que Cx bink medik ſecunds 


\ retang. ACB, ideoque LF (2 ACB) zeſt abyp. & 


| DGeſt bin, 3. Q_E. D. c lem, 60,. 
Z | "> 
PROP, LXIV, d 3. def. 
| 4S. 10, 


7 £ZIS: 
#4 E; pf p : " #2 
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PROP, LXIEL 


(AC+ CB) ad rationalem DE applicatum, fa- 
(it latitudinem DG ex bink neminibus tertiam. Y 
Ur in przced, DLeſt 3 ©. DE, porro quia | 


k | 


Mp berir LGp* T1. DE. cquinetiam DL Ta. 24, 10, | 
LG.c itemque DEXL y/ DLq— LGq, 4 ergo b 23.10, 4 


 Quadratum Mijorh (AC+CB) ad ratio- 
nlem DE applicarum, facit latitudinem DG ex 
bins nominibus quartam, : 
 Rurſus ACq—+ CBq, hoc eſt DK & eſt py, a byp. & © 
bergo DL eft gf ©. DE. irem AGB, ideoque ſch.12. 10, 
IF (2ACB) «© eſt yy. d ergo LGeſt pO b2I,10, 
DE. e proinde etiam DL LG, denique Cc byp. 8& 
quia AC D- BC, ferit DL TL DLq=- 24.10, 
LGq. g unde DG, ett bin. 4. Q.E.D. d 23,10, 
e 13.10; 
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| 
uadratum ejas, que rationale ac medium po- def.. | 
teſt, CAC+CB) ad rationalem DE applica- 48. 10. 
wm, facit latitndinem D G ex bink nominibus © © 
wintam, | YI 
Iterum, DK eſt yy. 4 ergo DL eſt ga a1; 10, 
DE. item LF eſt p'y, bergo LG eſt © TL DE. b 21, 10, 
cergo DL i LG. ditem DL a4 DLq= c 13, 10. | 


LGq, e proinde DG elt bin, 5, d lem. 60/þ 
IO, j 


PROP, LEVI: e 5. def, 


Luadratum ejus, qua bina media poteſt ( A C 49, 1% 
+C B) 4d rationalem DE applicatum, facit lati- 
tudinem DG ex binjz nominjbu ſextam, _ 
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| bi4Qu1o, 
| CI. 6. 
 d1o.10, 
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Dico 1, ACT. DE. ut patet ex' lo, 10, 
item CB T4. FE. 4 quia AB. DE :: CB.FE. 

2. AC, CB:: DF. FE. Nam AC, DF: 
AB. DE::CB, FE, ergo permutando AC, 
CB :: DE. FE. + 

3. Reffang. ACB -1. DFE. Nam ACq. 
ACB b:AC, CBe:: DF, EF :: DFq. DFI 
quare permutando ACq. DFq :: ACB. DFE. 


. ergo cum ACq TL. DFq, 4 erit ACB as. * 


DEE. 
4. ACq+CBqT DEFq+FEq, Nam 


| E 22,6, uia ACq. CBq c:: DFq. FEq. erit componen- 


o ACq+CBq. CBq :: DFq—+FEq. FEq, ergo 
cum CBq tr. FEq, f erit ACq+ CBqTL 
DFq + FEq. 

5. Hinc, < 1AC TT}, vel 'D- CB, g erit pas 


riter DE 7, vel EE. 
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= DEM 


Quia vero ACq + CBq (Dk) a a ACB, 
_ bideoque DK 9. LF (2 ACB) eſtque pi. | C 


— LGq. f ex quibus liquet | 


Sint AB, DE IL ; fatque AB, DE +: AC 
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8 C binis nominibus 
| Do ————— (AC +CB) 
| F longitudine com- 
| menſurabilis DE, 

_ W iþſa ex binis nomjnibus cſt, atque ordine eadem. p 


DF, FE TL pf. g Hoceſt, quodcunque bino- g Per def, | 
=AL F. D; 


_ tudjine commenſurabilis DE,v ipſa ex binis mediis 


DFEb TL ACB, getiam DFE eſtpy; &6 £19. 10, | 
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ac AB. DE :: AC. DEF. a ſunt AC, DF alem, 66, | 
'TL; 4& CB, FE TL. quare cum AC, & CB 10. | 
bfintp' T-, cerunt DF, FE gf -. ergo DE bbyp. | 
eſtetiam bin. Quia vero AC. CB a:: DF. c lem, 66.) 
FE. AC*h, vel y/ ACq— BCq, Ie. & fo; ] 
{ etjam fimiliter D F Tx. vel cy} D Fqm= 12.40. | 
FEq. item fi AC TL.,vel 'TL þ expol. eeritfi- d 15. 10g | 
militer DF 5. vel Tx pf expol. arf CB 'F 
yel TL p', eeritpariter FE T1. vel Ti p*. Sin , 42.10, & | 
yero utraque AC,CB*TL p', erit utraque etlam ,, 0, 


mijum fuerir A B, etit DE ejuidem ordinis. 48.10, 


PR OP. LXVIIE. we 
Et, queex binis mediis (AC+CB) longi- 


eft, atque ordine eadem, 

4 Fiat AB, DE:: AC. DE. b ergo AC - a1lz.6., 
DF, & CB I FE. ergo cum AC & CB blem.66; 
c finty, .detiam DF, & FE erunt yy, & cum 10. | 
AG c - CB, e erit, FD T3 FE. f ergo DE chyp. 
eſt2 4, Si igitur re&tang. ACB fit p'y, quia d 24.10, 


Hind uy, þ hoc etiam erituy. k 1d eſt, five AB f 38.10. 

fir bimed. 1.five bimed, 2, erit DF cjuſdem ordi- g (9.12.10 |; 

nis, Q, E. D. h 14. Io. | 
k 38. vel 
39.19, 
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PROP. LXIX; 
M—_— Majori (AC 
C —+CB)commen. Þ - 
Dn—————r—__—F . (urabilis DE, & }-- 
T * on - ipſa major eft. ' { 
i Fac AB, DE:: AC, DF. Quoniang AC}: 
abyp,- 4 D-CB, berit DF ©-FE. irem AY 
" blem. 66. CBq zaeſtp'y ; proinde cum DFq + FEqb aw}. 
| 120. . ACq+C8q, cetiam DFq — FEq eſt py. dey 
| .C ſch.r2:10 niquereQtang, ACB &4 eſt yy. d ergoreQtang,. F 7 
{ d24, 10, DFE elt uy (quia DFE b TL AGB.) e- Quart” H 
| e 40, 5, DEcit major. Q.E. D. | WW 
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PROP,  LXX, 


Rationale ac medium potenti (A C+CB) |: 
_ Commenſurabilis NE, & ipſa rationale ac mediun } 7q 
.  porens eff, "> % 
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128 Lterum fac AB. DE :: AC. DF. Quia AC! _ 
: abyp. 4 D-CB, b etiam DF Tt FE. item quia} « 
- blem, 65. ACq+CBqaeſt yy, cerit DFq +FEquy.: A 
fi 
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| 1O, denique quia reaang. ACB celt p'p, detiam'F ; 
£24.10, DFEeſt py. cergo DE elit potens p'y, ac yy. 

- dſch.r2,10 Q, E.D. 

| £41. 10, 

EE: PROP, LAXT. 


A, Lil pine media potent 


C (AC—+CB) con- 

_* DEG WREDS: F E menjurabilis DE,@ 

X F ip(a bins media fl- 

EE: | | a zens Eſt. | 
| -a byp, Divide DE, utinpraced. Quia ACqa'TL 
| blem, 66, CBq, b erit DFq Tx. FEq. item quia A C9 
| 10, + CBq aeſt uy, cerit DFEq—+FEq etiam yy. 


Wc 24, 10. parirerque quia ACB 4 eſt yy, d etiam DFE ell 
| 4 24,10, wy, denique quia ACq+GBqm ACB;. 
| ho ps ect} 


me 4 MW aa 


« ] F ; 


3 [perit DFq+FEqT-DFEE. f Equibusſequitur e 14, 10] 
2B 'DE effe porentem 2 ua. 1, E. D. f 42, 10, 


PROP, LXXLII 


1-3 $1 "__ A} 
3 —_TT [ = edium .B 
- 0 | componantur,que- 
"|| hp. - B ||: tuor rationtits | 
vol funt 3 vel ea que oY 
= {48 ; - bink —_— 
4% . w,vel que ex bi- 
& H _ E In media prims , 
'*} wel major, vel rationale ac medium potens. 

'F Nimirum fi Hq—A—B, erit H una 4 line= 
| zum, quastheorema defignat, Nam ad CD | . _, * 
\ | xpoſitum p, 4 flat retang., CEA 3 item Fi a c0r,16,.64 
1'4 =B; b ideoque CI=Hq, Quoniam igitur A b 2.4x.1. 
"Fl eſt þy, etiam CE eſt þy. c ergo latitudo C Fc 21, Io, 
E eſt þ TL CD. & quia B eſt us, erit FI [I d 23, 19, 
>| dergo FK eſt p* 1. CD. & ergo CF, FK ſunt e 13. 10, 
"Fj. Torajgitur CK feſt bin. Si igitur A f 37.10, 

"| £B, hboceſt CE c-FI, gerit CF -FK, ergogl.6., 
"J fCE a./ CEq—FKq, berit CK bin. 1, & Þ 1. def. 
' | proinde H—=,/ Cl eſt bin, Si ponatur CF 45. 19. 
T4/CFq-—F Kq, ! erit CK bin. 4. quare £55 10. 
H(y/Cl) meſt major. Sin ADB, gerit 1 4.def. 48 
CEAFK ; proinde fi FK TL y/ EFKq CFq, 10, 

gerit CK bin. 2, 0 quare Helt 2 y prima. de- M 58.10 | 
nique fi FK -3- 4/ FKq — CEq, perit CK bin, 5. 3 2.def.48. 
qunde H erit potens p'y ac uy, Q.E. D. RR 
| | 056,10, 
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PROP. LXXIL. "i 
8  Siduwmedia kh, 
FE, 7nter ſe incoms' h 
menſurabilia com { 
| | ponantur, dug reli | i 
| que irrationales fi. | 
nh | unt; vel ex binis me. | 0 

E BY | diis ſecunda, vel js | 
RE; D — 1 media potens, 
Tn ET Nempe Hp | 

tens A+B eſt una, ditarum irrationalium, Nan} it: 

ad CD expol,g,fac regang, CE=A,& Fl=3, 

a byp. unde Hq—Cl. Quoniam igirur CE, &Flt | 

b 23. 19. ſync ya, beruntlaticudines GF,FK pf 0. CD, | 

c 1.6. jtem quia CEL Fl eftque CE. FI c:: CE, 

610,10. xx, Jerit CED.FK. e ergo CK eſt bin, p, |. 
 E3.4ef.45. gempe, fi CE y CEq—FKq. unde H={ 

£297 © Cl f crit 2 14,24, dig vero CF Te. q/ Ciqn 

©57.10. Fkq, g erit CK bin. 6,8& þ proinde H eſt pores 

8 6.deſ 45. 2 ue QUE.D. 
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| | Principium Senariorum per 
_ deitrattionem. 
PROP. LXXIV. 
—=—=——— $2 rational; DF rationdu 
'D E F DE auferatuy, potentis rantum | 
commen{urabilis exiftens toti DE ; reliqua EFit, | + 
Tb rationalis oft : Vocetur autem aporome. A 
a'lkn. 26, Nam EFq 4 TL DEq; ſed DEq b eltpii } tn 
10. cergoEFeitp. Q E.D. ſaci 
b byp. In nuncris,fi DF,2zDE,,/3. EF erit 2-4 3: | tion 
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h E FE Si 2 media DF media DE, 

nae————— duferdtur , poaenmia tantum 
ummenſurabilis exiſtens 101i DF, que cum t0t4 
| DF rationale contineat;reliqua BE irrationatis eff; 

iretur auterm media apotome prima. Ka 
Nam EFq 4 Tt reQang. FDE, ergo cum 2 ſch. 26, 
IDE b fit p'y, c.ertt-EF 26 4 I lands ry : 
 Ianuneris,fit DB v4/ 54; & DB v4/24,ergo Þ PP- | 
JHctvy/54=vy/ 24, hr + 


| 11.def.io,” 
PROP. LXXVI. | 


D E Þ $i & media DE media DE 
_—r— —  daferatur , potentia tantum 
| Ummenſurabilis exiſtens tori D F, qua cum tote 
DF medium contineat , reliqua EF irrationaliz eff, 
wwretur autem media apotome ſecunda, ONT OIL s 
 Quia DFq, & DEq, &« ſunt ye Ta byp? - 
Pat. DFq + DEq ©. DEq © quare D Fqb 16, 16; 
+ DEq elt uy. iretu reRtang, FDE, & ideoque c 24. 19, 
 P*FDE zeſt uy, ergo EFq (d DEq+ DEq--d cor. 7.22 
 PFDE)eeſty, quare EF eft þ, QUE, D. e 27,19, 
, Tonumeris, fit DF,v 4/18; & DE, vy/$.crit 
Foy/18--v4/8. 
n PROP, LXXVIL. 
———— &FSi2reaalinea AC refla 
| A B | C auferatur AB, potentta in- 
"| rommenſurabilis exiftens $08 BC,que cum tors AC 
| faciar compoſitum quidem ex ipſarum quadrazis ra- 
, tonalc, quod autem ſub ipfis continetur,medium,re- : 
| lique BC irretionalis eff : vocetur autem minor. a hyp; 
Nam ACq+ABqe eſt py. acreQang. ACBb ſch.12.10 
deft uy. b ergo 2 CAB ACq+ABqc7. 2. 
WEL bogt) 4 go ACq-+ ABq'D. 617.18. 
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. £ erg BC | þ. . E, D., e11,def.10 
8Cq. cergo BC ry >, 


18 © y/ 108,.ergo BC eſt /:18+/ 198, .. 
Wal 18 —4/ 108; 
- &O P,* LAXVEL 


Si2 refia linea DF vn: 
fa auferatur DE-potemic 
incommen(urabilk exiftens 1011 DE, gia cumton 
DF faciat compoſutum quidem ex ipſarum quadrat 
medium,quod autem ſub ipfis continetur, rational; 
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'relique EF irrationali eſt: vocetur autem cumrat. | 


onali medium totum cfficiens. 


a byþ: & Nam 2 FDE 4 eit p'y. b & DEq + DEqel 


ſch. 12.10, yy. c ergo 2 FDE TL. DFq +DEq d ( 2 FE | 


b byp. 
c {ch.12.10 
dy.2, 


-+ EFq) eergo EF eſt.. Q, E.D, 
In numer, fit DEF, /: 4/ 216 + 4/ 72, DB; 
M: v/ 216 —y 72. ergoEFeſt/: ,/ 216+ 


$ | e (cb 12,10 M72 —=y* a/ 216 — a} 72, 


-—__ def. PROP. LXXIX. 


E Þ 


exiftens toti DF, que cum ora ſaciat Ef comp 
rum ex ipſarum quadrath, medium ; & quod 
ipfis cont inetur, med;um,incommenſurabileque on, 
poſito ex quadratis ip[arum,reliqua irrationdliseſ: 
vocetur autem cum medio medium totum efficiens, 
Nam 2 FDE, & DFq—+ DEq 4 ſunt ys; 


=, 
D - 


a byp. & 
24. 10, 


b 27.10. dproinde EF eltp. Q.E.D. 
Cc cor. 7.2. Fxempl. gr. fit DF, 
dirdefio,/: /180—y/60. EF ecit /: y 180+y 
60my/; y/ 189 —-y/ 69, 


Siarefta DF refa auferttn | 
' DE, porentia incommenſurabil | 


b ergo EFq. (c DFq +DEq—2FDE) ety 


y/ © 4/ 180 +,/ 60. Db 


* 244 EUCLIDIS Elemmtorim 
In numer, fit AC, /: 18+, 108. AB > 


[| 


| $iidem fit exceſſu inter primam madgnitudinem 


BG,& [ccundam C (MG) qui inter tertiam mag” 
aitudinem DF,& quartam H(EEF;) erit & viciſ- 
ſn idem 6xceſſus inter primam magnitudinem BG, 


1 s rertiam DF,qui inter ſecundam C,@ quartam 


Nam quia 4 zqualibus BM, DE adje&z ſunt ©: 
inzquales MG,EF, @ hoc eſt C,H ; erir excefſus a byps | 
totorum BG,DF,b zqualis exceflui adjeRorum, Þ 15.4x,1: 
Ed, QED, 


Coroll. 
Hine} quatuor magnitudines Arithmerice 
proportionales, viciflim erunr Arithmetice pro- 


| portionales, 


PROP, LXXX. 


B ID C Apotoma AB una tan- 
Anne en —— tum congruit rea lines 


i | Mtionalis BC, potentia tantum commenſurabilis 


fxiſtens 10ti AB, 
vl heri poteſt, alia BD congruat. 4ergore- a 22, 10) 
Qangula ACB, ADB; b ideoque eorum dupla þ 24 x0, 


 Junt ya. cum igitur ACq&+BCq —2'ACB c= cor. 7. 20 


ABqc—= ADq- DBq= 2 ADB, ergo viciflim 4 lem; 99; 
ACq- BCq —: ADq + BDq 12 ACB x "pho 
2ADB. Sed ACq&+BCq-: ADq+BDqe eſt « hyp, & - 
pr.f ergo 2 ACB=: 2 ADB eſt p'y, Q.E.D, 2%, 10. 
FE f ſch.12,10 


I8. Elzn wentor rk 


Es =" nm SEE" Aalle PORE" pri. 
A '—B;:: D OC me AB und Fantun 
congruit reffa jo vmedia BC, potentia ſolum con. 


po: AI rope, "O7,FuM ora ratio 
heres widm BD congruere. jgirur quonian 


"POO 


 whyp. 


d ſch.r2,10 —: 2 ADB; ſ'hoc eſt ACq-+ BO4=: hs 
e (cs 27. + BDq rt js. EQBEA..: 

TO, 

f 7. 2.8 
lem.79.10. 
827.19. 


PROP, LXXXII. 


_B F< D Medie Api. 
Me ſecunde A} 

Mens rantum (0 

"\ media B C, 

| | Zentiaſolum con; 
| ---+ men(urabils tx 


——. ——_—_ 


tam ACq,:&BCq; quam ANq,&BDq 42 ſun | 
b 16.8 24. pa DL, bhetfam ACq+BCq,. & ADquRlN 
þ (of ores ua..c ſed reQangula ACE, ADB;d adegy 
cbyp. 2 ACB; &:z'A DB ſunt gee. ecrpo 2 Ac} 


" | grads reqa lint Þ 


m———_—_— 


[2 ſtens 101,09 coun 


tuta medium Oh 


b- 


a”. x a * 
. 


bp 7 tivens, 


$i teri poteſi, | 


4 Y : congruat alia BD. 2 EF ; ant reRtang, EGz 
£5uy, 


Item n El=ABgq Jam 2 ACB--ABq=AC4 
BCq=EG, .ctgocum BI—=ABq; crit KG= 
4: ACB. iporro A'Cq, & B Cqtb ſunt we "U 
3.19, {Ergo EG (ACq+BCgq) elt yy, d ergo! It- 
. titudo EH ; 1+. EF. e Quinetiam rectang, 
"-ACB; f ideoque 2 ACB (KG) eſt uy. derg? 
” KH eft etiam 5 TL EF. denique quia ACq+ 


ACq+BCg ; irem reQang; E L==ADq-BD4 | 


* BCq, id cſt, Bs I IL-2 ACB (KG) 5G E; 


* & Y PI * p wo I 442 LEY 
Ba. WE 4 tg "* $2 $4 X 

x P Ge FS ps - . ” 

wb — us + 

"F "£23 Wag. F e 
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vWew 


&,» ” : A . "hy x. of, * 1 w 4 , *> pad =; Fr” as on. tht ts. the) * aw 4 
<4. 426; a. wells aut , x a Als rd 
x vy + Es i, £5. AS F 1 } "OWE es a FO. , 
MS tr -- wore I 
y 4 & 


EH. KH k 


| TO T? 4 ey. "1 | 7 > +36 bs: 
Fi erit EHTL KH, h1 | 
' | JergoEK eſt aporome,cujus congruens KH,fimili k 10, 19... 


 þ 


argumento erit KM ejuſdem EK congruens; cons | 74, 10, 


1 tra 80 hujus. | | 


E PROP. LXXXIII, 
nine prnnmdemmonmp — Minori AB,unatn- 


A B D C tum congruit refs li- 


we(BC) porentia incommenſurabily exiſtens tari, 


ff cum 014 faciens compoſutum quidem ex ipſarum 
| puedraths rationale 3 quod autem ſub ipfis contine- 


tar medium. 


: Pura alium BD congruere, Cum igitur ACq- 


+B Cq, & A Dq+B Dqafint pa, corum ex- a hyp. 


ceflus (2b aCB—:2 ADB) c eſt UW, d QEA; b 


quia ACB, & ADB ſunt ue per hypoth. 
PROP. LXXXIV. 


nant Fe oomeccttetnc|pmncerermaye E1 (AB,) : que cum 
A B D CC rationali medium totum 
ſacit,una tantum congruit refta linea BC, potentia 


- commenſurabilk exiſtens tori, cum tots faciens 


conpoſitum quidem ex ipſarum quadrath medium 
quod autem fab ipfis commetur, rationale. 


lem, 9J« 
10, 
c (ch.27.10 
.d 


- -Dicaliam BD etiam congruere. 4 ergo re- a byp. 


Qangula ACB,: ADB, b ideoque 2 ACB, & 2 b (ch.12.10 
ADB ſunt pa. ergo 2 ACB—:2 ADB; & hoc clem. 79. 


eſt, ACq+B Cq-: ADq+BDq dd eſt py, 10. 


QUE A: quum ACq+BCq, & A Dq +b(6.27.10 
 BDqfint ws per bypoth., | 


o 
bl 
' 
| 
[ 
| 
© 4% 


—_ - ”_ j W065 of 2 EG —_— 
X 2 A + / « ORs. VS. _ "- 
an Ws is a. Ls ROME AF Te . 7" 8 
bo CL [. *%# 
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PROP, LXXXV. 


Ei (AB) qug 
= Lots cum medio Fl 


'M rorum facit ung 
rantum congruit tee” 
a linea BC poten- 
| 31a incommenſures 


emen 


ne ans oY 


7 Fo & compoſutum ex 
BY! CR HTS ipſerum quadyratls. 
» 78 G i 
ſub ipſss continetur, medium, incommenſurabiiegs 

compoſito ex ipſarum quadratis.. 
Suppoſitis iis quz faQa & oltenſa furtla 
hujus ; liquet EH,8& KHefſe g* 9. EF. Porto 
Toicur quia ACq+CBq, hoc elit, :reQang, EG 


oltendetur. contra 80 hujus. 


Def nitiones tertia. 


X polita rationali, & apotoma, fi fi tota oe 
poſlit quam congruens quadrato rez linez 
1bi longitudine commenſurabilis ; 


dine fit commenturabilis, vocetur apotome pti: 
ma, fig 
If, Si vero congruens expoſitz rationali Jon- 


gitudine fit commenſurabilis, vocetur apotome 
ſecunda. 


Iz 


expoſitz rationali fir longitudine « commenſura; 
bilis, yocetur apotome tertia, 


bilis exiſtens uti, 
| & cum tors fatien | 


= 3 


ahyp: #4TLACB, b ideoque EG I 2 ACB (KG). 
14. 10, eftque EG. KG:: c EH. KH; ert EL F 
c1.6. KH, ergo EK eſt apotome, cujus congruens KH; } 


Haud aliter KM eidem aporome EK. congruere 


I. Siquidem tota expoſitz rationali longitts 


Quod fi neque tora, 'neque congruens | 


EBPgSOYIT 


Rur- tk. 
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"FT" Rurſus, fi tora, plus poſſit quam congruens 
*Þ ©. : quadratereQz libi longitudine incommen- 
} furabilis; 

'F  1V. 'Si quidem tota expoſitz rationali fit 
' longitudine commenſurabilis, vocetur apotome 
| quarta. | 

V. Si vero congruens expoſitz rationalj fit 

 longitudine commenſurabilis, vocetur apotome 
| quinta, 

| .VL.Quod fi neque tota,neque congruens,ex- 
- pohitz rationali ſic longitudine commenſurabj». 
* yocetur apotome'ſexta, | 
PR O P, LXXXV1,Y87, 88,89,90,91. 
4 Cuon$ B Invenire apotomen pri- 
: _ — nam, ſecundam, tertiam, 
1 | E--rn— — gquartam, quintam, ſextams. 


| Do 


a IK G  Apotomz inveniuntur, 
I | Honi__—_ ſubduRis minoribus bingy- 
) | miorum nominibus ex majoribus. Exemp./ gr. 
» | St6+,/ 20, bin. 1, crit6 —,/ 20, apot.'t, &c. 
6 Quarede earum inventione plura repetere ni- 
C } hileſt neceſle, 
LEMMA _ 

$i reffangulum A C ſub 
| / IM i F& E refis AB, AD. ACHE 
D |ADadE, & biſecetur DE 
e | in F. fitque rectang. AGE— 
| FEq. & compleantur re- 
Lf fangula AI, DK,FH. Fi- 


. ———_— ant vero quadratum LM— 
B ly c Nd a AH,& quadratum NO— 


Gl, producanturque NSR, 
TP 
| AI = LM + NO=— 


o OST. 
TOq—+SOq, ut patet ex 
RM. Se: 


- 


. | 

e T; BEL Sj. 

/ | Dicoprimo, re&angul. 
| conſtr, 


F EIT», - | "ya Fu 7 © * FF Fe 4 « f 
: —_—— —_ ® " | A & « der oa p | | ff P / #8 #; ( v / IP 
og 2 FR » £ L . FA 


boi Reffang 
; recang. AGE 4—= Ea, b ſunt AG, FE, 
E biy.6. = ,c adeoque AH, x, GI= ; # hoc eſt, IM. 
Fer 6. El NO : —_ atqui LM, LO, NO dſunt = : ergo 
' dſch.22.6. Fl—e LO f=DK—g NM. 
eo. 5.  Tertio,” Hing, AC—=AI—DK-FI—_ 
E£85.1. LM-+NO—LO—NM— TR, | 
843.1 Quarto, þ Liquet DEF, FE, DE efle -! 
'- his.1o, Quinto, SiAE DE, & AE TL y/ AFq 

k 18,10.& —- DE q, k erunt AG, GE, AED. 

- 10, 10. Sea, 'Ttcm, quia AE I DE, m erunt AE, 


m 13.10. & LO ſunt TL, 

n1,.6, & Septimo,Iiem qua AG * T5 GE,nerunt Al 
10, 10, Gl, beef, LM, NO a. 

* prius. .Q&avo, Sed guis AE4-Q DE, 0 erunt FE, 
014, 19, GB 2..#jdeoque refang Fl Gl boceft LO 
p2.6. TEND, quers cars 10, NO p:: TS. SO.q erun 
q lo. 10, TS, $Q*T7.. 

r 19, 10, ' Novo, Sin ponatur AE TL 4/ AEq - DEq; 
8& 17.10.. yerunt AG, GBE,AE TL. 


10, TOq, cs erunt TL, 


1 byp. FE *TL. n ideoque Al, Fl ; bod ft, LM + No | 


\ 1.6.8 10 Decimo, ſ Quare refang, AH, Gl, huge 


PI I | - 


)1 
L 


- woe”. Eh. L os TE "IEF" "OT" b, 4 Rake ae Ld yy _ P - q 
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: vo PS; x * * TRL 4 
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A D FCY $1 ſpatium AC contmea- 
7 potoma prime AD (A E—- 


 $O ſunt p* T3. e proinde-T'S eſt apotome. © I 


= BA». of Dy I © FI _ 


PROP. XCII, 


7 tur ſub rationali AB, & A- 


DE;) refta linea TS ſpati- 
| | 13 AC porens, apotome eff. 
' | Adhibe lemma proxime 

C _.KH] antecedens pro preparati- 
py "MT + one ad demonſtrationem 
bujus.Igitur TS—=4/ AC. 


— —_— 


| SIA Wy | 
PU 0 item AG, GE, AE ſunt 
T | V1 "0. | ergo cum A E TL, 4 a byp. 


AB pz b erunt AG, & GE b 12, Is, 
"TLAB. c ergo reQangula pn es 
—LT AH&GI, boc eſt TOq & * em 91s 

RM SOqlſunt g's. ditem-TO, *2: 


QE.D. 


PROP. XCILL, 
Vide Schem. preced. 
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$i (patium AC contineatur (ub rationali AB,& 
4potoma ſecunds AD ( AE DE; ) res lines 
TS ſpatium AC potens ; mediz eft apotome primes. 
urſus juxta lemma anrecedens, AG, GE, 
AE ſunt Ta. cum igitur AE & fit þ T2. AB, a byp- 
berunt AE,GE etiam p' TL. AB, c ergo re&an- b 13, 10, 
gula AH, GI, hoceſt TOq, SOq, ſuntys ; c 22. 10, | 
direm TO -- SO. Denique quia DE e-. d lem. 74 || 
AB, ff. f erit re&ang, DI, ejuſque ſemiflis DK, 10. * | 
vel LO,hoc eſt TOS py ge quibus ſequitur TS e byp. if 
(/ AC) ele mediz apot, 1, QE. D. 29, 10. || 


py —_ Cs EO IEEE one IC ICIIEDEIR: 


£Y; EB ans rig 5 >, 
to PISS - 
Ws 


252 FEUCLIDIS Elmmntorim 
PROP. XCLV. | 
Vide idem, 


Si ſpatium AC contineatur ſub rational; AB,& 
apotoma tertia AD (AE - DE;) rea linea TS 
ſpatium AC potens, medi eſt apotome (ecunda, 
Ur in przcedenti TO, & SO ſunt yy. , Quo- 
| a byp; niam igitur DE eſt * TL AB, b eritreQang, 
| b zz, 10, Dl,c ideoque DK; vel TOS yy. dergo TS—= 
| C24,10, y/ AC eſt mediz apot. 2. Q.E. D, 


d 76. To. PROP. XCV, 
vide idem. 


$i (patium AG contineatur ſub rationgli AB, 
& aporoma quarts AD (AE — DE) ref lines 
TS (patium AC potens, minor eff. 
'alem, 91, Rurſus TOa -SO. Quoniam igitur AE 
"10. beſte IL AB, cerit Al, (TOq+SOq) py, 
b hyp. Atquiurprius reQang, TOS eſt uy. d ergo Ss 
Cc 30, 10, — a/ AC eſt minor, : Q, E. D. 


WI7-30. ...... PROP.:XCVI, 
| _ Vide idem. 


$i ſpatium AC contineatur {ub rationali AB, 
& apotoma quints AD (AE — DE;) refs lines 
TSſpatium AC portens, eft que cum rationali me- 
dium totum efficit. 
Mo _  Rurſus enim T O T- SO, itaque cum AE 
| abyp;  aftg} 2 AB, berit AI, hoc elt TOq+SOq 
| bz2. 10. wy. Sed prout in 93 re&ang, TOS eſt g'y. c pro- 
| £78.10, inde TS—=y/ AC eſt quz cum py facir rotum 
Xs Lays Q.E. D, 


Liber X. 
PROP. XCVIL 


A D Fs £ $i ſpatium AC conti- 
— T]T]| neturſub rationalj AB, 
& 4potoma (exta A D 
b--1 lines I'S ſpatiom A C 
i atihum | 
|| potens, eft que cum me- 
Bl, C KHL dio mediam totum effi- 
| cit. | 
> [tidem,ut ſzpe priusz 
: © TO TESO. item ut in 
bs YU 96, Tous Oq eſt 
uy. reang, vero TOS | 
| eſt p'y, utin 94. 4deni- a lem. 913} 
RI TOS. begs T9 b39.10, | 
-- » D Ergo | 9,109, | 
elt quz cum yy facit totum Ws F | 


FJ 


Q 
= AC 
E, D. 


LEM M A: 


B ; py rectam quam- | 
ſem m——_—_— —C vw DE* applicen- x I! 
D | GG MIET, ur refang. o F — «w— | 
ABq, & DH— | 
AGq, & IK: "1 
BCcqz & ft GL 
al | biſccta in M 3 6-5" 
 —— ue fit MN paralk. 
—F NHK 
Erit primo, RefFang; DK —A Cq—BCq, ut 
conftrufio indicat. PT 
Secundo, Refang. A CB — GN, vel MK. | 
Nam DKa—ACq+BCqb—=2ACB- aconftr; | 
ABq. at Bqa— DE. ergoGKce =2ACB.by.z, | 
& dproinde GN, vel MK — ACB, c 3.4x, If 
\ _ Teriio, Refang. DIL=MLq. Nam quia d 7. ax. Iyif 
_ ACq. ACBe:i:ACB, BCq; hocelit DH.e1.6, ff 
"Th: bud] h _ 
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'Fi 7-6. MK+: MK. IK, ecrit DIML ::ML. IL. fergo F 
 DIL=MLq. | | 
| Quarto, $i ponatur AC D-BC, erit DK © 
816.10, ACq, Nam ACq+BCq(DK) ew 
| ACq. 

; Yuinto, Item, DL '& yy DI Q-Glyq 
.h1o, 10. Namquia DH (ACq) LL IK(BCq)beritDI | B 
'Kk18, 16. TH IL, kergo / DLq = GLq —DL. ' ai 
E.  Sexto, Item DL TL. GL. Nam A Cq4 
lem. 26, BCq > 12 ACB;hoc eft, DK 1 GK.mergo | A 
=o  DLa> GL. B 


.mio. 10, Septimo, Sin ponatur AC D- BC, nerit DL D 
n19. 10, 1 /DLq- GLq. pl 
| PROP. XCVIII. w= 


Quadratum aþoto- mn 
Ar———c me AB (AC—BC) 
RC a1 rationalem D E 
| A os. 

| applicatum, facie ls 
titudinem DG 4poto- 
men priman. 
| Fac ut in lJemma- | TÞ 
te proxime prece. 


TRE NEE 
B FN H K denti, 


a byp. Quoniam igitur AC, B C 4 ſunt þ DJ, 
| blem. 93. berit DK (ACq+BCq) Tt ACq; 6 ergo 
io, DK eſt py. d quare DL eſt j DE. & item D 


© ſcb.12..10 r:&ang, GK (2 ACB) elt yy, f ergo GLeſti | 
 U21, 10, Ix DE. g proinde DL GL, bſed DIq | &v 
e 228 24, TL GLq. kergo DG eſt apotome, & 1 quidem |} #' 
10, prima (quia m AC D- BC, & propterea DL cc 
f2az. io. a4 DLq-GLq.) QE.D. 80 
8 I3' 10, y/ 
(cb.12.16 
k 74. 10. 
I 1.def.85, | 
10. EY 
mew. 97, PROP, | 


Iv, 
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PROP, XCIKX. 


Vide Schema ſnbſequens. 


Quadratum medie aporomg prime AB (AC 
BC) 44d rationalem DE applicatum, facts latitu- 
linem DG apotomen ſecundam. ' | | 

Rurſus (ſuppoſito lJemmare przcedemi) quia 
AC, & BC ſunt y, - b, erit DK ( ACq+ 2D. 
BCq) TL ACq; cquare DKelſt yy. d ergo blem, 97. 
DLeſts T1 DE. eitem GK (2. ACB) elt 10- 
py f ergo GL eſtg* 2. DE ; g quare DL a. © 34-10. 
GL. þ Sed DLq im. GLyq. h ergo DG eft apo- 9 33+ 10. 
. tome. quia vero DL EI Tt. / DLq- GLq, e byp. & 


nerit DG apotome lecunda, QUE.D, ſcb.12,10, 
i 21, Io. 
| $13.10. : 
DP AF C: h [{ch, 12g 
| Quadratum me” 19. 
A. 4 —1C.- die apotomae ſe- k 74. Io. | 
\D ay: TL, cundg AB (AC 1 lem, 97. 


BC) ad rationg- 19. | 
lem DE applice- M 2- def. 
rum, facit latitudi- 5+ 10. 


nem DG apotomen 
- vagal : tertiam, 
IT FNHK [terum DK eſt 


wy, 4 quare DL eft pf T1. DE. item GK eſt yp. We des, DP 
| 4unde GLeſty'*T DE; bitem DK 3- GK, Þ 16s. 26: 


cquare DL -@. GL; dat DLq*mz GLqeer. ** 


go DG eſt apot. & quidem f za, g quia DL a cr. 5. 


IO. IO, 


d (ch. 12; 
PROP.:CL 10. 
£74.10 
Vide Schema preced. T390 85s 
Oo 


Quadratum minors AB (AC—BC) ad ra- g lam 97, 
t;onalem 10, 


if 


256 EUCLIDIS Elementoram 
tionalem DE applicatum, facts latitudinem DG; 4 


apotomen quartam, 


; Ur prius, ACq+ BCaq, hoc eſt DK eſt py; i F\ 
 22T.10. ergo DL eſt p 1. DE, atreQang, ACB,ide- | D 


'* byp. 
| b23.10. iq DE. c ergo DL GL. d ar DLqi 
. C13.10. GLq.quia vero# ACq*TL BCq, eerit DL: 
 dſch.12.10 / DLq— GLq: : f ergo DG conditiones haber 
.e lem. '97- apotome quartz, Q, E. D. 


oque GK (2 ACB) *eſt uy, bquare GL ett 


- 10, 


f 4.Jef.85, PROP. CII, 
ry Vide $cbem. praced. 


Quadratum cjus AB ( AC — BC, ) que cn 


rationali medium totum efficit, ad rationalem DE 
applicatum, facit latitudmem DG apotomen quin. 

ram. 
' a2;7 10, + Rurſusenim, DK eſt yy, 4quare D Leity 
b 21,10. TL DE. item GK eſt o'v, b unde GL eſt pe "T& 
Cc I3. 10, DE. c ergo DL IL GL, d (ed DLq am. GLq, 


dſch.12.10 porro, D Le Ta. / D Lq-GLq. ex quibus 


elem. 97. DG felt apor. quinta, QE.D. 


| 10 _ } 
SIE PROP. CIIE 
ng 5. Vide Schema idem. 


Luadratum ejus AB (AC —BC,) que cum. 
medio medium totum efficit, ad rationalem DE dþ- | 


flicatum, facit latitudinem DG apotomen ſextun 
Haud aliter, quam antea, ÞK, & GKAunt 


a 23.10, ya; 4quare DL& GL ſunt. DE. item } 


bhbyp.& DKbm GK, c quare DL I GL. 4 ergo 
lem.97.10, DG eſt apot, b cum igitur ACq -cL BCq,ideo: 
cio, to. queDL © / DLq- GLq, cerit DG, apo: 
| d 74.10. ſexta, Q.E, D, 

| e6.def.85, 

0, 


$4 
+ - 
# 6 


PF + £2* 4 ©. a. 


24 ba 5 » PEP Y ” * ; 4 "” my Py hy. L T4 3 p : d 
”” F I A v7 : "Ot « . « , 
.& er. XL, 
+2888. . - © T3 « 
es > ® 's : ” 4 
a 


Þ | PROP; CIV, 
1%. Þ©L., = BC)longitudine com- 


nenſurabilis,& ipſe apotom® eft, arque ordjne ea- 


| 
L 7 
L n 
x | 06 LE M Mi4. 
"x AB. DE :: AC. DEF. @& AB TL DE: 
Dico AC-+ BC . DE+BF. 


' Nam AC.BC &:: DE.EF, ergo componendo 
| AC+BC. BC :: DE+EF.EF. ergo permutando 
\ | a0 Bc. DE-+EF :: BG, EF. aat BC-BF, lem; 66. 
hergo AC+BC'T.DEF-+EF. QE.D,. = 
* 4 Fac AB, DE:: AC. DF, b Igitur AC-+ b 10, 1) 
BCE DE—+EE, ergo cum AC+BC c binomi. a 13.6. 
- | un fir, derit DE+EF ejuſdem ordinis binomi- b lem.10J 
p" | um: e quare DF—EF ejuſdem ordinis apotome 10. 
L Þ| >, cujus AC-BC. Q.E.D. | : byp. 
I. 10) 
| PROP..CV.. © Per def 
IA BP, © - Red linea DE medig apoto= nitiones ad 
| — meAB (AC-BC) commenſu- 85. 10, 
h—  Yabils, @ ipſe medie apotromg 
ID FE, F eff, atque ordine cadem, 
m_ | :;. [terum 4 fac AB. DE:: AC, DE, b quare a 12,6; 
jþ. | AC+BC-. DEF + EF. cergo DE +EF eſt þ lem.103; 
n | dimed. ejuſdem ordinis, cujus AC—+BC. 10. ; 
at | dproinde & DF—EF mediz apotome erit ejuſ- c 68, 10, 
m | fem claſſis, cujus AC-BC, Q.E,D. _ dg75.&79; 
go y | I. 
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a lem.103. 
IO. 

b byp. 

Cc 69, IO, 
d 77. 10. 


rabilis, @ ipſe minor eſt. 
Fiat AB, DE:: AC. DE. 4 eſtque AC4BC|- 


PROP, CVI, 
mnmnmnmm mmm Minori-AB (Af 
D ' ; —BC) an 


TDE—+EF. atqui A C+BC beſt Major, 

c ergo DF + EF quoque Major eſt, d & proinde 

DE—EF eſt Minor. Q. E, D, 
PROP, CVII, 


A' B ©& Refs lines DF commen(y 
j—mmrr—rn——_ 


rabilk e} AB (AC—BC) qu | 


cum rationali medium 'totun 


dium totum efficiens eſt. 


Nam ad modum precedentium oftendemtys 


DF—+EFeflc potemtem pp, & yy. 4 ergo Dt 


—BEF eft ut dicitur, 

P-R-Q-P,-CVITL. 
A. BD:  Refalinee DE con: | 
ES ON menſurabili; ' ei k 


CNTR Hee; er ARE ( AC—BC) qug cal 


EF poten? 2ua, 4crgo DF - EF erit ut in pto- 


pol, 


428 Wor 
5, n 
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D EP efficit, ipſa cum rationalime 


ES: 26 SE 
PROP. CIX; 


is Medio B 2 ra- 
H © E K tionali A+B de 


| | | Ds ref lined 
| | H, qua reliquim 
AB ſpatium A poteft, 
| | £ und ex. duabus ir= 
; 9 ' 2268. 1 rationalibus fit 
; F. "'F vel- apotome, vel 
£1155 0 BN? BY Minor. 

Ad CD, fac reQang.. CI=A+B; & FI 
—=B.quare CE 4=A : (Hq) Quoniam i lgitur 4 3.4x, 12 
Clbeſtp,c erit CK þ TL. CD.\ſed quia FI b eſt b hyp. & 
lyy derit FK 5 Q- CD, e unde CK Ta FK conſtr 


*|-ſergo CE eſt apotome, Si igitur CK Tay © 21. f5 


Ckq — FKq. gerit CF apot. primaz h quare ,/ d 23, 104 


| CE (H) eſt apotome. fin CK *TL 4/ Ckq— : 13. I0g 


FKq, k erit CE apot. yu. & proinde 'H 57 7; 10, 


CE) 1 erit Minor, Q, E def. 85, 
=©S8 þ Wu # 19 
Vide Schem. praced, _ FRE * k 4.def.$5, 


' Rational; B 2 medio A+B darafto; 'alig due) 98 L103 
irrationales fiunt,uel-medie apotomt prima,vel cum 
1ationali medium torum efficiens, Fe T 
Ad CD expoſ, þ fiant reang. CI— AB; : & + yp ; 
H=B, 4 unde CE=A=— Hq._ | Quoniam b toy. 
 igitur Cl b eit p40: C erir CK; CD. led quia _ 
Flb eſt p'p,d eric FK p OL CD. eunde CK fra. © a 0, 
Tk. fergo CF eſt apor. g nempe ſecun ms 5 f CK, FT - 
 4/ CKq — FKq, b quare H (y/CE) eſt me. 
diz apot. prima, Sin vero CK TI y/ y CKq—, 
Ha, k erit CF apor. quinta, & proinde H ( v9 10 
CE) Lerit faciens yy cum pp, Q. BD. b 93.107 


«5, def.85. 
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"Media B'Þmedio A+B detrafo,quod fitincin: | + 
menſurabilerori A+B ; relique! due irrationales | ©: 

 funt, 'vel-medie apotome ſecunda, vel cum mediy 
medium toni efficiens. ba EAT 
« \Ad"C'D' þ\fiant reQang. CI —=A—+B;&} 
a 3, ax. 1, FI=B, 4'quare CE=A— Hg. Quoniam | 
b 23, 10, igitur Cl ett yy.” berit CK p Tx CD. «code 
c byp. . | modo erit FR Tx CD: rem: quia-CI's a: 
dro, 10, | FI, derir CK-D.FK; .e:quare CPeſt aporome, 
e 74; to, "f tertia_ fcilicer, 'fi CK y/ CK—Flg | 
f 3:def.85, gvnde-H'(4/ CE) erir medizapor, fecunda, } 
- 1o, © 'verum fi"CKA.4/ CKq-F:Kq; b'erir Ch | * 
g 94 1o, .apor, ſexta, k,quare Herit faciens yy cumyu | 
ates, QED, EET os i 1719 3 
_—_” () 31 4 
& 97, 10, PROP, CXIL | 
3 RE _ ..._: porxome A moneſ} | je 
.. D FT. eadem, que exbink W; þ Wk 
401.7% minibus, = XN 
"IE | | "Ad expo, BG fs LI 
fiat retatng, CDZ= + 
b 74: y _—_ Aq, . Ergo cum Akt | .* 
E 1,def.85, CL——— apotome, 4 erit BD f \ 
IO... . apot, prima. cJus congruens fit DE.b quare BE, \| ,* 
d 37.10. DE ſunt. c & BET BC, Vis aſe © 
e 1,def.q8. bin, ergoBD eft bin, 1, ejus nowina fiat BE, | 
10... . FD; fatque BEFD ; dergo BE, F D funty 
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it. 


won of 


4% 


a' 98,10, | 


f12, 30... & BEeT. BC. ergo cum BC Bb | 
8 cor, 16, ferit BETEB. g ergo BETL FE. þ ergo FB 
' 19:1, -; eſt þ.itemquia BE 2. DE, keric FETLDB | 


b ſeþ:1 2,10 Iquare ED eſt apotome, | adecque FD eſt þ.ſed " 
k 14, 10 oftenſaelf p*- Quz repugnant, ergo A male dict: '# 
I 74:10; [tur bigomium., Q, E, D. . + 
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Kamins I 3. Inka rk} zatey 
ol . ſe differentium, .- _. Yvon 
b4, 5 'i To Media. Fe | | SS E£I.445 © 
I 55) 2, Bx bidis riominibus, eujus6 ſpecies, AS >t6 
n | -1-3- Exbinis mediis prima.' 7 4 
les | i 4+ Ex blois mediis! ſecundas.. IG | 77. v 
dis RF Ps, # Major. i þ + ; >.---1-.H 
| 6, Rationale ac medium: potens. 
+ | 2- Bina media potens. ':c: 
n |. $. Apotome, cujus etiam 6 ſpecies, 
m | 9. Mediz apotome prima, ' T1 
+ | 10. Mediz apotome ſecunda.” 1 
+ |. 11. Minor, 
q *... I2, Cum rationali medium totum effi 
a! | : clens. ._ 
' | - 13, Cum medio medium totum efficiens. 


u | Gun latitudinum differentia arguant differenti- 
” | areflarum, quarum quadrata ſunt applicata ad alt- 
3 | quem rationalem, futque demonſtratum i in praceden- 

| bibm, latitudines que oriuntur ex applicationibus 
ratorum bharum 13 lincarum intcr'ſe differre, 

f | | ſic ſequitur bas 13 lincas inter {e oO. 
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#| PR O P. CXIIL, : 
by * Quadratum . 
& | 00 D < 5 rdttonals A ad 

D | ; | k cam , que Cx 

1 binz nominibus 

1 FI ke 26 BC (BD — 

3 DC) applica- 

5 } 2 tum, latitudi- 

B, | nem facit 4po- 

8 | ln | tomen EC, cu- 
8 A | | jus nomina EH, 

ed - = CH commen- 


ſurabilia ſunt 
| minibus BD, DC cju, que ex bink nomjnibus 
? KR 3 & 


fo 4 I , . s . BE FT wo ” id 
wy + 


D :: CH. DC 


SH , Fe, . 


& incadem proportione (EH, BD : 
& adbec,apotome EC que fit, eundem hahet orli: 
nem, quem ea BC, que ex bink nominibu, © 
a c0r.16,6; * Ad DC minus nomea & fac regang. DF — 
b14.6, Aq=BE, quare BC. CDb::FE. CE. ergo 
| dividendo BD. DC :: FE, EC, cum igitur Bb 
c=- DC. deritFE EC. ſumeEG—EC; 
d14,5. fiatqueFG, GE::EC. CH. Erunt EH, CH, 

| nomina apotom# EC ; quibus conveniunt ea; 
uz in theoremate propotita ſunr. Nam com: 
ponendo FE, -GE. (E C) ::EH. CH, eg 


k c0y,20.6, ECT..CH. PorroCDg eſt p', & DF (Aq) 
116. 10, gelt p'y, m ergo FC eſt g* 1. CD, quare etiam 
m21.10, CHeſbp Tm CD. zigitur EH, CH ſunt p/;ac 
n ſch.12,10 4 ut; prius. 0 ergo E © eſt apotome, cut cons 
074.10. grujit CH. porro EH. CH f:: BD.DC, ideo per- 
=” mutando. EH. BD ::; CH. DC. unde quia CH | 
p 10.10. + DC, petit EH BD. quinimo pone BD 
q 15.109. + /BDq-DCq; q erit ideo EHTL /EHq 
r12,10. CHq. item fi BD Ta pf expol.r erit EH 6: 
\ 3.def.48. dem o* ; ſhoceſt fi BC fit bin, 1, rerit EC apot, 


EC apot. 2, & fi hzc bin, 3. illa erit apot. 3, 
u2.def.q48. &c. Sin BD*<L 4/BDq—DCq, y erit EHTL 
10. y/ EHq— CHq; fiigitur BC fir bin. 4, vel 5, 
x1.def.85. yels. erix EC fimiliter apot, 4 vel 5, vel 6, 
E 1Q.: - CG BD. | | 
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elz.5. FH. EHe::EH. CH f :: FE, EC f ::BD, 

f Prix. DC. quare cum BD g "Z- DC, herit EH L'Y 
byp. CH ; b& F Hq Tx E Hq. ergo, quia F Hy, 

H 10.10, EHqk::FH. CH. þerit FHQ_CH, ! ideoque 


'1O, ' prima, Similiter fi DC TL p expol. terit ch | 
t 1.def.85, To. cidemp. uhoc eſt BC fir bin, 2, xerit | 
10, 


4) | « P R O P. C X I V. 

ja © 5 F, 

"| k— pond Quadratum ration! 

FY EF _ C E li A ad apotomen B C 

00 | (BD—- DC) applica- 

tum, facit latitudinem 

" c | BE eam, que ex binis 

"a þ nominibus ; cujus no- 

a mins BE,GB commen- 

12 1D ſurabilia fint aporome 

20 | BC nominibu BD,DC,v& in eademproportione ; 

), | & «dbuc, que ex bink nominibus fit (BE, Jeundem 

+ | hubet ordinem, quent ipſa apotome BC. | 

|. | «Fac reQang, DE—Aq; & BE, FF :: 2c0r.16.6, 

e | EG.GF. Quonlam igitur DE="Aq— GE, Þ 12. 64 
cerit BD. BC:: BE. BE. ergo per converfio- © 14. 5. 

n | nem rationis BD, CD ::BE. FE::EG, GE:: : 

c | 4BG. EG. ſed BD e'1- CD. f ergo BG 57-4 19.5 

þ FE ergo quia- BGq..GEq g 3: BG. GF, þ erit © PP. _ 

- | BG GE. k ideoque BG TL BE. porro f 19-19, 

f | BDeeſtp', & reang. DF (Aq) eelt gy. | er- 5 cor,20.64 

) | foBF eltp' 0 BD.m ergo etlam BG eſfip* 2. Þ 19.10, | 

. | BD, nergoBG, GE ſunt pf TÞ. 0 quare BE k cor, 16, 

. | e& bin, denique igitur quia BD, CD :: BG, 2*- 


Fe . : 5 La _ w__— 
$5,” > n 
*% 1, 
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GE; & permutando BD.BG :: CD.GE., fitque | 21-109 
BD*O.BG; pert CD 2 GE. ergo fr CB fit 915.19, 


| apot,prima; erit BE bin, 1,6c. ut in anteceden- n ſcb,12.x09 
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PROP; CXV! 


$1 (patium A B contineatur ſub apotoma' AC 

(EE-AE,) & ea, que ex biny nominibus CB 

Cujus nomins CD,DB commenſurabilia font apo: 

me nominibus CE, AE, & in cadem proportion 

(CE. AE :: CD.DB;) ref linea F ſpatium AB 

potens, eff rationalh. _ oY 

Sit G quzvis þ 3 & fiat reKang, CH —Gq, 

3 113; 10, &erit igitur BH ( HI--IB) apotome; & HI 

TM _ e@ CDbT- CE, a&BI TL DB; aatque 
Dyyp. 


c19.5, tando HI. CE :: BI. EA, cergo BH, AC:: 
d 12,10; HI.CE :: BI. EA, ergo cum HI 4 To. CE, 
£19.10, cetit BHTLAC, f ergo retang. HC. 
f1.6,&10 BA. Sed HC (Gq)beRtp'y. g ergo BA (Fq) 
20... . eltpy, proindeFeſtp'., QUE.D. 

8 (ch,12,10 $7  Govoll, | 
 ..: , Hinc, fieri poteſt, ut ſpatium rationale contiz 
 neatur ſub duabus reRis irrationalibus, 


FROP. CAVTL 


HI. BI:: CD. DB h:: CE, EA. ergo permug | 


AB ww TT 4 medis AB þ- 

_ . IA unt infinite  irrati- 

| onales B E, E F, 

&c. & nulla alicul 

"YR RT  antecedentium eff e4- 
SR. IS dem. 


Sit AC. expoſ, p« 
fit- 


ry Pe ERS ». AY Sa X , D —_— _—_ F # " "FRET >. 2 TOOL ( 
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*[p- feque AD ſpatium ſub AC, AB, gergo AD a lem, 384 
[eſt þy. Sume BE=\,/ AD.bergo BE eſt þ, nullizo,  _ 

* Jpriorum eadem. nullum enim quadratum alicu- b 11, 10. ; 

| jppriorum applicatum ad pf, Jatitudinem efficir 

nedjiam. compleatur reQang, DE; 4 erit DE py; 

&þproinde EF (4/ DE) erit þ; &nulli prioz 

mm eadem. nullum enim priorum quadratum 

adp applicatum, latitudinem efficit ipſam BE, 

ergo, KC. | | 


PROP, CXVIL 


A D  Propofitum ft nobh oftendere, 

CY in quadratic figurs BD , diame- 

k . m_ AC laterj A B.incommen- 

«<1 64 urabjlem eſe, 2 "> 

Ki: Ne Nam Wee ABq 4::2,1b b 4h 3 g; 
3 | $— ::non Q, Q, cergo AC to. 207 40s 
[ "ALLIS. + WIS: 
| _ Celebratifſimum eſt hoc theorema apud ve- 

I | tas philoſophos, adeo ur qui hoc neſciret,.ebin 

Plato non hominem efſe, ſed pecudem diceret. 
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Definitiones, 


I, < TW Olidum eſt, quod longitudinem; 

| IN latirudjnem, & crafſitudinem ha. 
> FS ber. 
WA II, Solidi autem extremumet hn 
wEDE ſuperficies, 


LIT. Linear: } aq1 
fA ca ABeſt ad plz. ipſo 
num CD reQ, Þ er 
cum ad reQaso. | 8a 
mnes lineas BD, lus 
BE, BF , 4 quibu BB 
illa tangitur , 

uzque . in on. 
"fits ſunt pling '> 
re&os efficitan. | - 
gulos ABD, | 
D ABE, ABE, 

T 41 IV. Planum ABad. 

A — .- Wk CD requm 


eſt, cum reaz linez , 
C EG, HK, quz com: 


/ muni planorum ſe. 


Qioni EB ad res 

angulos in uno plano | 
| = G þ Mm | AB ducuntur , alte: d 
rt plano CD adres | 4 
DD Ros ſunt angulos, 


£3 


- > WE... 


'AB,-CD ad idem communis ſe&ionis BE pun= 


” - - 


A V. Re&z li- 
FF” nez AB ad pla- 
| num CD incli- 
6 natio eſt, cum a 


ſublimi rtermino 
” i || Aredz alius li- 
nez AB ad pla- 


B E num CD dedu- 
- pRa fuerit per- 
| ' pendicularis AE; 
2quea punto FE, quod 'perpendicularis AE in 


{ploplano CD fecerit, ad propofitz illius linex 


extremum B,quod in eodem ef} plano,altera re- 
&a1linea EB fuerit adjunQa : eft, inquam,angus 
Jus acutus ABE infiſtente linea AB, & adjunQa 
EB comprebenſus, 


natio, eſt angulus 
acutus FHG reQis 
lineis FH, GH 
| Contentus, quz in 
{Dutroque planoerum 


VI.Plani AB ad 
C *f » / planum CD incli- 
; a 


tum H du&z, re&os cum ſeRione BE efficiunt 
angulos FHB, GHB. 

VIL. Planum ad planum fimiliter inclina- 
tum efſe dicitur,atque alterum ad alterum,cum 
dial inclinationum anguli inter ſe fuerint a» 


quales. | 
VIII. Parallela plana ſunt, quz inter ſe non 


conveniunt, 

IX. Similes ſolide figurz ſunt, quz fimilibus 
planis continentur, multitudine zqualibus. 

X, Xquales & ſimiles ſolidz figurz ſunt , 
que fimilibus planis multirudine & magnitudine 
*qualibus continentur, = 


| Al. Solidus 


| EUCL1] 71S o "ley entorum © 


'X F, Solidus angulus. eſt plurjum quam ws} : 


rum ligearum, quz fe mutuo contingunt, her 
in cadem funt; ſluperkicie, ad omnes lineas incl: 


W liter. 


Solidus anguluseſt, qui pluribus quam dip 
bus planis angulis in 'codem non conſiſtentibuz 
plano, ſed ad unum pun&um conſitutis, comt- 
netur, 

NIL. Pyramis eſt figura-ſolida, planis coi: 
prehen(s, quz ab uno plano ad unum puntum 
conftituugtur.” 

XL II. Priſma eft figura ſolida, que planis 
.continetur,quorum adverſa duo ſunt & '2qualia, 
& (limilia,& parallela ; alia yero paralleJograms 
ma. 

X1V. Sphzra eſt,\ quando ſemirirculi ma: 
nente diametro, circumduQus ſemicirculus'in 
ſelpſum rurſus revolyitur unde, movert Wig os : 
circumaſſumpra figuta, \ {bt ey 


Coral. Ag 


Hiac radii omnes 4-centro ad ſuperficies 
ſpizrz inter ſe ſunt nes. 

X V. Axis autem ſphzre, eft quieſcens illa 
reQa ligea, circum quam ſemicirculus conyert 
tur. 

X'VI, Centrum ſpharz eſt idem quod & 
lemicirculi, | 

X V. LI. Diameter autem ſphzrz, eſt red 
quzdam linea per centrum dufta, & utrinque a 
ſpbzrz ſuperficie terminara, 

X V ILL. Conus eft, quando rectanguli tci- 
anguli manente uno Jatere eorum, quz circa res 
&um angulum,circumduftum triangulum in ſe- 
ipſum rurſus reyolvitur unde movyeri ceeperat, 


cireumaſlumpra figura, Atque fi quieſcens _ 'S 
"os linea : Mv 


vj 
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*X & 
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a? Thea zqualis fir reliquz, quz circa reAum an=- 
ec | gplum+continerur, orthogonius erit conus 3 ft 
jeromigor, amblygonius 3. fi vero major, oxy= 


o 


gonius. "£5 


/XIX, Axis autem coni,eft quieſcens illa It- 


ea, circa quam triavgujum yertitur. . _ .-. - : 
o | XX, Baſis vero conl eſt circulus qui a circum= 
w | &RareRa linea deſcribitur. 4 ati 
> | XXI. Cylindruseſt, quando re&anguli pa= 
| rallelogrammi manente uno latere eorum, quz 
2 {| circa reRum angulum,circumduQum parallelo- 
4 | gammum in ſeipſum - rurſus revolvitur unde 

ceperat moveri, circumaſſympra figura;---.*-- 


s | XXII. Axis autem cylingri, eſt quieſcens 
| ilareRalinea,circum quam parajlelogrammum 
; | convertitur. ET 1 LE 

 .\XXLILI. Baſes vero cylindri ſuntcirculi 2 


: | duobus adverſis.lateribus;, quz circumaguntur, . 


| | geſcripti, - 

XXIV. Similes coni & cylindri ſunt, quo? 
tum & axes, & baſium diametri proportionales 
ſunr, ; | wy 
XX V. Cubus eſt fhgura ſolida ſub ſex quaZ 
dratis zqualibus contenta: ... wk 
' XXVI, Tetracdrum-eſt figura ſolida ſab 
quatuor triangulis zqualibus & zquilateris cons 
tenta. . | | + ts Conia 
» XXVII.ORaedrum eſt f6gura ſolida ſub ate 
triangulis zqualibus & zxquflateris content: . 
XX VIII. Dodecacdrum eft fguraſolida 
ſub duodecim pentagonis #qualibus &quila- 
teris & xquiangulis contenta. 

XXIX, Icoſaedrum eſt figura ſolida ſub vi- 
ginti triangulis zqualibus & xquilateris conten- 
ta, 

XXX, Parallelepipedum eſt 6gura ſolida ſex 
Fguris quadrilateris,quarum quz ex adverlo pa- 
nllelz ſunr, contentas 


XXX&1,50- 


ONE” PIE HM 206, 
L yg FE. : I, \ 
4 . 
i 
_ 


a10.4x.1, ne ſegmentum AG, 4 Q.EF,N, 


» 
Z | I ' 
= — ,,-- 


EUCLIDIS Elementorm | 


XXX1. Solida figura in ſolida figura dicitur 
inſcribi, quando omnes anguli figurz Inſcript# 
confſtituuntur vel in angulis, vel in lateribus, ye] 


denique in planis figurz, cui inſcribitur, o 


XXXII. Solida figura ſolidz figurz viciſſia 
circumſcribi dicitur, quando vel anguli, vel late- 
ra, vel denique plana figurz circumſcriptz taye 
unt omnes angulos figurz,circum quam deſcris Þ jon 
itur, | I:G! 
PROP. 1. Ins 
JB Refialince pars quadam AC 
wy non eft in fubjeffo plano,quadim 
F' vero CB in (ublimi. 
Producatur AC inſubje&o 


plano uſque ad F. vis CB efle in dire&um ip IF ; 
AC; ergoduz retz AB, AF habent Commus AM 


D.. 


PRO P. II. | 6f 
-_ —B Siduareftz lines AB,: CD 
ſe mutuo ſecent, in uno ſunt plt- o/ 
no:arque triangulum omne DEB 
inuno eff plans. | the 
C Para enim trianguli DEB 
partem EFG efle in uno plano, partem vero Y 
FDGB in altero, ergo re&tz ED pars EF eſtin I} ** 
ſubje&o plano, pars vero FD in ſublimi, « _ {e 
Q.E.A.ergo triangulum EDB in uno eſt plano; Dd 
proinde & reaz ED, EB 4quare & tote AB; Al 
DC in uno plano exiſtunt, Q, E. D. * 


PROP, 


TD3. equarearng. GAE—EBH, c&ang. exg, 1. 


Aſc — Siduoplana AB, CD ſe 


 DAF — CBE. ergo in triangulis AGF, FBH 
 latera FG, FH | zquantur ; & proinde etiam 1 4. 1, 


Tfunt, #2 ergo anguli FEG, FEH zquales ac m8. 7. 


Liber XI. 


PROP; I1T. 


G 
mutuo ſecent, communi eorum 


D ſeftio EF eſt refalinea. | 

— Si EF communis ſeQio 1 
non eſt reQa linea, 4ducatur in plano AB rea 4 1.poff. 1; | | 
EGF, a& inplano CD re&a EHF, duz igitur 74 
raz EGF, EHF claudunt ſpatium. 'b Q_UE.A. b14,ex.1; || 


PROP 1V, 


'E Sire linea EF reth dude 
bu lines AB, CD ſemutuo 
C ſecantibus in commugi ſeione 
E ad reflos angwlos inþiftat : 
13144 dudlo etiam per ipſas plano 


ACBD ad angulosrcfos erit. 

Accipe EA, EC, EB, ED 

- RB Zquales,& junge reQas AC, 
CB,BD,AD. per E ducatur 


*% reta GH, junganturque FA, F C, 

D, FB, F.G, FH. Quoniam AE 4—EB; a conflr, | 
&DEs—=EC; &ang, AEDb—CEB, bis.i. {| 
cerit AD—CB. c paritergque AC—DB. c4.1, 1 
dergo AD parall, CB. 4& AC parall. dſch.34.1. 


AGE —EHB. ied & AE f—E Bg ergo GE f confir. 
=EH, & 5 AG—BH, quare ob angulos reRos, g 26, 1, 
exhyp. & proinde'paresad E, hbaſes FA; FC, h 4.1. 
FB, FD zquantur. Triangula igiur ADF, | 
FBC fibi mutuo zquilatera ſunt, k quare ang, k 8, I. 


triangula FEG, FEH fibi mutuo zquilatera 


8 propterea refti ſunt, Eodem modo FE cum n 19,def.. 
Omnle 


par LS 6 % by » RA 
3 _ - - uh 3X 
# by . $ 
voy 4 ” 
C L V . 
B. of 
7 ? 
» \ 
Ws.) 
LE 


©3.defu11, neis reQos angulos conſtituit, CPE eidem þ þ 


3 byp. 


'b conſtr. 
| C4.1. 


d$_ 1. 


eg, Ir, 
{2,11, 


et 


"EUCLIDIS  Elementorum © 


omnibus in plano ADBC per E duQis rey i þ 
> 0, ho: Lo 
P R OP. YV. 


| Sirefta linea AB refty w. 
BT] bulines AC, AD, AE ſem. 


plano rea e 


Ft E tuo tangentibus in communi ſe- | 
14A Gq Ctione ad reflos angulos infiftar 
{0 Vo D ihe tres refia in uno ſunt plans, 


Nam AC, AD a ſuntin 
uno plano FC, item AB, AE 


ſunt in uno  plano BE. vis AE efle extra planum | 


FC; .fitj Jgitur planorum.interſeQio b rea AG, 
Quoniam 3 igirur BA ex hypoth, perpendicularis 
eſt retis AC, AD,cadem c plano FC, d ideoque 
, reQz AG perpendicularis eſt; ergo G iquidem & 


4 ABeſtin eodem cum AG, AE plano) anguli 


BAG, BAE a & proinde _ _ pars & 
rotum. QE.A 


PR: Q-P;--V-L 


Sidug refs lines AB, De 
cidem plano EF ad reffos ſui 


6 
Nel telinee AB, DC. 
F\ Ducatur AD, cui in pla- 


no of perpendicularis fit DG—AB; ; jungan- | 


turque BD, BG,AG. Quia in triangulis BAD, 
ADG anguli DAB, ADG exreRi ſunt ; arque 
ABb—=DG,; & AD communis eſt; c erit BD 
—AG; quare in crjangulis A G B, BGD fibl 
mutuo Zquilateris ang. BAGd — BDG;  quo- 


rum BAG reQus cum fit, erit BDG eriam re- | 


us. arqui ang. GDC reRus ponitur z. ergo Fe- 


Ra GD tribus DA, DB, CD re&aeſt ; equz | 


idevin uno ſunt plano, i in quo AB eſs 


angulos; parallels erunt illare; 


& 
__ 5 
F 


gi jut 


"yy 


I nds FF # ee 1630 
+ Tee . A f o* C - p w - ® Y : Foy 4 


FR 0 
bY. - 
=. 


* mn feftur AB, & CD fint in uno pJano; & an? 
em. Siernt BAD, CDA rei tint, gerunt AB, g 28,1, 
_ JOparallele. QE. D. 


PROP. VIL. 


$1 due fint parallels refe 
wg A EL Blrlines AB, CD, 7n quarum 


” T- utraque ſumpta fint quelibet 
4 punitaE, F; illa lina EF, 


” Is _—_— 

[_ . que ad bac punita adjungitur 
: F D in codem eft cum parallels ples 
E no ABCD. 


# Planum in quo AB, CD, ſecet aliud planum 

> Jerpunca E, F. fi jam EF non eſt in piano 

; ABCD, illa communis ſe&io non erit, Sit ergo 

» [EGE. 4 bzc ror rea elit linea, duz ergo a 3,17, 
rtz EF,EGF ſpatium claudunt, bQ, E:. A. bi4axi; 

"3 PROP, VI. 


$i dug fnt parallela refie 
| linea AB,CD, quaram alter 
A B ad refos cuidam plano 
EF fit angulos; & reliqua 
| CDeidemplano EF ad reffos 
F' angulos erit. 
Adſcita przparatione & demoniſtratione ſexZ 
tz hujusz anguli GDA & GDB reQiſunt. 
tergo GD recta eſt plano per AD,DB(b in quo a 4, I1: 
etiam AB, CD exiſtunt,) cergoGDipfiCDby, 11. 
_ þ Eperpendicularis; atqui ang, CDA etiam dre- c 3.def.1t, 
us eſt, cergo CD plano EF reaeſt, QED. d ag. r. 
es. 11, 


"84. [l. 


b8$.11, 
c6,11, 


a byp. & 


conſtr. 
©33.1, 


C2. 4x.1, 
&9 11, 


d 33,1, 
es. 1, 


15.5. 
B13 6. 


3 fneodem cumills plano,ha que. Vaan | 
| X D gue ſunt inter ſeparallels, Ig 


C1 DTS Elementoruim "©. 
TR PROP. 1X. Nan 
| I” 
A H B Qe(AB,CD) eidemreliahth ; 


=—_ SE_p lines EF (nt parallels, ſed nallfwhoo 


In plano parallelarum AB, EF duc HG ptr. Q. 
ndicularem ad EF item in plano parallelarun Þ.: 
EF, CDduclG perpendicularem ad EF. ger- 
go EG reQaelt pjano per HG, Gl, cidemqu $1 
plano b reqz ſunt AH, & CL. c ergo AH, & | 
Cl parallelz ſunt. Q. E. D. 


PROP, X. 


$iduerefizlinee AB, AC (ene YI%" 
tuo tangentes ad duys reftas ED, DE YZ 
Cc ſe mutuo tangertes fins parallels, nn }igt 
 autem in codem plano, ille anguloce I 8 
quales (BAC, EDE) comprehendent, J***; 
| Sint AB,AC,DE, DE zqualesin- 
" NP ter ſe,8&ducantur AD, BC, EE,BE, | 
CF. CumAB,DE « fint parallelz & zquales, I F 
betiam BE, AD parallele ſunt, & zquales, | 
Eodem modo CF, AD parallelz ſunt,& zqui- } ;. 
les c ergo etiam BE, FC funrt parallelz & zqua- HK 
les, ZEquantur ergo BC, EF. Cum igitur { 
friangula BAC, EDF fibi mutuo 4 zquilater i 
fint,anguli BAC,EDF e zquales crunt, QED, Pa 


PROP.:XIL 


- D_KJAJAH A dato punito A in ſublini 
B 4d ſubjefum planum BC per- 
redtam linen | 


pendicularem 
Al ducere. 
& K LC jp plano BC duc quamvis 
DE, ad quam ex A 4 duc perpendicularem 
AF. ad eaniem per F in plano BC b duc norifa- 
lem FH.cum ad FH gdemitte perpendicularem | 
Al, erit Al reQta plano BC, | 
Nim 4 


. perl 6 duc KIL parall DE. Quia DE © 3L.1 
lreRa elt ad AF, & FH, eerit DE rea plano d conſtr. | 
" # ; #deoque &KL eidem plano freta eſt, © 4+ 14 
dnnjj hoo ang ,KIA reQus eſt, atqui ang. AIEFS. II, 
" aan þ reQus eft, 1 ergo Al plano BCG rea et. & 3 def. Ll, 


QED. Te, o 
cer-f DO Dao prev B BC 2 memes A,quod 
1te —> in ilto datum eff, ad reffos angulos 


reffam lineam AF excibare. 
A-quovis extr# planum pun@o 
Deduc DE retam planoBC ,; & junta EA b? alF, It 
[13 parall. DE. c perſpicuum elt AF plano D3l.I. 
retam effe, Q. E, PF. 8.10, 
"Praice perficiuneur hoc, & p precedens Pro... 
lg, 6 du *10ttm'* 2d datinn por ppt 
envy, urpatetex'4. FI, 
af 


PR OP. XMI. 
| Dato plane AB,” þ ay 


D, quod in ilvdartnwe, 
dag retz lined C D, 


tle mou 

a |. Nam utriaque- CD, CE 

) " AB reQa efſer,cademq; &« adeo parallelz a 6,11] 
orent, quod paralle}arum definitioni repugnat. 


tabuntur 4b'e 


Ur 


| 
| 
| 


 bz1.1, 


276 EUCLIDIS Elemmtormm 
4 "  Ooeef 3 -P R O Þ. XIV. | 


Palet hat . i, = Adquaplana CDFE,cutm(): 
conver (4, | * refa linea AB recta eſt : Ulla ſun; "0 
17 parallels, © 


{3 Oi nega+,plana CD,FE con. 


- - Quodyis punGum I, ad quod | 
in propoſitis planis ducantyr 


a byp. @ eas IA, IB. unde in triangulo LAB,duo argui 


Dog l, IAB, IBA @revi ſunt, b QE.A, 
_— Yin PROP. XV, o 


Siduereftelinee AB, ACh} 
F* mutuo tangentes, ad duas rela |. 
DE, DE ſe mutuo tangentes fmt | 

T , ws 1h 
"* parallels, non in codem confiſten- 
tes plano ; parallel ſunt,que tt 
za dicuntur, plans BAC,EDE 
Ex AaducAG refam plano EF, bSintque 
GH, GI parallelz ad DE, DEF, cerunt hz pae 
c9.11, rallelzetiamad AB, AC. Cum igitur anguli 
d 3.def.1x, 1GA,.HGA d fint reQi, eerunt etiam CAG, | 


211,11; 


- 29,1, BAGreRi,fergo GA reQa eſt plano BC;g atqui 
4. 11, 


eadem reQa eſt plano EF, h ergo plana BU, B | 
g conſtr, -- ſunt parallela, Q. E, D, | 
h 14, II, | 


 currant,ita ut communis ſe&oÞ |. 
fit reta GH, ſume in hack} 


= Liber 5 < a JUAN 
_ PR ON; XVI. 
L __ $1 duo plans paraliele A B> 


Cine! |} CD, plano quopiem HEL GE 
| 3 C FY ſecentur,communes illorum ſefti- 
(| TS mes EH, GF ſunt parallela. 


F | Nam 6 dicantur non eſle 
| parallelz, cum fint in eodem 


| plano ſecanti, convenient ali- 

| | cubi, puta in 1. quare cum totz 

HB DCD produdtis, Kohn hatc: con- 
rnient, contra hypoth.. 


PROP. XVII, 


$1 dug refiz linezx' ALB, CMD 
parallel; plank EF, GH, IKfecen- 
tur, in eaſdem ratianes "ſeca untur 
(AL, LB :: CM, MD.) 

Ducantur in planis 2 IK reaz 
_ AC,BD.item AD occurrens plano 
GH in N;, junganturque NL , 
NM. Plana triangulorum ADC, 


Th + 


ADB faciunt ſeQtiones BD, LNz & AC, NM 
dparallelas, ergo AL. LB b :: AN, NDb:: ; 216, I19 


CM. MD, GER. 


xd Hei, FGL a figrtn plainis AB, a 1, 117 


D: 2, 6, 


_ 0 De. ” . POO n "7 "2 - CEL © & TE > Is "0 :+ . 5.4 Mc a * \ Te 4 LET IN ” : Me \ W-? *% ” » | 5 i: a 4 Doe FR! as © 4 | 4 6 wy 5 
. : : « 3 * "IF" , a6 $5.4 
, - I . . - —S 0 J's, 14 
* a ; 3 


PROP. XVIII, 
REIT TOR « TREVEY * $i refs linea ABN. 
LE WIE fan cuipiam CD ut | + 
| recios fit angulos ; @ | | 
Eormpiar=gt-=——G omnid, que per ipſan 
I } AB plans (EF ,&c,) 
Hh \ - eidem plano CD u | 
| TT  veffos aneulos crum, Ni 
- DyQumfit per AB planum aliquod EF, fa. 
ejens cym plano CD ſe&ionem EG; e cuyu £3 
|  J31,r. aliquopunQoH, inplano EF 4ducatur HIya. Y - 
| 'b$.11, rall. AB. berit HT re&aplang CD ; paritergqu 
c 4.def.rr, aliz quzvyis ad EG perpendiculares, c ergo pla- 
a num EF plano CD reQum eſt; eademque ratio. 
nequeyls a)ia plana per AB duCta plano EF re 


Qa exuar. Q, E, D. 
9 PROP. XIE 


Sj duo plane AB, 
CD, ſe mutus ſecantis, 
plano cyidam GH al 
| refos ons angulos, com- 

—X F-—AÞB mungetian illorym (c- 
GN. A jo EF ad refos iden 

| ho pleno(GH)axguloo wit 

Quoniam plana AB, CD ponuntur ref 

plano GH, patet ex 4, def. 11, quod ex punfo 

Fin utroque plano AB, CD duci poſſi per- 

a 13.11; pendicularis piano GH; quz 4 unica Crit, & 


propterea eorundem planorum communis ſeQlo, | 
Q.E.D. a; 


* ew 3 © Ya —— = _ = D.8o5S 


PROP. AX. 


| AD $i folidus anguluis ABCD 
Dail. ' tribmanguli planks BAD,DAC, 
wh A BAC conneatur; ex bi dus qui- 


| n E Cliber,utut aſſumpti,tertio ſunt "1 


Jores. 
$i tres anguli ſunt xquales, patet afſertio; fi 


mequales, maximus elto BAC. ex quo a aufer © 33+ 1. 


ME—BAD; &fac AD=AE ; ducanwurque 
BC, BD, DC. PRES 


{ -Quoniam larus BA commune eſt, & AD b—= b 


conſtr. 


Ak;& ang. BAE b = BAD ; cerir BE=—BD. © 4-1. 
BD + DC d BG. e ergo DCEC, cum 4 20. 1. 
wr ADb —AE, & latus AC commune cit, © 5 4x. 8: 


PROP. XXL 
D Omny ſolidus angulus A 


i 7 ſub minoribus quam qua- 
NS 7 | fuer refs angulk plank 


continerur. 
N _ "Lateracnim folidi an- 
guli A ſecans planum ut- 
B CG cunque faciat figuram 


multilateram BCDE,- 8& 


««DCDEC f, erit ang. CADZEAC. g ergo # \ 2 
ng BAD+CADE BAC. Q.E.D. 84 4x.1, 


totidem triangula ABC, ACD, ADE, AEB, 


Omnes angulos polygonj voco X z & ſummam 
angulorum ad trigonorum baſes yoco Y., quare 


X-+ 4 Re&,a==Y-+A, Quia vero (exangulis ad a 32.1: & | 
B)b eſt ang. ABE+A BCCBE; idemque-verunt. (cb. 32, I, il 
ſit de angulis ad C, ad D, ad E, «cliquet fore Y þ 20, 11. 


_ FN, proind: erit A-34 Re& Q,E.D. 


S 4 PROP. 


e 5. 6x. 1. ff 


w 
> | 22, | Se 
ar > 


baz.n, 
.C4.1H, 
d byp. 


— ©e24,1, 


$20, 1, 


PROP. XX1I. 


A [34 ic - br 
BOY) LF 


Si fuerint tres anguli plant A,B, HCI, quorum 
duo utlibet aſſumpti reliquo fint majores ;, compre- 
hendent autem ipſos refte linez equales AD, AE, 
FB, &c. fieri poteſt, ut ex refs lines DE, FG, 
HI, equales illas reffas connefentibus triangulan 
conffituatur. | R 

Ex iis & conſtityi poteſt triangulum, fi duz 
quzlibet reliqua majores exiſtant ; ſed ita ſeres 
haber. Nam b fac ang, HCK—B, & CK—=CH, 
ducanturque HK, IK.- c ergo KH==FG. & quia 
ang. KCI dA; erit KI DE. fed KIfn 
HI+KH ( EG3) ergo DE a HI +FG.. $i 
mili argumento quzvis duz reliqua majotes 


oſtendentur; & proinde ex jis triangulum & con: 
ſtirul poteſt, Q.E,D. 


PROP. XX1I, 


S& $-. 6 


321.10, 


WEN 
E F G 
Extribus anghity plans A, B, C, quorum dud 

quomodocungque aſſumpti reliquo ſxnt majores, ſoli- 


dum angulum MHIK conftituere. *Oportet autem 
ilos tres angulos quatuor ref minores eſſe. 


Fac 


! 


Fac AD, AE, BE, BF, CF, CG zquales 
ter ſe. Ex ſubtenfis D E, EF, FG (hoc elit, 


ezqualibus HI, IK, KH) a fac triang. HKL, a 22,11 & 
- - I crca quod b deſcribatur circulus LHKL * Quo- 22, x, 
Fiamvero AD-HL; cfir ADq=HLqby,q,; 


LMq. d fitque LM re&a plano circuli HKL 3 & #*p;4 {as 
lucantur HM, KM, IM, Quoniam igitur ang. yium, © 
HLMe reQus eſt, f erit MHq — HLq-+ LMq cſc.47.1, 
e—ADq. ergo MH—AD. fimili argumento q x2, ig, 

MK, Ml, AD (1d eſt, AE, EB, &c.) x£quantur EC 3.def.1 | 
ergo cum HM—AD, & MI—AE : & DE b — f 47. Io 


: HI, k erit ang. A—HMI ; k ſimiliter ang, IMK g conflr., 


=B. k & ang. HMK — GC, FaQuselt igitur h conſtr. 
angulus ſolidus ad M ex tribus planis datis. k 8, x, 
QE.F, Afſumptum eſt fore ADCHL. | 
Hoc autem conſtat, Nam fi AD—vel-aHL, 
critang. A 4=, byel-HLI. Eodem modo erit 2 conffr. 
B=, vel = HLK, & C=, vel © KLI. quare &8, 1. 
A+B-+C *quatuor reQos aut exzquabunt, aut b 21. 13 
excedenr, contra bypoth. quin potius fit ADr- *4.c0r.13. 
HL, Q. EB. D. | Ek I, 


_ EVCLIDIS. Elementorum "F 
PROP. XX1V. 


E B Si ſolidum AB pa- 
| £ ey _ pry 
A $ur,44ver (4 illigs plans: 
- D | G (AG,DB,&c.) -_ 1 
- / . lelogramms ſunt ſimi, - 
| lia & aqualia. 
7 "HW H Planum AC ſecang 


216,11; planaparallela AG, DB, a facit ſeQiones AH, 
. _DCOparallelas.Eadem rationeAD, HC paralle- 

Iz ſunt, Ergo ADCH eſt parallelogrammun, 

| Simili argumento reliqua parallelepipedi. plana 
b 35.def., ſunt b parallelogramma, Quum igitur AF ad 

_ C1O.1I1. HG, & AD ad HC parallelz fint, ceritang, 
d34-1. FAD—CHG;ergoob AEd=HG, & ADd= 
©e7.5, HC,acepropterea AF, AD ;: HG, HC, triane 
6.6. gulaFAD,GAH g fimilia ſunt & b zqualia;pro- 
4.1. inde &parallelegramma AE,HB familia ſunt & 
| KG. &x. 1. & zqualia. idemque de reliquis oppoſitis planis 
| oltendetur, ergo, &c. 


PROP. XXV. 
& FP Si ſolidum 


D EF 
& peraliclepipe- 
"18 s /| oy dum ABCD 


1H Ul || O11 plane Efſece 


7 tur adverſss 
M}/H "8 plans A D, 


L-.- —— B R. BC parallels, 
erit quemadmodum bafis AH ad beſim BH, itaſo- 
1:lum AHD ad ſolidum BHC, | 
. Concipe Ppp. ABCD producj utrinque. ac- 
eipe AL=AE, &BK— EB , & pone plana 
IQ, KP planis A D, BC parallela, parallelo- 
- 336. 1. & gramma IM, AW, a& DL, DV, b &1Q, AD, 
' x. def. 6. EF, 8c. 4 fimilia ac zqualia ſunt; c quire Ppp. 
b 24.11. AQ—AF; atqueeadem ration2 Ppp. BÞ= 
c to.def. 11 BF, ergo ſolida IF, EP folidorum AF, EC #- 


que- |, 


her If. 


qemultiplicia ſunt, ac baſes IH, KH baſium 


BH. Quod fi baſis IH YR OY KH, 4d e. d 


1 fimfliter olidum IF , —=, a EP. eproin- 9+ def. 11, 
le AH. BH :: AF. EC. Q_E.D. e 6.deſ.5. 
© Has cadem omni priſmati accommodarjpoſſunt; 


mie 
Coroll. 


| Sipriſma quodcunque ſecetur plano oppoſitis 
planis paralle|o,ſeRio erit figura zqualjs, & f1- 
mitis planis oppoſitis. 


PROP. XAVI. 


A. | Ad datam re- 
fam lincam AB, 
\t ejuſque punitum 
A, conſtitucre an- 
B NJ PNLEgulum fpelidum 
4 £ AHIL, aqualem 
ſolido angulo dato. C DEF. 


A pun&to quovis F a demitre FG plano DCE a 11.11, 


retam ; ducanturque reQz DF, FE, EG,GD, 
CG, Fac AH=CD, & ang. HAI—DCE. & 
AI==CE , atque in plano HAI, fac ang. HAK 
—DCG, & AK=CG. Tum erige KL re&anq 
plane HAI, & fit KL=GF. ducaturque AL. 
efit angulus ſolidus AHIL par dato CDEF. 
Nam hujus conſicuRio j}lius conſtitutionem pe- 

nitus zmulatur, ut facile patebit examinanti.er- 


gofaQum. 


bo + 8 bg: £- 2) 


EUCLIDIS' Elementoraim Wo 
PROEF XXVIL. i 


— —— 1 da 
\ZÞ I lneg AB, dato 
Hy: © ERS G ſolido parallele. 

| /1/E. 7 pipedo CD fumi- 

A Bc a 


: Poftum paralle, I 
Lepipedum AK de (cribere. 4 : 
as xx; Bx angulis planis BAH, HAI, BAI, quiz: | 
b1z 5s quales ſint iplis FCE, ECG, FCG, a fac angu- I 
12.0. Jum fſolidum A ſolido C parem, item b fac FC. 
©22,5- CE::BA.AH. bac CE.CG:: AH.AL (6 unde 
erit ex xquali FC,CG :: BA. AI;) & perticiatus. 


| Ppp. AK. erit hoc fimile dato, 

4 5.07. aq Nam per conſtr. Pgra d BH, FE; d & HI, 
| e +I 1G - & d4BI, FG limilia ſunt, & e horum ideo 
2 oppoſita illorum oppolitis. ergo ſex plana ſolidi 
be 9.def.1r, AK fimilia ſunt ſex planis ſolidi CD. f proinde 
AK, CD ſimilia ſolida exiſtunr, Q. E, F, 


PROP. XXVIIILI. 

—1B «1 ſolidum paxallelepipe- 

dum AB plano FGCD (e- 

cetur per diagonios DF, 

CG adver(orum planorum 

AE, HB, bifariam (ecabi- 

' tur (olidum AB ab jpſ0 

. plano FGCD., y 

b v ; * Namquia DC, FG a zquales & parallelz 

D 34: To ſunt, b planum FG CD elit pgr. & propter 
4pgra AE, HB zqualia, & fimilia, b etiam tri- 
angula AFD, HGC, CGB, DFE zqualia& 
ſimilia ſunt. Atquipgra AC, AG ipfis FB, FD 
4 etiam #qualia & ſimilia ſunt, ergo priſmatis 
EGCDAH omnia plana zqualia ſunt, & fimili- 

©9.def.11. a planis omnibus priſmatis FGCDEB,; & 6 pros - 
Inde hoc priſma illi zquatur, Q, E, D. 


—_ —— t ”n— 


PRO 


PROP. XXIX, 


—_ 

a | F L | 

le [- CS 

er wa 

ce I F B—M L 
N 

2H | 


- FF A G 
. Solida parallelepipeds AGHEFBCD, 
. AGHEMLKI (upercandem bam AGHE | 
' | conflituta, & * inieddem altitudine ; quorum infi- *Id eff,in+ || 

ftentes lines AF, AM in iiſdem collocantur ref; ter paral= || 
| lines AG,FL, ſunt inter (c equalia. _ lela plana - 
| Nam fi ex a £qualibus pritmatis ABMEDI, A G HE, 
GBLHCK commune avuferatur priſma FLKD,& I 
NBMPCHI, addaturque utrinque ſolidum fc intellige |j 
AGNEHP, b erit Ppp. AGHEFBCD — in ſequent. | 


AGHEMLKI. Q,E.D. a 10, def.\| 
PROP, XXX. I1,&35.L 
; b 3+ & 2, [ | 


7] 1 

/F L dx, le. - if 

BY | _ | 
Wil | 
| F Wl! 
Wig 

if 

' 


/ | 
AM 


A 


| D 
Solida parallelepipeda A D BCHEEG; 


- AD- 


__ +4 . b 5 53 bs EY Y IS yu P " a? 
fy - v4 oh HED 4 . — 4 p. EEE " ». 
o 


ADCBIMLK ſuper eandem bafim ADCB con: 
ftituta, & in eadem altitudine, quorum infiftentes 
lines AH, AI nonin ii{dem collocantur yea line. 
i, inter ſe ſunt equalia. 
Nam produc re&as HEO, GEN, & LMO, 
*2 34.1, KiP, &duc AP, DO, BQ, CN. & erunttam 
=> DC, AB, HG, EF, PQ, ON, quam AD, HE, 


GF, BC, KL, IM, QN\ PO zquales inter ſeſe 
\Þb 29, 11, & parallelz.b Quare Ppp. ADCBPONQ uti- 
que Pppo. ADCBHEEG, ADCBIMLK zqua- 


CI. 4x.1, Je eſt,8& cproinde hec ipla inter ſe #qualia ſunt, 
QE.D, 


PROP, XXXI, 


Solids parallelepipeda ALEKGMBI : 
COLoOH QDN ſuper aqualcs baſes ALE, 


eſt perpcn- quali ſunt inter ſe. 
" dicularis & Habeart primo parallelepipeda AB, ED la- 
plans bifis tera ad baſes rea; & ad latus CP produtum 


- oppoſuum, b ideoque Pop. PRTSOQVYM zq. & fm. 
-a18.6. PproABR. Producantur OwE, ND, olZ, 


10.dcf.tt. By, ZF. | 
cz0 difi1 Plana Oc SN, CRVH, STYE c parallela 
d byp. & funt inter ſe; d & pgra ALEK, CPo O, 
35.3- PFRTS,PRBZ zqualia ſunt, Gum igitur obs 


$f» I =” 495% $266 5 TEA S T5 ev ” 5.0 
 Elementorum 
OY: 


* Altitu4o, CPvO conſtituta, ov * in cadem altitudine, &- 


ad planum & fat pgr, PRTS xq. &fimile pgro KE LA; 


b27 11 & DQF, 'ERB, SV y, TSZ, XXF; &ducEF, 


on: | £- PV Sw et: pgr. Co (PRBZ.) Ro :: Ppps e 25.110 

PRBZQV+E. PV og, ferit Ppp. CDſ=f g.5.: 

PRBZQVyFg= PRYQSIYXþ—AB, gg. 14, 

Q. E. D. b6 conſtr. 
Sin Pppa AB, CD latera baſibusobliqua ha- 

im Þ beant; {uper eaſdem baſes,& in eadem altitudi- 

E, Þ ne,ponantur parallelepipeda, quorum Jatera ba- 

ſe Þ fibus fint rea. & Ea inter ſe, & obliquis zqualia K 29. IT, 

{- F cunt 3 m proinde & obliqua AB, CD @2quane ML.4x. Is 

j» FH (Ur, Q, E. D, 


PROP. XXXIH, 


C 7 CG ' 1 
WT 
pl 


yaw 
JF 
- g. i /T 
1 Solida parallelepipeds ABCD, EFGE fib 
Jem altitudine, inter ſe ſunt ut baſes AB, EF. 
Prcducia EHL, tac-pgr. FL=-AB,& b comple a 45. 17 
Ppp. FINM. Liquet efſe Ppp. . ELNM bz1.5. 
(6ABCD.) EFGL 4:: FL. (AB) EF, Q.E.D c3r. n12 


PROP. XXX11I, eh | 


Similia ſolida pavat. 
lelepipeds, ABCD, 
EFGH, 7imer fe ſunt 
in 1triplicats ratione 
bomologoraim laterum 


L 


. 
hs. 


» 0; ' 
645 | | 
4 : j 


Al, EK. 
& Producantur reaz 
5 + AIL, DIO, BIN, 
E K & a fant IT, IO, a3.n, lj 


IN icrfis EK, KH, ill 
KF zquales, 6adeoque b 19. kf, || 
& IN 


WA 


7 Ke 4 "4 4 P . y © A » ES 5: Is va Wb . 
5 ” * "TY gi NF "8. ug _ F 
=p: p "mw * 
'% mn - v —" A . 
« 


AZ. 
'bz1.1, 
| CZ2, II, 
d 17.5. 
E1.6. 
| 1 conffr. 


, bhergo ratio ABCD ad EFGH triplicata eſt ra. 


-Proportionales, Ut eſt prima ad quartam, ita ef 


& Ppp..IXMT zq. & ſim. Pppo EEGH! Ft 


c Perficiantur Pp 


p. 4IXPB, DLYQ, Itaqued 


erit AL, IL, (EK):: DI. IO (HK) :: BI, IN, 


(KF; ) hoc eſt Pgr. AD. DL :: DL. IX :: ÞSi 


BO,IT; fideſt Ppp. ABCD. DLQY: 
DLQY. IXBP :: IXBP. IXMT. ( g EFGH,) 


tionis ABCD ad DLQY, kvel AIadEK, 
QE, D. Fwy 
| Goroll. 
Hinc, fi fuerint quatuor linez re&z continue 


paralle]epipedum ſuper primam deſcriptum ad 
paralletepipedum fimile fimiliterque deſcriptum 
ſuper ſecundam, 


PROP, XXXIV. 


&E qualium ſ6- 
© erm pardNele: 
Lg K pipedorumADCB, 
JP | EHGE buſer & 
| | - altitudines rect 
/H procantur (AD, ' 
_ EH :: EG. AC) 
Q ' Et quorum folido- 
rum parallelepipederam ADCB, EHGE 
baſes © altitudines reciprocamur , illa ſunt &- 
quali. 
Sint primo latera CA, GE ad baſes rea |t 
jam ſolidorum altitudines fint pares , "etlam 


" baſes zquales erun:. & res clara eſt, Sin altiru- 


dines inzquales fint, 4 majori EG a deirahe EL 
— A C. & per I b duc planum IK parallelum 
baſh EH. itaque i 

I. Hyp. AD. EHc:: Ppp, ADCB.EHIKd *- 


| Ppp. EHGE. EHIK c :: G L.ILe:: GE, IE | 
'gll.s. & ({ AC;) g liquet igitur effe AD,EH :: GEAC 
| 3% LI, | D. | ; n 


, Hp 1 


axt_ ”w— — vh> 


ms fiou ego OD 


ws S- 


0. __. _ "OE" a, Www ww. 


a 


oy. 
” "> x 


Kit: GL. IL m:: Ppp. EHGE. EHIK, k hyp. 
Src Ppp. ADCB=EHGE. Q.E.D. 
« Fiat deinde latera ad baſes obliqua. Erigan- m 32.17, 


» F' 4. Si zqualia ſunt, reciprocant baſes & alti= 


 P Xtant aquales, utrumqzutriq; (ang. GAB=H DE; 


Zo 6 be SR 
6 var 2 * 
45 
— bs. Las 


yp. ADCB. EHIK þ :: AD, BH k::h32. 11. 


iy 
2D 


11.6. 


& ſuper ilſdem baſibus,in altitudine eadem,pa- n 9, 5. 
allelepipeda rea, Erunt obliqua parallelepi- 

xa his zqualia, Quare cum hzc per I, partem 
xciprocent baſes & altitudines, etiam illa reci- 
rocabunt, Q, E, D. | 


Coroll, 


\ Dug de parallelepipedis demonſirata ſunt Prop. 
119,30, 31, 32, 33, 34. ctiam conveniunt priſmatis 
Mungularibus, que ſunt dimidia parallelepipeda, 
whatet ex Pr, 28, Ngitur, 
vo Priſmata triavgularia zque alta ſunt ut 
iles, 

2, Sieandem vel zquales habeant baſes, & 
tandem altitudinem, zqualia ſunt. 

3.91 imilia fuerint,corum proportio triplicata 
tproportionis homologorum Jaterum. 


udines, & fireciprocant baſes & altitudines, z- 


qualia erunt, # 


PROP. XXXV, 
$i fuerint du © 1) 


plani anguli 
BAC, EDF 
aquales,quorum 
verecibus AD; 
ſublimes reaa 
lines AG,DH 
nfftant, que cum linek primo poſeth angulos conti- 


& GAC — HDE. ) in ſublimibus autem Iincis 
AG, DH quelibes (umpra ſucrint punity G, \ 
$ | T 


won 


a8S.1L, 


b 3.def, 11 


c47.1, 


d4s$,1n, 
© 47.1. 


f 26.1, 


9 4. I. 


h3. 4x.1. 


k 26, 1. 
147. 1. 


P & ah by 


_ F G P ia 4d F; ; Y 
as _"F F1 oa Is 


ad plans BAC, ED 


qug in plank 2 perpendicular 
primum poſutos adjunite fucrint reta hay 


J 


: bg | F, mn quibus.conf. | 
- ſtunt anguliprimum poſeti BAC,EDF, duffg fu 1... 
rint perpengdiculares Gl, on 2 punk verol, (| 

ibus frunt, ad anouly Ny; ; 


DK;be cum ſublimibus AG, DH aquales anguly s 


GAM, HDK comprebendent. 


_ Fiant DH, AL zquales, & GI, LM paralles f i 


Iz; & MC'ad AC, MB ad AB, KF ad DF, $% 


KE ad DE perpendiculares, ducanturqueredz 
BC,LB,LC,atque EF, HF, HE ; 4 eſtque 1M 
rea plano BAC ; bquare anguli LMC, LMA, 
LMB  eademque ratione anguli HKF, HKD, 
HKE re&i ſynt, Ergo ALq 6 = LMq + AMq 
e—=LMq+CMq+ACq c —LCq-—+ACq; 
4 ergoang. ACL reQus eſt, Rurſus ALqe= 
L Mq+M aAqe—=LMq+BMq—+BaAge= 
BLq+B Aq. d ergoang. ABL etiam re 
eſt, Simili difcurſu anguli DFH, DER redi 
funt, fergoAB—DE; f & BL —EH; f& 
AC—DF ; & CL=FH. g quareetiam BC 
nn 
— DFE, undereliquie re&is anguli CBM, 
BCM reiiquis FEK, EFK equantur, & ergo 
CM—FK, lideoque & AM — DK. ergoli 


m conſtr, ex LAqm— HDq. auferatur AMq — DK, 
n 47.1, & n remanet LMq—HKq. quare trigona LAM, 


Z. ax. 
08, 1, 


HD K fibi muruo zquilatera ſunt. o ergoang, 
LAM==HDK. Q, E. D. | 


Coroll. 


[raque fi fuerint duo anguli plani zquales, 
quorum verticibus ſublimes re&z linezx-zqugles 
infiftant,\ quz cum lineis primo poſitis angulcs 
contineant equales, utrumque utrique z erutt 


a purRis extremis linearum ſublimjum.ad plans | 


angu'oruin p-imo poſicorum demifſx perpendi- 
culares iter ſe #quales 3 nempe LM—HK. 
chal © "PROM, | 


\ £ 


he. ..- 


& ang. ABC—DEF g&ang. ACB | / 


ROP. XXXVI. 
H —Þ Sites refte li- 

| nee DE,DG, DE 
proportionales fue- 

rint'; quod cx boi 

—— trim fi ſolidunt 

- L K wasr {otra 

$8; equaleeft deſcripto 2 media lines DG (LL) 

Wide parailciepipedo IN,quod aquilaternm quidem 

i, aquiangulum vero pradifio DH. 2 
Quoniam DE. IK 43: IL, DF, b erit pgr.LKa hyp; 
=FE. & propter angulorum planorum ad D & b14.6; 


- 


+ / DE 
=. cae 
, ID Y , | Fe R ” 
_ bg TS %" 4 
Rk : *% oF 4 þ 
A **:4 P 
*$h:55 5 
p : 3 Favs 
=311 
"I , 
« F % 
'©Y 
þ = T's 
C49 f 


REI 


Mo Jlaclinearum GD,IM zqualicatem, ctiam alti- | 
q; Jiudines parallelepipedorum #quales ſunt, ex 


=" | coroll, przced, c ergo ipſa inter ſe zqualia ſunt, c 31, 11; 
— ICED. 

us} | 

aj PROP. XAAVIT. 

& i | | 

C 

B I 

b 

: 

þ Lg = 

| Siquatur reftelinee A,B, C, D propertiona- 


ler fuerins. & ſolid parallelepipeds A, B, C,D 

fie ab ipfis ef fmilia,, & fimiliter deſcribuntur 

| proportionalia erunt. Et þþ (olida parallelepipeds” 
| 4#e & femilia, & ſumiliter deſcribuntur, f Wenn 
| froportionalia (4.B:: C.D.) & ifſeretia lines \ 
| 4,B, C, D proportionales erunt. \ 
| am rationes parallelepipedorum & triplica- a $3,qr; 
| tz ſunt rationum,quas habent linez.ergo fi A.B : 

| ;C D.herirPpp. A. Ppp. B :: Ppp. C. Ppp. b ſch.33-5; 
D, &vice verſa. 


| T , P R O P... P's 


* 


a 13;:I; 


bg, & 3. 


def, It. 
c 17;1, 


a 34.1, 
b 29.1. 


C4, 1. 


1, 4X. 


= pr mEUCLIDIS. 


” * * 
; L ' 
+ 
'D 
C7 \ 


Aoſque alternos TOD, TQB zquales, cetiam | 
d ſc.15.1, baſes DT, TB, & anguli DTO, BTQ zquar- | 


e 34.1. 
$9, 11, & AST rea eſt linea, Porro e tam AD ad FG, 


iq \ DS 33s I, proinde AC ad DB parallelz & xquales (ugt; 


lementorum 
— P, Siplanum ARof 1 
AC & AE F- planum AC Wk K1 

| 2 NW - %; p Juerit, & abaliqu} 
| —_ punito E eorum, qugh 
ſuns jn uno plenorum (AB) ad alterum plan 
AC perpendicular EF dufa fuerit, in planorun 
communem ſeflionem AD cadet duita perpendicy 
lark EF. 

Si feri poteſt,- cadat F extra interſeQionem 


"PROP, Xxxvitl, 


AD. In plano AC a ducatur EG perpendicula- 


ris ad AD,jungaturque EG, Angulus FGE bre- 
Qus eſt;8 EFG reRus ponitur, ergo in triangy- 
10 EFG ſunt duo anguli rei. Q, E.D. 
"PROP, KAELK. 
FEE OE. - $i ſolidi parallele. }_ 
4 


ipedi A B, corum 
1} y L 5-6 ex 4dverſo pland- 
'>| | -ram AC, DB laters 
T"- WF ITC (AE,FC, AF, EC,& 
Vl 
\ 


| DH, GB, DG, HB) 

Cx! | | bifariam ſea font; per 

\| | ſerfiones autem plans |. 

ILQO, PEMR jm |, 

Pet T p extenſs - . planorun 

| P communis. ſeftio ST, | | 

# & ſolidi paralle!ept- 
pedi diameser AB, bifariam ſe mutuo ſecabunt. 

Ducantur reaz SA, SC, TD, TB. Propter -| 

4 latera DO,' OT latecibus BQ, QT, bangy- 


| 


O 
OO __ 


tur. d ergo DTB eſt rea linea. eodem modo 


equam FGad CB; fideoque AD ad CB, gac 


b quare | 


ney en " ISS ata FR R | _ 
þ SH To: I” 4 fn « F-- \ 
Hs 2 i , 
4 A ARERY CH . , . 
F A's 


ol 


um | 


R 
» 3 


qu FS: 


on 


[hare AB, &ST in eodem plano ABCD exfi b 7. 11; 


tune, Itaque cum angull AVS, BVT ad verti- 
{p:& alterni ASV, BTV zquentur ; k & AS 


.'E, D. 
| Coroll. 


© Hinc, in omni parallelepipedo diametri om=- 
nes ſe.mutuo biſecant in uno pun&Qo, V. | 


"i 


© Sifucrint duo priſmats ABCFED, GHMLIK 
gut altirudinis,quorum hoc quidem babeat bafim 
ABCE parallelogrammum,illud vero GHM rrian- 

guum ; duplum autem fuerit parallclogrammun 

ABCE rrianguli GHM ; equalie erunt ipſa priſe. 
nas ABCFED, GHMLIK. 

; Nam fi perficiantur parallelepipeda AN,GQ, 
terunt hzc zqualia ob b bafium AC, GP, & 
caltitudinum #qualiratem.dergo etiam priſma- 
ta, ehorum dimidia, equalia erunt, Q, E.D. 


$chol. 


Ex haffenus demonſtrath habetur dimenfio priſ= 
| matum triangularium, & quadrangularium, ſeu 
| parallelepipedorum, ſs nimirum altitudo ducatur in 


bam, 


Ut 6 altitudo fir 10 pedum, baſis vero pedum 
quadratorum 100{(menſurabltur autem bahs per 
 $ch,35.1,vel per 41.1.) multiplica 100 per 1s ; 
T 3 pro- 


ky. 4x.1, 
=BT: erit AV—BV, | & $V —V T. 126, 1, 


a3l.1I, 
b 34.1. 
& 7. 4X, 
c hyp. 

d 28,11, 
e7.dx.1, 
And.Tas 


W - - proveniunt 1000 pedes cubic pro ſoliditate prif + 
s . matis dati.. WP | | 


 # Pideſchol, Nam quemadmodum reQargulum, ita & pa {- 

'f 35,1-, rallelepipedum re&um produciuur ex altitudine |. 

| duRa in bafim. Ergo quodvis para]lelepipedum |. 
producitur ex altitudine in baſim duAa,ut pater 


; ex 3 I, hujus, Th 
' Deinde cum totum. parallelepipedum produ. 
Rf catur ex altitudine in totam bafim, ſemiſlis ejus 
K1 (hoc eſt priſma triangulare) producetur ex alti- 
1 _ tudine duQa in dimidiam baſfim, nempe trian-'&| B 
A gulum. _ | 
\ | 


Monitum. 

Not, litter arum qite 4 t pngulum ſolidun 
primame(ſe (emper ad'puntung int quo eft angulu; 
lintexaram vero qua denorant pyramygdem, ultimen 
eſſe 4d verticen pyramidi. ; 
* Ex.gr. Angulus ſolidus ABCD eſt ad punQum 
A; pyramidis queque B-C D A vertex eſtad 
punqum A, & baſis triangulyum BCD, 


py 


LIB. XII. 


"PROD; I; 


; by 


du. OH 
ejus 
ti» G | \ 
%\ of 
als s [\ | | # .# 
\ | | 
ANY 
| D ; | | 
N: M 


We ſunt in circulþ ABD, FGI poly- 

gona familia ABCDE, FGHIK, 

inter ſe (unt,ut quadrata 2 diame- 

| tri AL, FM. 

eh Ducantur AC, BL, FH,GM. 

{ Quoniam 4 ang. ABC=EGH, a4 atque AB, BC 2 1: def.6, 

:FG, GH, berit ang. ACB (c ALB) =FHG Þ6.6._ 

| (GFMG.) anguli aurem A BL, FGM 4d reRi,ac © 21.3. 
proinde zquales ſunt, e ergo triangula ABL, 431. 3. 
FGM zquiangula ſunt; f quare AB. FG: AL, ©34.3- 
FM, g ergo ABCDE, FGHIK :: ALq, FMg, fcor.4.6: 
FIG 9g 22, 6, 


Coroll. 


' Hine (quia AB. FG:: AL. FM :: BC. GH, 
&c.) polygonorum fimilium circulo inſctipro- 
| rym þ ambirus ſunt ut diametri, h1, 12, & 


12,5, 


T 4 PROP, 


- diametri; AC, EG. 


Circuli ABT, EFN inter ſe 
ſunt, quemadmodum quadrata a 


Ponatur ACq, EGqz: circ. 
ABT. I, DicoI —circ, EFN,- IN 

Nam primo, fi fieri poreſt, fir I=acirc. BFN, || | 
fitque -exceſſus K, Circulo E FN infcribatur io 


a ſcÞ. 7. 4. quadratum EF GH, 4quod dimidium eſt cir- , 


[v 39, 3» 


cumſcripti quadrati,adeoque ſemicirculo majus 
b Biſeca arcus EF, FG, GH, HE, & adpun8i 
bileRionum juoge regas EL, LF, &c. perl 


- Eſch.27.3. ductangentem PQ (cquzad EF parallela eſt,) 


dat. i, 


e I, 10, 


& produc HEP, G FQ, eltque triangulum 
ELF d dimidium parajlelogrammiEPQF,adeo- 
que majusdimidio ſegmenti ELF, pariterque 
reliqua triangula cjuſmodi reliquorum ſegmen- 
torum dimidia.{uperanr. Et fi iterum biſecentur 
arcus EL, LF, FM; '&c. re&zque adjungan- 
tur,codem modo triangula ſegmentorum ſemil® 
ſes excedent. Quare- fi quadrarum EFGH e 
circulo EFN,. & e-reliquis ſegmentis triangula 
detrahintur, & hoc fiat cuntizuo, randem'ere- 
abi. magnitudo aliqua minor quam K, E0- 
uſque perventum lit, nempe ad ſegmenta EL, 
LF, FM, &c, mino.a quam K, fimul ſum- 
pta, 


| ELIF, BK, KG, GH, HE, Queniam latera 


Fra: ergo 1 | 
SLFMGNHO (circ, EFN -+ſegm, EL+LF 1, ax, 


Þ &c,) Circulo ABT inſcriptum g puta ſimile po= g 30.3, & 


7 
3 
"- 


a + / 


z 


< 


f circ, BEN—K) — polyg. f byp. & j 


ygorum AKBSCT D V. itaque quum 1, poſff.1, 
AKBSCTDV, ELEMGNHO.h :: ACq. h 1.12, 
EGq k :: circ. ABT. I. ac polyg. AKBSCTDV kbyp. 
jAacirc. ABT. m eric polyg, ELFMGNHO l 9. ax.1, 
—1I. fed prius erat I Q ELEMGNHO., quz m 14.5. 
repugnant. : = 

Rurſus, 6 fieri-poteſt, fit I--circ, EFN. 
Quoniam igitur ACq. EGqn :: circ, ABT. I nbyp. 
inverſeque 1; circ. ABT :: EGq, ACq. ponel. 
cicc, ABT ::circ EFN. K, o ergocirc, ABT 014.5. . 
CK, patque EGq, ACq :: circ, EFN.K, Quz p 11. 5. 
repugnare modo oftenſum eſt, ff 1199 O1's 
- Ergo concludendum eſt, quod I=circ. EEN, 
QED. - | : 


oroll. 
.Hinc, ut circulus ett ad circulum, ita polygo- 
num in illo deſcriptum ad fimile polygonum in 
toc deſcriptum, TITS 


PROP. III, 


\ 
[? 
| 
k 


Omni, prrams ABDC 
triangularem habens bafim, 
dividitur in duas pyramides 
AEGH, HIKC aquales & 
ſmiles intey (e, sriangulares 
habemees baſes, -& femiles 
t01i ABDC; & in duo priſ- 
F DD ata aqudlia BEGEIH, 
FGDIHK, que duo priſmata majors ſunt dimi-, 
dio totjus ppramidi ABDC. 

Latera pyramidis bilecentur in punCtis E, F, 
G, H,I,K ; junganturque reQz EF, FG, GE, 


A. 


Cy 


pyra- 


"OF MLDLHITTI 


» HF 7 7 / 


LAB; & GF, AB; & IF, DC; atque HG, 
FI parallelz ſunt, liquer igitur triangula ABD, 


b 29.1: AEG, EBF, FDG, HIK b zquiangula efte; & | 


C26, 1. Qquatuor-ultima c #quari,codem modo triangula 
ACB,AHE,EIB, HLC, FGK zquiangula ſunt; 


& quatuor poſtrema inter ſe zqualia. Similiter 
triangula BFI, FDK, IKC, EGH; & den 


triavgula AHG, GDK, HKC, EFI, fimilia ſunt 

& zqualia. Quinetiam triang, HIK ad ADB,& 

 EGH adBDC, & EFI ad ADC, &FGKad 

dig. it. ABCdparallela ſunt. Ex quibos perſpicue ſe. 
quitur prico,pyramides AEGH,HIKC zquales 

e10 def.r1 efle ; totique ABDC, & inter ſe e fimiles.deinde 
| ſolida BEGELH, FGDIHK priſmata efle, & 
quidem zque alta, nempe fita inter parallela 

plana ABD, HIK.verum baſis BEGE bafisFDG 
f2.4x, 1. fduplex eſt.g quare dia priſmata zqualia ſunt. 
g 49. 11. quorum alterum BEGELH pyramide BEFI, hoc 
, eſt, AEGH majuseſt, totum ſua parte ; proinde 
duo priſmata majora ſunt duabus pyramidibus, 

rotiuſque adeo pyramidis ABDC dimidium ex» 

cedunt. Q, E, D. 


by 
i 
bY 
1 


| 2346, + ppramii proportionaliter ſe&a ſunt, We: 
DC, &c, parallelz ; proiade & Hl, EG, & GH, 


£% 
wt. 
% 


[> 
7 + 4 


ra ad "SW TI «a Co wg / Le 


equalia (LBKLMN, KLCNMO , & 
QRGTSV; )ac eodem modo diviſa fit utraqua py- 


QE.D., ©: 


| QL 
Si fuerins due ppramides ABCD, BEGH ejuſ- 
dem altitudink, triangulares bebentcs baſes ABC, 
EFG; ft autem illarum utraque diviſe & in duas 
mraemides (ALLM, MNOD; & EPRS, STVH) 
equales inter [ev fimiles toti;, & in duopriſmasa 
MO; & PEQRST, 


ramidum, qua ex ſuperiore diviſtone nate ſunt, id- 
que ſemper fat; erit ut unins pyramidis baſis ad al- 
teriue prramid% baſm, ita & omnia, que in uns 
jyramide, priſmata ad omnia, quein alters pyrd> 
mide priſmates, multitudine aqualia. - 


Nan (2dvibendo conftrudtionen preceden. = 
tis) BC. KC 4:: FG. QG. b efgo triat . ABC 2 15, þ 


C W 
; Fol" 
"1 


eft ad fimile triang, LKC, ut-EFG ad c fimile þ 22, 6, 


RQG. ergo permutando ABC. EFG4:3 LKC, 
RQGe:: Priſm. KLONMO. QRGTSV (nam 


bzc 2que altz ſunt) f:: IBKLMN\ PFQRST, 
2 quare triang. ABC. EFG :: Priſti. KLCNMO (>, 5 


C2, 6, &Cs 


e ſe.34.15 


+ IBKLMN, Priſm. QRGTSV + PEQRST, » 12,5, 


-- Sin ulterius ſimili paQo dividantur pyrami- 
des MNOD, AILM ; & EPRS, STVH, erunt 
quatuor npya priſmata bic efte&a ad m_ 
| | 11th 


F biz, Jo 


| b 4212: 


c byp. on 
d I4-5; 


c0r.4-5. 
f ſupeſ. 
g 14.5. 


a 1:10]. 


PXK:QOP.--V;. 


2. 0D." 

B KF cF.& 6 
Cub eadem altitudine exiftentes pyram | 
ABCD,EEGH,triangulares babentes ba ſes ABC, 
EFG, inter ſe ſunt ut baſes ABC, EEG. 3 
Sit triang. ABC. EFG :: ABUCD. X, ' Dico 

X — pyr. EFGH. Nam, fi poffibile eſt, fit 
X—IEFGH ; fitque Y exceſſus. Dividatur py- 
ramis EFGH in priſmata & pyramides, &reli- 
quz pyramides fimiliter, a donec relittz pyrami- 
des EPRS, $STVH minores evadant ſolido Y. 
Quum jgitur 'pyr. EFGH —X + Y  liquet 
reliqua. priſmata PEQRST, QRGTSYV doli- 
do'X majora efſe. .Pyramidemm ABCD fimili- 
ter diviſam eoncipe ; b eritque priſm. 1BKLMN 
+ KLCNMO, PEQRST —+ QRGTSV :: 
ABC. BEG. « :: pyr. ABCD. X. d ergo X © 
priſm. PFQRST+QRGTSV ; quod repugnat 


. priusaffirmatis, 


ehyp, & 


Rurfus, dic X c- pyr, EFGH.  pone pyr- 
EFGH. Y :: X. pyr. ABCD e :: EFG., ABC. 
quia EFGH f—aX, g erit Y a pyr. ABCD, 
go0d —0 nequir,ex jam dictis.Concludo jgitur, 
qy API. EFG H, : Ke D. | 
$f £0, ED. ROP; 


- c ; > 3 - SEE EAN FY vo = "PRI ; v. ox 
1 y « / / 35" TIE! -; 
7 


iſthic produQa,ut baſes MNO & AIL ad bafes |; 
STV & EPR, hoc eſt ut LKC ad RG, yelut 4 
ABC ad EFG. b quare omnia priſmara pyrami-. 
dis ABCD ad omnia ipfius EFGH ita ſe ha- | 
bent, ut baſis ABG ad bafim EEG. Q,R,D, * 


” ww» 


\ Kd ls : > » , Fs PF J % 


PROP. VL. 


Fub eadem altitudine exiſtentes pyramides 
ABCDEF, GHIKLM, & polygonas habentes 
baſes SCION GHIKL, inter ſe ſunt ut baſes 


ABCDE, GHIKL. 
Duc fgetas AC, AD, Gl, GK. Eſt bal. ABC. 
. | ACD3:: pyr. ABCF. ACDE.b ergo compoſite a 5. 12, 
? {}.ABCD. ACD :: pyr. ABCDE. ACDE. aatquib 18S: 5, 
> | ftlam ACD. ADE :: pyr. ACDF. ADEF.c er- 
. jo ex zquali ABCD, ADE:: ABCDE. ADEE. 
ergo componendo ABCDE. ADE ::pyr. c 22. 5: 
ABCDEF. ADEE. porro ADE. GKE d::pyr. ds. 123. 
ADEF. GKIM ;, ac, utprius, atque inverſe 
GKL. GHIKL:: pyr. GKLM. GHIKLM.c ergo 
Tterum ex zqualibus, ABCDE. GHIKL :: pyr. 
ABCDEE. GHIKLM. Q.E. D. 
| Sj baſes non habent 


| K latera zque multa, 
demonſtratio fic pro- 
cedet, Baſ, ABC, 
B E GHIe:: pyr. ABCE. 
Y \Y GHI wes argue 5. I2, 
| ACD. GHIz::pyr, f24. 5, 
C DH Ins, GHlxfet. 
go bal, ABCD. GHI :: pyr. ABCDE, GHIK. 
e Quinetiam baſ. ADE. GHI :: pyr, ADEE. 
GHIK. f ergo baſ, ABCDE, GHI::pyr. 
PROP, 


_ P.R;O P,'VEL.. 
A _ Omne priſma ABCDER 
SL ES mp 'riangularem habens baſin, 

Jl dividitur jn tres pyramides 

—M ACBE, ACDF, CDFE 

B C equalcs inter ſe, triangula- 

res baſes habentes, 
| Ducantvr parallelogrammorum diametri 
a 34,1, AC, CF, FD. Tria"g, ACB 4—ACD. b ergoz. 
by, 12, quealtz pyramides ACBF, ACDF zquantur, | 

eodem medo pyr. DEAC —pyr. DFEC, at» 
qui ACDF, & DFAC una eademque ſuntpy- | $ 
CI,4x,1, ramis. cergo tres pyramides ACRF, ACDF, gul 
DFEC, in quas diviſum elit priſMa, interſex. Þ -14 
quales ſunt. Q. E.D. 


EF 

Coroll. Nd Jy 

G Hinc, quelibet pyramis de 

tertia eſt pars priſmatis e- td 
F andem cum illa habentis & 
| bafim& alticudinem : five, 

priſma quodlibet triplumeſt ti 

pyramidis eandem cum ipfo 

|habentis baſfim & altirudis ÞJ $ 


'F nem. 


Nam reſolve priſma po- 
8 Iygonum ABCDEGHIKE 
—  %, In trigona priſmata, & pyramidem ABCDEH 
a9.12, intrigonas pyramides, 4 Erunt ſingulz partes 
riſmatis trip}z fingularum partium pyramidis. t 
b1,5. bproinde rotum priſma ABCDEGHIKF totius c 
pyramidis ABCDEH rriplum eſt, Q.E.D. | 


%. 


PROP. 


@ 


PROP, VIII. 


D 


Li 
i 
A c 


Similes ppramides ABCD, EFGH, que trian- 

gulzres habens baſes. ABC, EFG,in triplicata ſuns 
-ratione homologorum. laterum AC, EG. 

« Perficiantur parallelepipeea ABICDMKL, 2 27. TL, 
EENGHQOP que b, fimilia ſunt & pprami- b 9.def.: 1: 
dum ABGD,EFGH « ſextupla;d ideaque in ea. £25.11, & 
dem, cum ipfts ratjone ad le invicem,e hoc elt in 7. 12. 
triplicata homoJogorum laterum. Q, E.D, 15:5. 

Coroll. | 3.110, 

Hinc, etiam fimiles polygonz pyramides ra- 
tionem habent laterum homologorum triplica® + 
tam; ur facile probabitur reſolvendo has in trie / 
gonas.pyramides. f | 

+ oþ 
PROP. IX, | 1} 


Vide Schema preced. 


pg prramidum ABCD, EFGH, & 
triangulares baſes ABC,EFG habentium, recipro- 
canturbaſes & altitudines: & quarum pyramidum 
triangulares baſes babentium reciprocantur baſes 
& altitudines, ills ſunt aquales, | 
I. Hyp. PerfeQa parallelepipeda ABICDMKL, 
EFNGHOQOP xzqualium pyramidum | 
ABCD, EFGH (utrumque utriuſque) &4 ſextu- a 28.11,& | 
pla ſunt,ac zqualia ideo inter ſe, ergo alt, (H) 7. 12, | 
All, 


"I 6 


{ bz4.11, alt. (D)b:: ABI C, EFN 
=. QED. : Ss | 

| dhyp. 2, Hyp.Alt.CH.) alt, (D) d:: ABC,EFGe:: 
| E15,5, ABIC.EFNG, fergoparallelepipeda ABIC- 
| £34.11, DMKL, EFNGHQOP zquanrur ; g proinde 


7 %.s. "S "" ru 
. » A i 
F | # 


plz, pares ſunt. Q, E. D. 
Eadem polygon pyramidibus convenint : nan 
be ad trigonas reduci poſſunt. 


# ; Coroll, 
/ Lue de pyramidibus demonſtrata ſunt Prop, 6, 
7 8. 9.ctiam conveniunt quibuſcunque priſmath, cum 
: bac tripla fint pyramidum eandem bafim & altin? 


 . torum eadem elit proportio, quz bafium, 
_ 2. Similium priſmatum proportio triplicata 
 eſt-proportionis laterum homologorum. 
' 3. Zqualia priſmata reciprocant baſes & al- 
titudines z & quz reciprocant, ſunt xquales, 


Schol. 


_ Ex haRenus demonſtratis elicitur dimenſio 
 quorumcunque priſmatum & pyramidum, 
by #4 Priſmatis ſolidiras producitur. ex altitudine 
-þ, ia baſim duca, b iraque & pyramidis ex tertia 
alticudinis parte duda in baſin, 


| 2cor. 


= 


G.c:; ABC. BrG, Þ* 


_ dinem babentium. itaque 1. Priſmatum zque al- 


P WL &. * 
F* 


=” ; 
FE &5 . 
b 44- 


| 26, ax. 1, & pyramides ABCD, EFGH, borum ſubſexty. | © 


Omnj conu tertia pars eft cylindri babenth ean2 
{em cum ipſo baſin ABCD, & altizudinem #qud- 
lem 


$i negas, primo Cylindrus triplum conl ſu- pjJe fg, 3) 
peret excefſu E,Priſma ſuper quadratum circulo þyjuy, 
ABCD inſcriptum & ſubduplum eſt priſmatis ſu- , ſh. 9. 4: 
per quadratum eidem circulo circumlcriptum g gp, g. 
ſibi & cylindro zque alti.ergo priſma ſuper qua» 1 ,, 
tatum ABCD luperat cylindriſewiflem; eg- 

{fem modo priſma ſuper bafim AEB cylindro #- 

quealum ſegmenti cylindrici AFB b dimifiſo þ (þ, ap.z 
majus eſt, Continuetur biſe&io arcuum, & de- & cor, g, 
tahantur priſmata,donec ſegmenta cylindrire- 12 
lita, nempe ad AF, FB, &c. mjnora eyadant 

folido E. Iraque cylind, - ſegment, AF, FB, &c. 

(priſma ad bafim AFEBGCHDTL) «c majuseſt 5a py 
quam cyligd. —- E (4 triplum coni.) ergo Py- q bjp. 
ramis di&i priſoatis e pars teriia (ad eandem , gp org, 
biafim fira, ejuſdemque altirudinis) cono aque | : 
ako ad batim ABCD circulum majcreſt, pars 
'toto, Q.E. A. Met nat 

Sin conus tertia parte cylindri major dicatur, 
it icidem exceſſus E. Ex cono detrahe pyrami- 
t&s,ut in priori parte priſmara ex cylindro, do- 
| hee reſtecm eogi ſegmenta atiqua, puta ad 4 
[ | V _ I'By 


f hyp. 


a 309.3. @ dum. N—pyr. EPFQGRHSM. aFiat in-clt- |! 
culo ABCD ſimile polygonum ATBVCXDY. I 


I. poſt. 
Fr 


C cor.2,12, ATBVY. polyg. EPFQS c :: circ. ABCD. cite. 


d hyp. 
E 14.5. 


FB, BG, &c. min 


y LEFT HEL 4 


inora ſolido E, ergo Con, ab 
ſegment. AF, EB, &c. ) ergo priſma pyramidgheD! 
triplum (zyue altum ſcilicet atque ad eand; mm Hem 
bafim) cylindroad bafim. AB CD majweliy 
pars toto. Q.E.A,- Quare fatendum eſt, quoiſf@iſm 
cylindrus triplo cono zquatur. Q, E. D. * 
PROP. XI, 


A 


Exb 
Jerwn 
ex 
moſul 
ph 
wee 


 Subeadem altitudins exiftentes cylindri,@ canÞ 
ABCDK,EFGHM, znter ſe ſunt ut baſes ABCD, | * 
EFGH. nl | 
... Sit cire. ABCD.circ. EFGH :: con, ABCDK, 
N. Dico N—con,.EFGHM. | 

Nam fi fieri poteſt, fit N con, EFGRM, |. 
ſirque excefſus O, Suppoſita pEnpam ar & Us 

og» 


argumentatione przcedentis; erit O majus lege Mt 
mentis conicis BP, PF, FQ, &e, ideoque ſells Yiu 


Quia pyr.' ABVYK. pyr. EFQSM þb:: polyg, 


EFGH 4 :: con, ABCDK. N. e eritpyrim 
EPEQGRHSM —N. contra modo di&a. 
Rurſusdic N &- con, EEGHM. pone con! | 
EFGHM. O::N, con. ABCDK ſu cir 
EFGH, ABCD, g ergo O.-2 con, ABCDK, | 


LI abſardum eft, ex oftenſis' in priori parte. f byp.& 
on, Iaque potius dic, ABC D., EFGH :: con, invertendo. 
mUg2DK. EFGHM. Q.E.D. - $14.5. 
w enim demonſtrabitur de cylindris, f1 cono= 


Mo& pyramidum loco concipiantur cylindri 
120Srilmara, ergo, &c. 6 


'8$CHOL. 
y 
. 
/ 


Exbk babetur dimenþuo cylindrorum & conorum 
Srmcungue. Cylindri reQz ſoliditas produci- i 
ex baſe circulari (,4 pro-cujus dimenſione 2 T- Brop. 
mſvlendus eſt Archimedes) duRa in altitudi- de dinemſe 
m. ;b igitur & cujuſcunque cylindri. Circ. 


c [raque conl ſolidiras producitur ex tertia b II. 12, = | 
te aſeitudinis duQta in baſim, C10, 12, 


+ 0 A O:P>- ALL 


'& F'Similes con” & cylindri ABCDK, EFGHM 
F: [irhlicars ratione ſunt diametrorum TX, PR, 
* {ein bafibgs ABCD, BFGH.. 
'Habeat conus A ad aliqued N rationem tri-. 
I. Flkatam TX ad PR. dico N=con. EFGHM 
\ Pim 6 fieri poreſt, fir NAEFGHAM; 
 Fitque exceſſus O, ergo ut in Prioribus, N 2 
mr. EPEQGRHSM. Sint axes conorum IK 
M, adducanturque re&z VK, CK, VI, Cly 
Ne &QM, GM, QL, GL. Quontam cont fimiles a 24.def 17 
G Jlont, a eft VI. IK :: QL. LM. anguliverob18 def.rr 
O FVIX, QLM b reRi ſunt. © ergo trigona VIK, c 6. 6. 
. dw. 7 G8 LM, 


44.6. © | QLM zquiangula ſunt; dunde VC, VI «: Qs: 'F 
f5.6. ' CEN QG ON: 


k4.6, triplicata ratione VC ad QG, k hoc eſt VI a 
LAS.-5, QL,!vel TX ad PR. ROK pyr, A TBVC. $9” 


p 0 ERS a} ia ns w_ -— Aa. 5 ; 0 _ —_ : | _ 
| * 1 " _ 4 | = % b | F RAJ = F M6 Vo EB i ei au. , me 
i GIRLS « s 


QL, item VI. VK :: QL.. QM, ergo & 2. 

e7.5, quali VC. VK :: QG, QM. e quineriam VK. r 
CK i: CM, MG, ergo 1urſus ex zquo VC |; 

ergo triangula V KC, ky. 

QMG fimihia ſunt; imilique argumento reliqua Ur 

g 9 def.11, hujus pyramidts trtangula gy illius, g quare }* 
h cor. 8,12, pyramides ipſz fimiles ſunt. þ ſunt vero bzjn 


m byp. & XDYK. pyr, EPFQGRHSM:: con, ABCDK, B* 
11,5, N. s unde pyr. EPFQGRHSM -aN, quod 
n 14.5, repuegnat prius didtis. - -» Bil 
Rurſus, dic N, con, EF G HM. fitcon; Bi] * 
o Prim @ EFGAM, O :: N. con. ABCDK o :: pyr, F' 
inverſe, EPRM, ATCK p:: GQ. VC ter::qPR; 
p cor.8,12, TX ter, ergo O r AABCDK, quod modo 
q4.6, - repugnare oſtenſum eſt; - Proinde N — can, 4 
r14.5, EFGHM. QE.D. clit 
# '- Quoniam vero quam ;proportionem habent UU,! 
cont, earidem quoque obtinene cylindrl, corum Jylis 
rjpli, habebit quoque! cylindrus ad cylindrum Þ mid 
proportionem diametrorii in. bafibus triplicata, | 
oY E, 'PÞ'R OP, XIII. 


$1 cylindrus ABCD plow | 
EF ſecetur adverþ6s plank BC, | 


J-—= | AD' parallels ; erit uw- 16 
& > D lndrw ABED "1 cylindrum | + 
$ EBCE, jta 4x4 Gl ad ax | 
E 1+ >F cm 1 H. WR 
Produ?o axe , 4 ſume Pp 
ec GK=G1, & HL=IN] 

— LM, & concipe per 
punta K, L, M, plana di- | 
DOT 1, ci circulis AD, BC me: er 
Db 1,12, : 4 lela, b ergo cylind. ED= | pa 
_ T: MID cyl. A N. Va, EC b= 
ÞO b—OP, jtaque cylin- 


drus | 


# 


83.71; 


Cc 


WAL 2 k _ a 4.4 
936%." "3s W914 » * 
ts 5 PIR WM 1 i > : 
Ny $ Lv 3 A A : b 
PLS , k y 
oy i 
x 


* 4A 
E G: * -S; s 
 F Ted | 
. £ THE ? 
: 


y « 


EN 


C, 


jrout Vero oo 
ef) |: =o, BP. 4 "= cyl. AEFD. cyl, d 6, dep.5\ 
os BCF :: GL. 1H. QUE.D.. 

(09 FFNTS Super equalibs bafibus 
JK 6 H AB, CD exiflentes cont 
wod F'! AEB, CED, & cylindri 
AB "7 AH,CK, intor ſe ſunt ut 4l- 
on, $4 NV (N, titudines ME, NE, | 

14 LES - Produftis cylindro HA 
R ot DE ERP & axe EM, ſume ML— 
do FfN; & per punftum L ducarar planum bafi 


it JU,B.D, 1dem de conis cy iindcorum ſubtri- 
m Jplis digtum' puta. * imo de' prilmatis & pyra- * Adhibe _ 
n Jmidibus. VE 144,44 + 9 & 7, bibs 
v b . | | 
Do Q'P;2:X V. 
0 ,., eEqualium conorum [ 
«1 ON BAC;EDE, & cylindro« 
baſes & altundines (BC. 


Z-$3+ IK axis 1G. pariterque cy)indrus FP zque 
VE. Yau tiplex eſt cylindci B F, ac axis IMa 


AB parallelum. & erit cy), AP-=CK,-b arqui a 11,12, 
glind. AH. AP. (CK) ::: ME. ML. (NE. ) biz. 12, 


fil SGrum BH, EK, reciprocantur : . þ 


2009 


cylindri ED zque multiplex eſt,ac 


TS - 5 
fliadr, ©11..12- 


IK =, &, 53 IM, 6c fic 


EE ::MD, ILA:): & | 
quorum conorum, (F Cylin - 
\drorum reciprocamur baſes 
& altitudines, ili ſunt 
equales, 


oi altitudines pares fint, etiam baſes pares 
| erunt; &resclara eft, Sin altitudines ſint im- a 14. 129 
| paros, aufer MO—=LA,  b'oonſtr. 
I. Hyp. Elique MD. MD (aLA) b:: cyl, cbyp. 
EK (c BH.) EQd x circ. BC,EF, QE.D dil. ln, 
| Re Sw z, Hyp. 


7 5 eg 


En. Janne PER 


——_— — 


\ , oy 4 Y 
$4! 


” 
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z & / 14 _ as 

: F 
DC 
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 ebyy. _ 2, Hyp. BC. EF e::DM. OM (LA) {| 
F14.12) Cyl, EX.EQ g:: BC. EFb:: BH. EQ. k Er 
gIl.5. cylind, EKBH, Q.E.D. - 
4 : - 22 ovimiliargumentouterede conis, _ 
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PROP. XVL 


Duobus circul: 

Lon JJ ABCG, DEF cu 
5 7dem centrum M exj. 
ftemibus,in #1ajori dr. || 
 culs ABCG poly 
C num equilaterum, 
... parium laterum inſti. 
bere , quod 'non tat- 
@ KR gar minorem circulun 
£11 DEE. ben 
Per centrum M extendatur rea AC ſecan 

circulum DEF in. ex quo erige perpendicula, 

a 30.3: YemFH. 4 Biſecaſemicirculum ABC, ejuſque 
b 1,10. ſemiffem BC, atque ita continuo, b donecar- 
cus IC minor evadat arcu H C. ab I demitte 
perpendicularem IL. Liquet arcum'IC totum 

circulum metiri, numerumque arcuum efſepa- 
eſeb.16.4) 79 adeoque ſubtenſam IC latuc effe c polygo- 
 *= ni inſcriptibilis, quod circulum. D EF mijnime 

d cor. 16.3, continget. Nam HG d tangit circulum DEF; 
e28,1 £C cutparallelaeſtIx, extraquefita, f quareIK 
f34.def.1, circulum non tangit, multoque magis CI, CK, 
, & reliqua polygoni Jlatera, Jongius 2 centro di- 
fRantia, circulum DEF non tangunt. Q, E.F, 

SN Nota, quod IX non tangit circuluw 

E F FR | | 


PROP, 


damerti-A C, BV fecatites perpendiculariter.. 


wr "= 


(e het s* TY we - _—_ 5 4 a6 "Y 4 Andi 1 : P 
oy «« Wh * i 4 . ; : þ 
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PROP. XVIL .' -: 


Duabu ſpheris ABCV,EFGH circa jdem cen- 
trim ID exiftentibus, in majori ſphere ABCV ſo- 
liduns polyedrum inſcribere, quod non tangas ſuper- 
feiem minork ſphare EFGH. OT” 

'Secentur ambz ſphzrz plano per cenitrum fa-. 
deate *circulos EFGH, ABCV. ducanturque 


| | 
Circulo ABCV 4 inſctibatur polygonum #qui- a 16, 11, 
laterum VMLNC, &c. circulum E FG H ml- 

nime tangens. duca diametro Na, ereQaque | 
DO re&a ad planum ABC. per DO, perque | 
dametros A C, Na erigi- conciplan'ur plana | 
DOC, DON, quzad circulum ABCV breQa b 18.11 | 
erunt,ideoque in 6" ſphzrx 6 {Lg c 60r.33.6, ' || 
E” 21109 bo 


| GO 


\ 


"= " | y a_—_ A <4 "IS TY _— ' 
4+"G \ & | "OY 4 SHy. 
® # 6 "AF -- 3 —F 'S , 4 


d 4.1, efficient DOC, DON. in quibus 4 apteniur. jd ſe 
reaz CP, PQ, QR, RO;NS, ST, Ty, yQ ji 


ipſis CN,NL, &c pares, & zque multz. [ne [go 
liquis quadrantibus OL, OM, &c, inque tots JI. 


ſphzra ecadem conſtruQio hat, Dicofatum. 


A punRis P,S ad planum AB CV demite {yur 


e 38.11, perpendiculates PX, »Y,cquz in ſeQiiones AC; 
' Fiz.ax Na cadent. Quoniam igitur tam f angulire& 

8 27-3- PXC, SYN, g quain PCX,SNY, þ zqualibys 

peripheriis infiltente:, f paxes ſunt, ttiangu 

b32.1, PCX, SNY h aquiargulaſunt. Cum ighkur PC 
k conflr, þ—SN, | erjiam PX — SY; 1 & XC=YN;- 
126, 1, mquare DX — DY. n ergo DX, XC: DY, 
m 3.4x.1, YN. oergoparallela ſunt YX, NC. quia'vero 


N'7.5. , PX, SY pares, & cumeidem playvo ABCV re. {| © | 


| 02,6. / Az, <tiam p parallelz ſunt, qerumt YXN, 
P 6, if, SP etjam pares & parallelz. rergo S P, NC. 
q33-1. inter ſe parallele ſunt. ergo | quadrilaterum 
 r9.41, NCGPS, cademque ratione SPQT, TQRG, 
ſ7.11, ſed&s triangulum yRO- totidem uot plana, 
t2,11, Eodem modo tora ſphara cjuſmodi quadrilate- 
ris & tri2ngulis replera oltenderur, -quare inſcri- 
ptum eſt polyedrum. py 
u1t.1l, Acentro Þ u duc DZ re&um plano NCPS; 
& :unge ZN, ZC, ZS, ZP, Quoniam DN. 
x4.6, NC x/:: DY. YX ; elt NC yo YX (SÞ3); pas 
y 14.5. ricehage 3P © TQ, & IQ. ;yR. Er, qu, 
z 3.def.11, anguli DZC, DZN, DZS,,DZP,:$ reQi uors; 
a I5.def.1.Jarera yero. DG, DN, DS, DP «4 qualia, & 
b47 1. DZ commune, berunt ZC, ZN, ZS, ZP a+. 
c 15.def.I, quales inter ſe; proinde circa quadrilaterum 
d conflr, NCPS «© deſcribi poteſt circulvs, in quo.(_b 
e:8,;3, NS, NC, CP 4 zquales, & NC SP) NC 
f33.6. e pluſquam quagrantem ſubrendir. f ergo-ang; 
$5s- 2. NZC adcenirum obrufus eſt. g ergo NCqc- 
1 32.1, 2ZCq (ZCq+ZNq.z Sit NI ad AC. or- 
K 9. 4x, 1, Mali. ergo cum ang. ADN (þ DNC+ 
i5.l, D CN) rk obtuſus, crit ſemifſissjus D CN 


at 


rei 


Np *r Ja. $0 5, 0 RY | 0 - "kg ” + D þ | . h q 
0 be 4 " oy "WS. ? . o . 3 is : A 
TS RECEISRS # j G 25 x LME..3 SS a 


= i ſemiſſe major ; proptereaque eo minor eſt 
Q Jxllquus e ceQo ang. CNI. # unde INC IC. n 1g. 1, 


tee. [punAtum Z potiori jure eſt extra ipſam, adeoque 12. 

C: pe NCPS (cujus r proximum centro pune r 47. I. 
am eſt Z) ſphzram EFGH non contingit. Et 

fad planum SPQT demittatur perpendicularis 

Df, punRtam , adeoque & planum SPQT 

adhuc ulrerius a centro elongaturz idemque eft 

[. {de reliquis pplyedri planis. ergo polyedrum 

Y, JORQPCN, &c. majori ſphzrz inſcriptum,ai- 

ro | 2orem non contingit, Q, E, F. es ae 


Goroll. 


J 

- |  Hinc ſequicur, Si in quevi alia ſphere deſcri- 

t Þ tatur (ol;dum'polyedrum, fumile pradifls (0lido po- 

;. Þ hedro, proportionem polyedri in una (phars ad po- 

* | hedrumin alters efſe rriplicatam cjus quam ba- 
tent ſpherarum diametrl. 

"Nam fi ex centris ſphzrarum ad omnes angu- 
bs bafium ditorum polyedrorum reQz lincz 
cucantur, diltribuentur' polyedra in pyramides 
fumero zquales & fimiles, quarum homoJoga 
latera ſunt ſemidiamerri ſphzrarum, ur conſtar, 

I intelligatur harum ſpbzcarum minor intra 
majorema circa idem centrum deſcripta, congrue 
et enim fibi muruo linez retz ducz'a centro 

| ſhzr& ad bafium angulos,ob fimilitudinem ba- 
| fium,ac proprterea pyramides efficientur fimiles, 

Quare cuw fingulzpyrawides in unaſphera,ad 

fingulas pyramides illis ſfimiles in altera ſphera 


mologorum, hoc eſt, ſemidianretroruw ſphara- 
rum ; fint autem b ut una pyramis ad unam py- b 12. 5, 
 ramidem,ira omnes pyramides, hoc eſt, ſolidum 
polyedrum ex bis compoſlitum, ad omnes pyra- 
| mides, 


ES ola _= 4-0 = gene .- 


e [&go'NCq (NIq+ICq) o = 2 INq. iraque o 45.1, 
deg JINt- ZC, & conſequemer DZ p DI. arquip 47.1, © 
jpuntum I eſt q extra fphxram E F GH. ergo q cor, 16, 


” 45 
d $ 
, \ 
” + 
b 1 
P 
| mY k 


4 habeanr proportionem iriplicatam Jaterii ho- a cor.8.12þ 


j 
. 4 
s, 
it 
$1 
: | 


AA © 


_ mideszideft, ad ſolidum polyedrum.ex illis con: q 
+ -  Ritutumy/ hbabebir quoque polyedrum uniuc |; 
ſphzrz ad polyedrum alterius ſphere proparti= 1 


e 15, 5-. onem triplicatam ſemidiametrorum , c atque |. 
>; ...- adeadiamerrorum, c , la 


ba SL PS © F% © 


"PROP. XVIII. \ 


* 
$.. | ' 
" "NT, 


Sphere BAC, EDF (untin triplicata rations || © « 
ſnarum diametrorum BCEEF./ | 
Sit ſphzra BAC ad ſpheram G. in triplicata 
ratione diametri BC ad'diametrum EF. Dico 
G—=EDF. Nam fifieri poteſt, fir GHEDE, (1 
& cogita ſphzxram Gconcentricam efle ipfiEDE: | *, 
* 2 19, I2, Sphzr# EDEF s polyedrum ſphzram G non tale 
| bcor. 17.12 gens, ſphzrzque BAC ſimile polyedrum inſcri- 
chyp. batur. b Hzc polyedra ſunt in triplicata ratione | 1 
d14.5, diametrorum.BC, EF, cideſt, ſphzrz BAC | : 
ad G.' dProinde ſphzra G major eſt polyedra. } | 
ſphzrz EDF inlcripto,pars toto.- 
Rurſus, £< fierl poteſt, fir ſphxra GEDF, 
| — Sitqueur ſphzra EDF adaliam ſphzram H, ;ita 
ebyp.in- GadBAC, ehoceſt in triplicata ratione dia- 
' wer. metri EFad BC ; cum igitur BAC f * H, in» 
f 14.5. currimus, abſurditatem prioris partis. Quin 
potius ſphara. G=EDE. Q, E. D. 


Coroll. 


Hinc, ut ſphzra ad ſphzram, ita eſt polye- 
- drum in illa deſcriptum ad polyedrum fimile in 


. ” 


bac deſcriptum, 


L1B. 
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| o& & OB», i 
P R Oo P, Lo IF 24 | | 
SN ref linea z. ſecimdum extremam & 


> mediam rationem ſecetur(Z.2::a.e;) 
_ Majus ſegmentum a aſſumens dimi- 


Lt 


Wa dium totius 7,quintuplum poteſt ejus, -- 
j . quod & dimidia torime z deſcribiur, . 
quadrati, 
; _— Dico Q, a +5 _.. 
+ JA ATE I=5Qi4iz a3 4ed..: 


' | hoceſt aa++4 zz—+ za= 22 +2 22, byel aa + Þ3- 4x. l. 
-\ | 2a—2zz, Nam ze—+ zac — 2Zz. &zed= aa, ©: > 


ll IK ergo 'aa+za=zz, Q.E,D. . dnp.& 16 
a | | OKHDQ PAK. . ©2, 4x, & 
0 | *Sircfslince 1.2-+a ſul ipfius ſegment? 5 2 ts 

\ | ſnintuplum 'poſſit, 'duple prodifti ſegmenti (z) 


extrema ac media ratione ſee majus (egmentun 


" | c|a,reliqua pars ejus que 2 principio reffa & z-+a, vi 

s Dicoz,a::a. e, Nam quia per byp. * aa + * 4. 2e (| 

IZL+ LA — ZE +I ZZ; vel 2a+Za=ZZ24= 4 > 2. 

' | 2e+2a, berit aa=2z2z, e quare Z, a:a,s, Þ3- 4x. 0: 

TS IST: ci7.6, || 
| LF 4% Ad RF | 


PROP. II 
Si ref linea z' ſecundum; extrremam ac mediam 
ratjonem (ecebur. (Z.2 5: a.,c;) minus ſegmentum 
e aſſumens dimidium majork ſegmenti a, quintu- 
plum poteft e1us, quod 2 djmidia majork (egmenti a 


deſcribitur, quadrati. 


” .. Re Dico Q. C+zA=2,q, 2d 
' "Zi q ) Q. O 2, 4 hoc eft ec b Xs | 


<_m__ornim—n<,. 


— Do EE CEO 


——_ 
_ bs. ” a 


X-'A. KD +4 aa+a=A+c3.2, 
5 A. A | 1'aa.b vel ee+ ea =d byp. & 
23, Nam &e-+ea c=2ed=aa, Q.E.D. 17.6, 


4 4 

| 

| 
2 TE ” ' 


: ate <4 k > *I 
= 1 F . 


__ ' FR # 26" ; bw ; : F LS 9 Wu * $f ; ve Wo ET" ny , 
# ” 3 & i I RS . by. "I Y 
: en 0 20 
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P R Oo P, | V, : 
Sirefa lined 'z (ecundum extremam ac mediam 
rationem ſecetur. (Z at:a,e;) quod 4 tors z, 
quodque 2 minori (cgmonto e,ntraque fimul quadra. 
$4,tripls ſunrejw,quod 4 major! feeknrs a deſcr}. 
bitur, quadratt. . th 


+ \ 
' . 
* 
. i. E \@2- © p 
7 EE. alqut 
x . * * 
—— p =. "—- © WY 


Dicozz +ce=; 


24.4 vel aaee—-2 ac 

di T_—D..cc} aa. Nam ae 

'bz.2, A | EK A£Aceb— Zec=aa, 
c1zy.6, dergoaa+2ae+2 ce; aa, Q, E.D. 

DD A: CC B. Sireftalinees AB 


| n——— cul. rn 
: '. __O& mediam rationem 
' ſecetur in C, apponaturque et AD equal mdjori | 
'' ſegment0 AC 3, rota reffa lines DB ſecundum ex- 
rremam ac median rationem ſecatur, G majusſe= 
gmenum eſt que 4 principio rea lines AB. = 
 Namquia AB.AD 8:: AC. CB, iavertendo-= 
- gue AD. AB;: CB.AC ; erir componendo DB. 
 AB::AB.AC.(AD:) Q.E.D... IS 
gs 5: tn A. 

Quod i fuerit BD, BA :: BA, AD, ericBA: | | 
AD :: AD. BA-AD. :Nam dividendo elt BD 
—BA (AD) BA:: BA-AD. AD. ergo inverſe, 
BA. AD :: AD. BA—AD; Q. E. D. 


D A''C, B Sirefalinea raiond- | 

rmmernn nmr einen li; AB extrema ac meds © 

or ag rations ſecetay in Cz 

© . utrumque (egmentorum (AC, CB) trrationalk eff ' | 

a 3.tT. * lines, que vocatur apotome. Ry 
b 1.13. '  Majoriſegmento AC aadde AD=5 AB; 

'c 6, tv." . bergo DCq=5.DAq. c ergo DCq + DAg. 

dbyp. © proinde cum AB, e ideoque <jus ſemiſlis D A 

e (cþ.12.10 figr þ, ctiam DCeſtpg. Quia verog. 1 :; non 


pups; —_y 


"LY oQ fet DCTL DA. g ergo DC-AD, id f 9. 10, 
ett AC eſt apotome, Inſuper quia ACqh=—=AB g74. 10, 


froe qui deinceps EAB, ABC, BCD, five BAB, 
B 


Incluh 8 xquzntur, b erunt baſes BE, AC, BD, a byps 


\ los A, E, D deinceps zquales,ur prius, pentage- 


«I wy 4 Ap KA Sed 6 . F _ GS Ae MY REN 


4 * 4 ” %d * Qrzcd 


x BC, & ABeſtp, kh etiam BC eſt aporome. h 19.6. | 
QED. =. BW J 


PROP. VII. 
| A 


CL ——vD 
$i pentagoni equilateri ABCDE tres anguiz , 


CD,CDE qui non dcinseps fint, equales fuerins, 
a julangulum erit ipſum pentagonum ABCDE. 

Paribus deinceps angulis ſubtendantur reQz 
BE, AC, BD. 

 Qu-n'am latera EA AB,BC,CD,angulique 


c angulique AEB, ABE,BAC,BCA pares.d qua- b 4. t; j 
re BF=FA, & eproinde FC==EE. ergo trian- c 4.8& 5, ts || 
gula ECD, FED fibi mutuo zquilatera ſunt; ds6,1i, {| 
f unde ang. FCED—FED, g proinde ang. AED e 3. ax, 1. | 
—BCD. Eogem paſto ang.CDE reliquis xqus- fF,t, | 
rur.quarepenragonum #quianguJum ett, Q.E.D, g 2. 6x. x, | 
Sin anguli GAB, BCD, CDE, quinon dein- ww 
ceps,{tatuagtur pares, þ erit ang, ABB=BDC, h 4. 1. 
& BE—BD,k ideoque ang. BED=—BDE; L rotus kk 5, fs 
proinde ang. AED—CDE. ergo propter angv- | >, axz 


num #quiangulum erit. , E. D, 
| PROP, 


*%:2 oy : V; $ 5% . 0 Cay 3s " b-9 Ny As 4 or; A 2H BO ” 
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$i - pentagoni equilaterl 


3. PA & aquianguli ABCDE 
B duos angulos BCD, CDE, vi 
qui deinceps fint, (ubtendant 
refia lines BD, CE; be” 
extrema ac media ratione 
C £5 D ſe munue ſecant, & majors 


| ipſarum [camenta B F, yl 

EF equalia ſunt "0, pads hag py 

a lg. 4. Circa pentagonum g deſcribe circulum ABD. 
b 28,3, 6 Arcus BD=—BC. cergo ang. FCD=EDC. 
c 37.3. d ergo ang. BFC — 2 FCD (FCD -+ FDC.) 
d32,n., Atqui arcus BAE b — 2 ED, proinde ang, 
e33.6, BCFe=2 FCD — BEC. fquare BF — BC, 
'f6.1, Q.E, D. Porroquiatriangula BCD, ECD 
"g27. 3. £ zquiangula ſunt, herit BD. DC (BF) :: CD 
'k4.6 (B Fug D. pariterque EC,EF:EF. FC. 


bSROP IX. 


$1 hexagoni latu BE, &@ 
. . decagoni AB, incodem cir-. 
culo A B C deſcriptorum 
componantur,tora refalined 
OC AE extrema 4c media rati- 
' . one ſecatur,(AE. BE :: BE. 
AB) & majus ejus [cegmen- 
 tumeſt hexagoni laws BE. 

' . . Ducdiametrum ABC, & Junge rectas DB, 
— DE. Quoniam.ang, BDC 4=4 BDA,eſtque 
, ang. BDCbh — 2 DBA (DAB + DBA,) erit 
+ - * DBA (b BDE+BED) c=2 BDA 4 — 2 BDE, 
. .. proinde ang DBA,vel DABe=z=ADE, Iraque 
* trigona ADE, ADB zquiangula ſunt, f quare 

AE. AD, (g BE) :: AD. (BE.) AB, NOS. 
+. | * Coron, 


+ A ,, - F F & & p-; LR T F Fa - wY % > " - . 
H + -*X 7B Wy g ou 
ng £ 4 by ' Ju « % 44 « _ 


SO " ? : #® © +. £ 
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'-- Hinc, filatushexagonl alicujus circuli ſecetur * PB 


extrema ac media rationez majus illivs ſegmen: ſch, 5, 13! 
rum erir latus decaganiejuſdem circuli, 


PROP. X, 


' $7 ineirculo ABCE pentagonum aquilaterum 
ABCDE deſcribatur ; pentagoni latus AB poteſf 
& bexagoni lars FB, & decagonilatus AH, in a 28.3, & 


eodem circulo deſcriptorum. Z, 6x. 
Duc djametrum AG.Biſeca arcum AH in K. b byp. & 
Et dtic FK, FH, FB, BH, HM. 7, 0X. 


Semicirc, AG —arc, AG 4#— AG — AD. c 33. 6. 
hoc eſt, arc, CG — GD b —AH=—HB, ergod 20,3, |; 
arc, BCG=2 BHK ; c adeoque ang, BEG=2e 1. 4x. I, | 
BFK. d ſed ang. BEG — 2 BAG. e ergo ang. f 32, Is 
BEK=—=BAG. Trigona igitur BEM, FABfz- g 4.6. 
quiangula ſunt. g quare AB, BF :: BF. BM. h 19.6. 
b ergo AB x BM==BEq. Rurſus ang. AFKk— k 27.3. 
HFKx; & FA=FH, m quare AL=LH, m& rm 4.1. 
anguli FLA, FLH pares, ac proinde reQi-ſunr. n 17. 3. 
ergoang. LHMm — LAM n— HBA. Trigo. 0 324 1. 
_ na igitur AHB,AMH o zquiaygula ſunt. p qua: p 4. 6. 

re 


; | +07 » as At preovty pe re; $ 
F by && 5 p 4 


re AB. AH:: AH.AM, q ergo ABx A Ma, 
' AH+Hq. Quum igitur ABqr=ABx BM AB 
l T2, 4x. X AM, ferix ABq—BFq+AHgq. Cy. E. D, - 
FEE RES h Coroll, | T- 

1, Hine, linea rea (FK ) quz ex centto Þ 
(F) arcum quempiam ( HA ) biſecat, etiam F;. 
retam (HA) ili arcui ſubtenſam biſecar ad an: F* 
gulos rectos, * | 


2, Diameter circuli (AG) ex angulo quoyi; 
| (A) pentagoniduQa biſecat & arcum ( CD, ) 


quem latus pentagonl jllji angulo oppolitum ſub= 
rendit,& Jatus'iplum (CD) oppoſitum,idque ad 
angulos rectos, 


Schol, i 


Hic, ut promifimus, praxim trademns expeditam 
»Problemarh 11, 4. | 


l + Problems, ' 


D 


. — latus pentagoni eirculo ADB inſcri- |" 
endz. | 
Duc diametrum A B; cui peepeadie warn 


D, 


"Wd ex'centro C erige. Biſeca CBin E, Fac ww 
SED. crit DF pentagoni latus. 
T Nam BF x EC +ECqas — EFqb —EDq a6. 2, 
; 4$=DCq—+ECq.dergo BF x FC=DCq, vel b conſtr; 
' {YCqe quare BE.BC ;: BE, FC, ergo quum BC c 47. 1, 
Tt latus: hexagooi, f erirt FC Jatus decagoni, dg, dx. 
' $ninde DE b = / DCq+FCqg ef latuspen- e 15, 64 
Seoni, Q; E. F. 


PR OP. XI. b 47,1. | 


—_—TCA. -:- LE. 
Ob angulos ARF, AIC areRos, & colnmu- 2 cor, 10, 
wm CAI, trigona AKF, AIC b zquiangula 13. 
Jluntz c ergo CI. FK 6:3: CA,FA (FB) di: b32 Tl, 
CM. FL. ergo permutando FK, FL :: CI. CM C4. 6. 
1i:: CD. CK'(z CM.) e componendo igitur CD d15. 5. 
+CK. CK :: KL. FL, fproinde Q: CD+CK © 18. 5, 
(e5CKq.) CKq:: KLq. F Lq.. crgo KLq tf 22. 6: 
=$5 FLo. ltaque fi BH (p). ponatur 8, erjt FH g 1.13. 
4; FL1. & ELq. 1, BL5. &BLqzs. KLqs. e 
qQuibus liquet BL, & KL efle ph 'D-. k ideoque h 9, 102 | 
BK efſe Apotomen; cujus congruens KL,cum ye- Kk 74+ 10. 
oBLq — KLq= 20, þ erit BL Ty} BLq-- 19. 10- 
KLq. * unde BK erit apotome quarta, Qua» *4 def 35. 
nam jgitur ABq m 


f9.13), 
8g 10.13, 


Siin circulo ABCD 
rationaiem habente dia- 
metrum AG, pentagonum 
E. equilaterunmm ABCDE 
deſcribatur 3 pentagont 
latus AB irrationalis & 
1 lined, qlle vocatur mitor. 
© Ducdiametrum BEH, 

retaſque AC, AH; & -- © 
* fac FL— ;5 radii FH, * 10.6, 


—HBxBK, n crit AB minor, 19- 
m cor.s.6, 


« > > Bk 


| | { y 
PROP, XII, | | off 

; | Ci 
$i in circulo ABEC tri. [iq 


| | angulum aquilaterum ABC pens 
deſcribatur, trianzuli lam Ji06ic 

AB potentia triplum eſt eju (6 

( BG pen gs qua ex D centro - 

ex —Y, circuli ducitur. x09 

5 JRE/ C Protrata diametro al a6ja 

 E,duc BE. Quoniam ary iN 
2 c0r. 10, by BE 4-—EC, arcus BE ſexta rec 
13. eſt pars circumferentiz. b ergo BE=DE. bin Y1H- 
b c0r.15.4, AEq c = 4 DEq(4 BEq) d— ABq— BEq(+ ter f 
c4.2, ADq.)eproinde ABq=zADq. QE.D, . 3D 
day.1. :: Goroll. | AC 
e 3.4x.1, yg. AEq. ABq :: 4. 3. | ler 
f cor.8.6. «*& ABq._AFq:: 4.3, f Nam ABq., AFq:: ol 
& 21.6, AEq, ABq. | Gu 
g c0r.15,4. 3- DF=FE. Nam triang, EBD g zquila: | eb 
þ coy, 3,3. terum eſt ; þ & BE ad ED perpendicularis,þ ergo Jt 
EF—FD, an 

4, Hinc AF=DE+DF= 3 DF, Wi 

i 

Q 


PROP, XIIL 


Pyramidem EGFI conflituere, & dats ſphars 
complei; & demonfirare quod ſphare _— 


Ss ia ; ; Be os +. Ha wo ath8 


Ou. Ap # F* q 
ua 4 0 


$4B potentia fit ſeſquialters laters EF ipfius pyra- 
| of oa ; tad 
Circa AB deſcribe ſemicirculum AD B. 
tri. Jiſequie AC=2 CB. ex punRo'C erige per- 410. 6. 
\ BC fpengicularem CD; & junge AD, DB. Tum 
lam fifio HE—=CD deſcribe circulum HEFG; 
ju [ek bioſcribe wriapgulum zquilaterum EF G, Þ c0r.15.4, 
mrs fault G6 enige LH — C A reftum plano EFG, © 12-11, 
joduc 1H ad K , dita ur IK—AB, reQaſque d 3.1. 
wange I E,LF,IG, eric EFGI pyramisexperita. 
Nam quia anguli ACD, IHE, IHF, IHG _ .... 
treRti ſant;8&& CD;HE,HF, HG epares, e atque © ©9#ftr- 
IH=AC ; ferunt AD, IE, IF, 1G zquales in- 


323 


ft 47.1, 


 Jitrſe, QuiaveroAC (2 CB.) CBg :: ACq. g 20. 6, 
,  ICDq. erit ACq—2 CDq. itaque ADq f— FRA 
JACq—+ CDgq b—=$3 CDq=3 HEqk — EFq. 2, AX. 
lago A D, EF, LE, IF, IG pares ſunt, adeo-\}* *** "3+ 
vepyramis EFGL ett zquilatera, Quod fi pun- 11. 4%,1. 
tes C ſuper H collocetur, & A C ſuper HI,. 
la? Jietz AB,IK mi congruent, utpote zquales qua- D 
'g0 | reſemicirculus ADB axi AB vel IK circumdy- 
Qvs # tranfibit per punQa, E, F, G, * .adeoque 3 5.def.11 
yramis EFGL ſphzrz inſcripra erit. Q, E, F, *35-4e]-r 
lquer vero effe BAq.ADqot: BA.AC þ :: 3.2, 2597 $.6. 
Q E, D. P conſt F. 


8, 4x.1. 


Corollaria. 
1, ABq. HEq::9, 2. Nam fi ABq ponatur 

|9,erit ADq (EFq) 6. q proinde HEqeritz, 9q 12413, 
| | 2.5] L centrum fuerit, erit AB. LC ::6. x. 
Nam fi AB ponatur 6,erit AL,z: r ideoque AC r confir, 
4; quare LC erit 1. Hinc 

3. AB. HI ::6. 4::3. 2. unde 

4, ABQq. HIq " Je 4 ; 

/ 


Xx: PROP, 


224 :EUCLIDTS Floutren ww 


PROP. XIV. 


Ofaedrum KBE. 


H \< GDL conſiituere : b. 

\. d| p 
\ & data '(phars | 
comple, qua & | 

B pyramidem; @ de- | B 
monſlrare , quid }| 


ſphere diameter. 
A H potentia ft 
dupla laterk AC 
| ; '  ipfuus Oflaedri, 
Circa AH deſcribe ſemicirculum ACH, ex 
. centro Berige perpendicularem BC, duc AC, 
a46,1, HC. Super ED=AC afac quadfatum EFGD, I % 
Or gk cujus diametri DE, EG ſecapites in centro Lex {7 4 
b 12,11, IduciL —'AB brecam plano EFGD. produc | fa 
C31. IL,c donec IK —IL. Connexis KE, KF, KG, | D 
| KD, EE, LF, LG, LD 3 erit KEFGDL oQtae- } cc 
drum quzſitum. | | in 
. NamAB,BH,FI,IE, &c. zqualium quadras } n 
dai, forum ſemidiametri zquales ſunt inter ſe.d qua- $ I 

* re triaygulorum re&angulorum LIE, LIFE, FIB, 

&c. bates LF, LE, FE,&c, zquantur. profnde } d 
ofottiangulia LEE, LFG, LGD, LDE, KEF, F n 
e 27,def,11 K FG, KGD, KDE zquilarera ſunt, eatq JI 
' _ etaedrum cenftituunt, quod ſphere cujus cen- {| 1 


|] trum I,radiusIL, vel AB, inſcribi poteſt, (quo- ; 
Wo f conflr, iam AB, IL, IF, IK, &c. f xquales ſuot.) | 
WW  e47.1. Q. E. FE. porro liquet AHq(LKq)g—=2ACq} . 
(2 LDq)-Q.E.D. k 
Corollaria; T7? 
1, Hinc manifcſtum eſt, in Ofaedro tres dia- 
metros EG, FD, LK fe mytuo ad angulos regs 
ſecare in centro {phxrze. 
2. [tem, tria plana EFGD, LEKG, LEKD 
efle quadrata, ſe mutuo ad angulos reQos (e- 


calitia, n 
3, Oc; Wa 


"Ivor IT If: - 385 


2, O&aedrum dividitur in duas pyramides MN 
ſmiles & zquales EFGDL, & BEGDK,quarum 
baſis communis eſt-quadratum EFGD. ; 
* 4. Denique, baſes oQaedri oppoſitz, inter ſe Ly, II, ? 
parallelz ſunt, a, 77 - 
| P-R-O-P;- XV, +. P4 


1 Cubum E F- 

GHIKLM con. 

flituere , \, @ 

| ſphere \ comple- 

I K (11,qu« £7 prio- 

* res figurss ; & 

a F dJdemonjtrare. , 
L u0d [phare di- 


A ; 
D, I ametey AB potentia ft triplu unerl B ippus gub!. 
ex $/*. Super ABdeſcribe ſemicirculym ACB; & 4 
uc 8 fac AB — 3 DA, ex Derige perpendicularem a 10, 6) 
7, | DC,& junge BC ac AC. Tum ſuper EF=AC b 
e- | conſtrue quadratum EFGH, cujus plano reQz b 46. I. 
infiftant EL,FK, HM,GL ipft &F pares,quas con= © 

i< | neRereRisIK,KL,LM,LM, Solidum EFGHIK- 
2- | LMcubus eR, ut ſatis conſtat ex conftructione, 
B, In quadratis oppoſitis EF KI, HGLM duc 
le } diametros EK, FI, HL,MG, per quas dufa pla- 
', | na EKLH, FIMG ſeinterſecent in re&a NO. 
e {  Hzcdiametros cubiEL,FM,GL, HK c biſecabit 
- 5 ihP, centro cubi. d ergo P centrum erit ſphazra C cor. 394 
J- er punCta cubl angularia rranſeuntiss Porro LI. | 
) 4 BLIqe =EKq—+KIqe=—3KLq, fvelzdis.def.r. 
1] ACq. atqui ABq, ACqg ::BA.DAf:: 3.1, & 14. def. ||| 

ergo AB=EL, ' Quare cubum fecimus, &c, I1. | 


Q.E. F. e 47. I. 

- 1]: Coroll, i conſtr. 

s -T, Hinc, 6mnes diametri cubi inter ſe zqua-YCor. 8.6. || 
les funr, ſeſeque mutuo in centro ſphere biſe- WF 4. 5, || 


; cant.Eademque ratione re&z quz quadratorum 

oppoſitorum centra conjungunr, biſecantur in fF - 

, | £odemcentro, ” 5 | 
"om X 3 2, Dl: 


XRS T conſtituere, & ſphara 
compleFi,qua £5 antedidt gs fi- 


gia; & demonſt ar;, quod p 


icoſaedrilatys FG irrasiondlhs 
eft linea, qua vocatur mi=- 
nor. 

. Super A B diametrum 
ſphzrz deſcribe ſemicir- 
culumn ADB; & afac AB 
= $5 BC, ex C erige 


. normajſem CD, & duc 
AD ac BD. Ad inter= | 
vaiium .EF—BD deſcrj- | 


be circum EFKNG; 


Icoſaedrum ZGHIEEYV- Bp 


| 


4 


| 


cul , | 


"708. ER . -* 
- 


1 & hcui inſcribe pentagonum equilaterumFKIHG. | 
 TRiſeca arcus FG, GH, &c, ac connedie reQas 
J&L, LG, &c, latera nempe decagoni. Tunc 6 e- 


Jiige EQ, LR, MS, NT,OV,PX ip6 EF zqua-, 
\ Jes, reRaſque planoFKNG.& conneRte RSST,. 
ITV,VX, XR; irem FX, FR, GR, GS, HS, 
HT,IT, IV, KV, KX. - Denique produQa EQ, 
ſume QY—EL , & EZ—EL); re&aſque duci 
concipe ZG,ZH, Zl,ZK, ZE zac YV,YX,YR, 
8 15,YT. Dicofatum, | | 
Nam ob EQ, LR, MS, NT, OV, PX 4z- d conflr. 
quales e & parallelas, etiam quz illasjungunt, es, 11, 
EL, QR, EM, QS, EN, QT, EO, QV, EP, 
QX f pares & parallelz ſunt. ſtem ideo LM f;3,1. 
(vel EG, ) RS, MN, ST, 8&c,. zquales ſunt in- 
ter ſe. gergo planum per EL, EM, &c, plano g 15. 11, 
per ,. QS$, &c, zquidiſtans, þ & circulus h 1,def. 3. 
QXRSTV e centro Q, circulo EPLMNO &- 
qualis eſt; atque RST'VX eſt pentagenum xqui- 
laterum. Duci vero intelleRis EF, EG, EH, 
&. ac QX, QR, QS;8c. quia FRqk —=FLq k 47-1. 
+ LRq, Lvel FRq m—FGq, n erunt FR, FG, | conſtr. 
adeoque omnes RS, FG,FR,RG,GS,GH, 8c, MP 19.13. 
zquales inter ſe, Proinde 10 triangula REX, 1 ſch.48.1. 
REG, RGS, &c. 2quilatera ſunt & zqualia. & 4x. 
| Rurſus ob ang. XQY orefum, erit XYqp— 9 c07.14.11 
QXq+ QYqq= VXquelFGq. quare XY, P 47. 2. 
VX biſque fimiliter YV, YT, Ys, YR,ZG,ZH, 41913. 
&c.quantur:Ergo alia decem trigona conltitu- 
ta ſunt zquilatera, & Zqualia, tam fhbi mutuo, 
quam decem priorivus; ac proinde faQtum elit 
[coſaedrum. | 
Porro, biſeta EQin @, ducreQasaF, aX, | 
«V ; & propter QX r—QV, & commune latus r 15.def.t, || 
@Q,anguloſque EQX, EQV reQos; ſerit aX= 4, 1, 
eV. fimilique argumento omnes, 2X, aR, «S, 
«TI, aV, aF, aG, aH, al, aK zquantur. 


X BY Quo- 


FREIE ws "Ry 7 ECON NE OO TE ER ES a reg 41937 FP Ge 4 SD a of 6 { 
” 2 * 
2 , 


. icofaedri angularia tranſibir, 


- 


t9.13, Quoniamautem ZQ. QEz:: QE. ZE, ei” 
u3.13, Zaqu=5 Baqxz—=EQq (EFq) Eaqr=abe, |. 
K he 2, ergo Za, — aF. pari pato aF = Ya. ergo (| 
y 47.1, ſphzra,eujus centrum a,radiusgF,per 12 oo q 


2.15.5, Denique,z.quia Ze.aE :: ZY.QE; 4ideoque| 
a22,6, Zaq.aEq::.ZYq QEq. beritZYq=5 QF, |. 
bi4,5. vels BDq: atqui ABq. BDqc:: AB, BC ::5, | 


; ccor, 8.6, 1.dergo ZY—AB, Q.E,F. | 
di. dx. 1. Itaquefi AB ponatur þ, eerit FE=y ABx 


#12, 13, Icolacdris latus, feſt minor. Q, E. D. 
Corol,, 


1, Ex diQtis infertur, ſphzrz diametrum efle 
potentia quintuplum ſemidiametri circuli quin: 
que latera icoſaedri ambientis. 

. 2, Item manifeſtum eſt, ſphzrz diametrum 
efle compoſitam ex latere hexagoni, hoc et, ex 
ſemidiametro, & duobus lateribus decagonicir- 
culi ambientis quinque Jatera icoſacdri, : 
- 3. Conſtar denique latera icoſaedri oppoſua, 
Aa 32.1; qualiaſuntRX, HI, effe parallela, Nam RX 
ſch.z6.3, parall, LP, b parall, HI, 0 


e (ch.12,10 BC. etiamp; proinde FG pentagoni, idemqut ||} 


——_—! 


, % 


PROP. XVII. 


++ 0 

: p 0. SOS. | 
= , WA | +. 
Pig RX LACK | 
ws ""&y PR J. | 
Br I DDDJ il 
que X AH | if | 
un N | 

| 

fT\ 
fle F T Pe £02 FE 
Ne | 
m | 
ex | 
ARS + STR 7 


| 1] Dodecaedrum conflituere, & ſphara compledti, 
, | qu & proediftus figuras;& demonſtrare, quod do- 
* | decaedrilazus RS irrationalk cf} linea, que vocatur 
spazome, rage. 
Sit AB cubus datz ſphzrz inſcriptus, cujus _ 
latera omnla biſeeentur in punRis E, H, F, G, © 
| K, L, &c. reazque adjungantur KL, MH, 
HG, EF. 4Fac HI. IQ::1Q, QH; & ſume a z0{ 6; 
NO, NP paresipfi[Q. Erige OR, PS reftas 
plano DB, & QT plano AC. fintque OR, PS, 
QT ipfis IQ, NO, NP zquales. Connexis DR, 
R$, SC, CT, DT, erit DRSCT pentagonum 
Dodecaedri expetiti.Nam duc NV parall. OR, 


{ul 


FIRUmM! 
j | 
| 

4 ' 


— 


I" We 7 : + 4h TON E 
EC 2 0 "W- . 
- bY p "a x 
: 


eq.2, D=4 ORqe—=OPq, vel RSq. ergoDR—RsS|- 

_ argumento on RS, SC, CT, TPpa-|; 

f conffr. 9, res ſunt. . Quia vers OR f—@g & parall, Þs || 

ry. g erunt TH P,&h Kite RS.DC eti. |. 

am parallelz z þ ergo hz cum ſuis conjungenti. lg 

bus DR, CS, VH in uno ſunt plano. quinetiam fart ; 

quia HL.IQk::1Q { TQ, ) QH k :: HN.Þ 

NV; &tam TQ, HN, quam QH,NV krez 

eidem plano, } adeoque & parallel exiſtunt, Jai 

m324, - merit T H V reQa linea. # ergo Trapezium | 

n1.& 4,11 DRSC, 8 triang. DTS in uno ſunt plano per h&: 

+, reftas DC, TV extenſo, ergo DTCSR etl 

\, pentagonum,& quidem zquilaterum, ex antedi- 

05.13. Qis. Porro, o quia PK. KN::KN. NP;'&Þ 
P 47. I: DSqp— DPq+PSq (PNQ) —þp DKq + PKq 

q I, ax. 2, +NPq, qerit D$q—DKq + 3 KNq= 4 DKkq } 

&4.13- (4DHq) r =DCq, ergo DS=DC ; unde tri- 
r4.2, gona DRS, DCT fibi murtuo zquilatera ſunt, 
\8.1, ſergoang. DRS—=DTC ; & codem pad ang, 
*-7.13: CSR—DTC. ergo* pentagonum DT CSR 
etiam zquiangurm eſt. Ad hc, quia AX,DX, 
tis.13. CX, &c. ſunt cubiſemidiametri, s erit XN= 
u 1, 4x. 1, [H,ve] KN,u adeoque XV=KDP. unde ob angu- 
x29,1, lumxretum RVX, xq erit RXq=XVq+RVq 
z 479.1, (NPq) —= KPq + NPq#s =; KNqb= 
24,13. AXq, vel DXq, &c. ergoRX, AX, DX, &ea- 
b 15.13; dem ratione XS, XT, AX zquales ſunt inter ſe. 
:  Erfteadem methoda, qua conftrutum eſt pey- 

tagonum DTCSR, fabricentur 12 fimilia pet- a 

| tagona tangentia duodecim cubi latera, ea Do- | * 

decaedrum conſtituent; ac per corum pun&aan- || ?* 

ularia tranfiens ſphzra, cujus radius AX, vel || © 

X, Dadecacedrum compleRerur, Q, E. F. L 
c conflro Denique, quia KN. NO c ::NO. OK, 4 

d 15.5. erit KL. OP :: OP. OK + PL. Traque fi | 

e15.13! ſphzrz diameter AB ponatur p, eritKLe=4 | 

'£ (ch.12,10 ABq f etiam jp. g unde OP,vet RS latus dode- 

86.13; 3 cacdrf apotomeerit, QUE, D. 


Coroll, | 


Þa- 4 Coroll. 
PS, , 


eti. 1. Hincyfi Jatus cubi ſecetur extrema ac me- 


nti. dravione,ma jus ſegmentum erit latus dodeca- 
iam Kiriin eadem ſphzradeſcripti. 

[N. |. 2, Sireazlinez ſez extrema ac media ra- 
tz þ ne, minus ſegmentum fit latus dodecaedr1, 

wal PREgments erit Jatus cubi ejuſdem ſpbzrz. 
um 


iquet etiam latus cubhi zquale efle linez 
per = endenti angulum pentagoni dodecae= 
eſt Headem ſphzra prebonk, - 


di- | / - 
L f PROP, XVIII. ns ds 
th | Fe! Latera quing) fi- 


t gurarum  exponere, 
o. | | @ inter ſe comps- 
R : rare, 
( | | Sir AB djame- 
C | | ter ſphzrz, ac 
1 uf =x ly gray a 10, 1: 
VI YL | : bio,6, 
A .W AB, & ADb—t 
*f AB. Erige perpen- 
| 'Þ. \[diculares CE, DF, 
i "20 8 BG—AB. junge 
SAF, AE, BE, BF, 
k & Dd I Bcs, ex Hdemitte 
| perpendicularem HI, & ſumpta CK=EI, ex K 
| | erige perpendicularem KL, & conne&e AL. 
Denique c fac AF, AO : : AO. OF. c 30.6. 
| Iraquez.24:: AB. BD e: : ABq. BEq, latus d conftr. 
Terraedri,& 2.1::4 AB, AC :; ABq. BEq, fla- e cor. 8.6. 
tus Octaegri. f14. 13. 


TO" F.A5 2) wit 


Hexaedri. h conſtr. 
Porro,quia AF. A Ob:: AO, OF, kerit kcor. 17. 
AO 13, 


Item 3,1d:: AB, ADe:: ABq. AFq, g latus g 15. 13, 


F. 


b: t16,13, eflep Th, & AL, AO efle p*T ; atqueBlifhe 1 


nz EOCLIDIS Elemenorm | 
- 14.6. AO latus Dodecaedri. denique BG (2 BC. 


m24.5, BCt:: HIIC. mergo HI—=2-CIn —KI. erg 
nconftr. HIqo—=4q Clq;proinde CHq==p 5 Cl. gergh 
04, 22 ABq=5 Klq.r iraque KI, yet Hl,eft radius cirfÞpr are 


- /p 47.1: culicircumſcribentis /penragonum icpſaedri; afhn (oli 
> qi5.5. AK,velIB,y eſt latus decagoni.cidem circulo injjnat; 


7 c0r.16,13 cripthvate AL ſerit latus pentagonizt idemqueſicuum 
ſ10,1z3, Icoſacdrilatus, Ex quibus liquer BF, BE, Atquirr 


CBE; & BE AF; ac AFCAO. Quiaihatq 
ut.6. veroz AFq= ABq u=95KLq, ac AFxAQkk; h 
x4,4x,1, © AFx OF, x ideaque AFx AO -+ AF x OFflnatu 


ya. 2, F2AFxOF, y hoc eſt AFqr- x 2 AQq, 4 e-Y,onic 


 z19,6, tz AFq(5sKLq) cos AOq. proinde KLY; ,, 
-Vy FAO, & fortius, ALTAO. h 


fel-3 


| Jam vero ut hzc latera numetis exprimamus, Yp;oi! 
fi AB penatur ,/ 60, erit ex jam diCtis ad calcy. poſſi 
lum exaQtis, BF =/ 49.& BE—=,/ 30.& AF 
—=+x/ 20, item AL—=y/: 39—,/ 180 (nam 


AK —y/15 4/3. & KL (HI) =/y12,) 
P73 AO =: 394/500 (y/ 25 = 
4 $) \-55. 


dos : baby he: I ae et ts WL bs tr itn: A , n . 
> S/ 4 |, "ON Sas. his 
” jo # 
7 4 
ov : Rn 
. 


rd | Pe TY 
CirÞPrater jam diitgs figures nallam dari poſſe figus 
3 On (olidam regularem (nempe qua figurh plants 

linats & aqualibus contineatur) admodum per- 
J1Sicuum eff. Nam ad anguliTolidi conſtitutionem 
AtFquiruntur ad minimum tres anguli planiz 4 hj- 2 21-1 
BiYne omnes ſimul 4 re&is minores efle debent. 


K 3 hexagonici, figillatim 4 reQos exxquant z 3% Tt. 
Fwatuor vero pentagonici,z heptagonici, z ofa= 


AC 
Q 


L Co 


rel. 3 pentagonÞ, cfficj poteſt  angulus folidus, 
us, Froinde, przter quinque predia,nulla exiſtere - 
Þ poſſunt corpora regularia, | 
Mm | 
) 


Ex P. Herigonio. 


Proportiones ſphare,@ 5 figurarum regularium 
eidem inſcriptarum. 


| Sit diameter ſphary 2, Erunt 


Peripheria circulimajoris, 6 | 28318, 
Corn 

Superficies circuli majors, 3 | 14159. 
ow -- ———y 


Superficies ſphzr#, 12 | $6637. 
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Soliditas ſphzrz, 4 | 13859. 
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Latus tetraedrj, 1 | 62299. 
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WY atqui 6 anguli trigoni 2quilateri,q quadratici, by1d.(chot: 


-Fonici,&c.q retos excedugr.ergo folummodo ex 
KL 3, 4, vel 5 rriangulis.zquilareris, ex 3 quadratis, | 
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Superkicies tetraedri, 4 | 6188, 
$2 Sd 
Soliditas tetraedri, o |] 15132. Frie 
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_ Latushexacdri, 1 | 1547. 
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Superficies hexaedrj, 8. 
Soliditas hexaedri, 1 | 5396. 


Cs 
Latrus oRtaedri, 1 [ 41427. 


| 1 IO NET 


Superficies oQaedri, 6 E 9282, 
Soliditas oQacdri, 1 | 33333. [ 
Corterememnrnes 
Latus dodecaedri, © F 71364. 


Co poornennt 


Superficies dodecaedri, 16 | $1462, 
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Soliditas dodecacdri, 2 158 5I6., 


ane mmm 


Latus Icoſacdri, 1 | 99146: 


Carp nt 


Superficies lcoſaedri, 9 | $7454 - 
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Soliditas Icoſacdri, 2 [ 53615. 
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Fe complicentur. 
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PROP. I, 


AY circuli cujuſ- 
WJZ pion ABC in 
Sara pentagont ej. 
ym— = dem circul 
zwſcript latus BC ducitur 7 q 
perpendicular DF, dimidia Y”. 
eft utriuſquelinee ſimul, 4 = "o 
£ . laterk bexagoni DE, & l- YO 
A — trk decagoni EC cidem cir- 
calo ABC inſcripti . Wes 
Sume FG—FE, & duc CG, « BſtqueCE 
—CG. ergo ang. CGE b — CEGb—ECD, BT 
ergoang,. ECG c— EDC d—jq ADCe= 
z CED (ECD. ) proinde avg, G CD = 
ECG=EDC. g quare DG=GC ( CE. ) tr- 
o DE=CE (DG) +EF=DE+CE; 
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PRO P. II. 


A G B C S$1ibinarcialinee AB 
—r——nne ene DE extreme 4c media re- 
D H E E tioveſecentur (AB. AG®. 
imnagmnnd nn.  AG.0O5. CO DL PRC 25 
DH. HE; )ip[e ſmiliter (ecabuntur,in caſdem ſci } c 
licet proportiones, (AG. GB :: DH. HE.) | 

Accipe BC — BG & EF —EHN. Eſtque ( 
AB x BG 4— AGq. quare ACq b — 4 ABG 


'CI, 4x. 1. +A Gqc=5 AGq, Similiter erit. D Fq= 


d 22,5, & 5 DHq. d ergo AC. AG:: DF, DH. compo- 
| nendv igizur AC-+A G, AG: DE+DWT 


22.6, 


Dil, - 


J?; &# "4 we y # 4 AMO: 


F hoc eſt 2 AB. AGF + DE, DH. e d hho e 23, - x 
b.AB, AG: DE. DH, 'ande f dividendq f wh £ 
þ, GB :: : DH. HE, Q E.D 
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FROP, 74 
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mcirculu ABD pamfackentie 6 "JECT a of. 2 
megonum ABCDE; &' Icoſacdr; rrjengy- = 


C i LLMN, eidem ſphere  inſcripporum. 4 "4g | 
{.."0 D diametrum AG, retaſque AC, CG; e 19, 133. 
que IK diamerer (phzrz, 4 & [Kq= 5 'OPq. f 2.8 3 -4x} 


arque OP, OQ:: : OQ. QP, Quia ACq; 8. 13 
+GCGq ce — AGq 4d = 4FGq; &ABqe—h, 13. % 

rg f erit ACq+ABq= 5 FGq.j; ; | 
| , :quia CA. ABg: : AB, CA-AB; 4C WR a 
P. OQ:: ; OQ, QÞP.: h ideoque CA, OP-:: | . . 
, OQ. k crit 3. ACq (lIKq.) 5 OPq 115.13. 

rin, 4 3 ABq.;s: OQg: ergo 3 ABquzzs m confty. . 


q. Verum ob ME nlatus pemagoiii circu- 


b igſcripri,- cyjus radius .OP, erunt 15 __ oy 4 mos 
=5 MLq p= 5 OPg + 5 OQq=3 030 1s, 


KCq q +:3 ABq gq = 15 FGq. x ergo R 


hn :ſ proinde ire ABD = =Ccirc, LM 4 2." pla 


CE, D. * Prius. 
| r.1.4X. I, 
'r & (ch.48.5 
by PROP, Fkt. 5 


Si ex F centro circuli pentagonum dodecacielÞ- 
ABCDE circumſcribenth ducatur-perpenditulniliihd 
EG ad pcntagoni unum latas CD z erit.quod {ub 
difo latere CD,& perpendiculari FG compreha-Wim 
ditur reflangulumtrigeſies ſumprum, icoſaedri ſw} c 
perficiet aquate, item, © 5: WW 

"81 ex centro L cieculirebangulum icofazdr} HIKE EG 
circumſcribems, perpendicularis LM ductiin WREC 
trianguli unum latus HK 4 crit quod ſub difo Lat FAT 
re HK, & perpendiculari LM comprebendiu = 
refangulum trigeſies ſumptum, icoſaedri ſuperficid 1A) 

; Rquate. | "228 # 

= FA,FB,FC,FD, FE. _ 4 Erunt triangula Fi 

CFD, DFE, EFA; AFB, BFC zqualia. at-Þ* 
qui CD x FG b — z1riang, CED. ergo 30 CDF 

x GF 6—=60 CFD d=—12 pentag. ABCDEe=Þ- 
ſuperf. dodecaedri. Q, E. D. [42 

Duc LI, LH, Lx, eftque HKxLMf=: 
triang. LHK. ergo 30 HKx LM g — 60 HIKJ- 
= 30 HIK þ — ſuperfic. icuſacdri, Q, E. D. 

Corokl, 


CDxFG. HKxLM k :: ſuperfic, dodecaed.ad 
wee leofaegrt, © 759 


PROPY. 


PROP Y. 


X exdaatie; diteck. 
| edri ad ſuper fictem ico- 
ſaedriim eadem ſphe- 
| 14 deſcripsi eandem 
proportionem habet , 
| guum H lathe Cubi ad 
PA AD latus icſacdri. 
H Circulus 4B CD 
4 circumſcribat tam 3 3+ 14! 
TY7] pentagonun!, quand icofaedri trian- 
plum ; quorum latera BD, AD;ad qua demit® 
ſantur ex E centro perpendiculares EF, EGC. 
*| conieftatur CD. b 4 
| Quoniam EC+CD, EC b::EC. CD. etieÞ 96.13). 
8G { «4 EC-+2 CD. ) EF (dS EC)e:: BF. 54 I4, 
—_ (+ ED, ) arqui H, BD f:: BD. H... 4 cor. 12, 
ig ergo H. BD:: EG.'EF. proinde H x BF 73 


| [= x EG. quum'i igitur H.ADb::HxBF. BE 5s 
WEAD x EF, crit H, AD:: BDx EG. AD x EE £607-17-13 
© | ſuperfic, dodecaedi ad ſuperfic, icofacdri, g 2.14, 
h 1, 62 
& E. D. oy 
+ % | 
C0r.4,14, 
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a cor. 17. 
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£4.13, 
dis.5., 


e2, 14. 


f22,6 


| Aa3.14; 


baz.n, 


e5,X6.12, 


biBG ad latw icoſtedr? BK eidem (phere cum ac) 


Circulo,cujus ſemidiameter AB,infcribanu Ki” 


&Eqc—3 ACq.ergo Brq, Eqd :t ABq.AC | 
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PROP. VI - 


ſecetur extrema a6 mſ- 
did ratione ; eritunÞ 
ho fas BF porens id, qulih 
| 22014 AB, @idqui 
a maj ori ſcemento ACK 
ad refam FE, potentenlis / 
1 1d quod 2 tota AB, w6 
ET id quod 2 minort ſul 
- mentoBC;italatwen 


dodecaedri pentagonum BEGHI, & icoſacti Þ;- 


- triangulum BKL. « quare BG latus cubi etit &. {*- 


dem ſpherzinſcripti. jgitur BKqb —=3 ABgi 


e:; BGq. BFq. permutandofgitur BGq, Bxq:: 
BEq. Eq. f ande BG. BK ':: BF, E, QUE, D, | 


PROP. VIL 


Dodecaedrum eff ad Tcoſaedrum, ut cubi latm dl 
latus Icoſaedri,in uns eademque ſphers inſcripti. 
Quoniam 4 idem circulus comprehendit& }- 
dodecaedri pentagonum & icolaecdri triangulum, | 
berunt perpendiculares a centro ſpherz ad pla- | 
na pentagoni & trianguli duQz inter ſe xqus- 
les. iraque fi dodecaedrum & icoſaedrum intel } 
Jigantur efle diviſa in pyramides, duRis res 
a centro ipharz ad omnes aogulos, emnium. |. 
pyramidum ajtirudines erunt inter ſe #quales. 
Cum igitur pyramides xque altz c fint ut baſes, 
& ſuperticies dodecaedri fit equalis 13 penta- 
gvais, ſuperficics vero icoſaedri 20 triangulis z 
| cer 
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E Jes 
1 Jecaedrum 2d Icoſae 1cdrum,;.ut a fuperfc Go 

does xd ſup erficiem! icoſacs Iri,d hoc eſt,ut d 5.14 
$i ad laws icoſacdrl. 4 


PROP. vil: 


Fi 1dem circulu 
BCDE compre- 


Ka » — 6 Blq; itemque yi 
=5 "3M er; BIKE. eergo © circulus 
.Q ED. | 
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c4.13. 


bo in(cripti. 


a cor. 17. 
biz. 13. 
d15.5. 


£2, 14. 
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_ 13.14, 


b 47. 1. 


e5,X6.12, 
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PROP. VII: - $900 

, EF . Fieca® 


Si rea tines AY pep! 
ſecetur extrema 4c ml 
did ratione ; eritun} 

Gs BF portens id, qui 
T _ wr & id Tl f ; | 

majori (egmento ACK * 

4d ed E, pot ley " / 


Ro—yPUl gud 31044 uh 
NEEDE' 4 7 id quod 2 minori (ea 
—*- - mentoBC;itelamart- 
biBG ad latua icoſeedri BK eidem (phare cum as 


%. _ * 
*; LES 


Circulo,cujus ſemidiameter AB, ofcribanne "by 


| dodecaedri pentagonum*BEGHI, & icoſacdi F | 
. triangulum BKL. « quare BG latus cubi etit & 


dem ſpherzinſcripti. igitur BKq b = 3 ABq 


&Eqc—3 ACq. ergo Bcq, Eqd :t ABq.ACq | 


e:;BGq. BFq. permutandofgitut BGq, Bkq;; F 
BFq. Eq. funde BG, BK':: BF, E, QB. D, | 
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Dodecaedrum eft ad Tcoſaedrum, ut cubi latm ad 
latus Icoſaedri,in uns eademque (pherd inſcripti. 
. Quoniam & idem circulus comprehendit & 
dodecaedri pentagonum & icoſacdri triangulum, | 
b.erunt perpendiculares a centro ſpherz ad pla 
na pentagoni & trianguli duQz inrer ſe xqus 
les. iraque fi dodecaedrum & icoſaedrum intel- 
Jiganrur efle diviſa in pyramides, duCtis regis 
a centro iphzrz ad omnes angulos, emniun. 
pyramidum ajtirudines erunt inter ſe: zquales. 
Cum igitur pyramides xque altz  fint ut baſes, 
& ſuperticies dodecaedri fit zxqualis 13 penta- 
gvais, ſuperficies vero icoſacdri 20 triangulis 3 
| crit 
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"Kdodecaedrum ad icoſaedrum, ut ſuperficies 


| Beecaedri ad ſuperficiem icoſacgri,d hoc eft,ut ds. 16> - 


F p cybi ad latus icoſaedri. 
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PROP. VIII 


Fr Idem circulu 
BCDE compre- 
bendit & cubi 
quadrati BENE 
BHe& ofacdri Irt- 
#zulum FGH, 
A eJuſ, dem ſphare. | 
me: A diameter ſphzrz. Quoniam Aq e=3 2 15. 13: 
"icq b — 6 Blq; itemque Aq 6©— 2 GEq b 47. 1. 


ne B15 Kay erit BIKE, ergo circulus CBED © 14-13. 


"10 ol by d 12.13. 
: Ms SGFH, Q Es D, (7 2, def. L, 
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ESR N das cubo ABGHDCEER pyromi- | 
' £93791 BIS) dem AGEC deſoribere. ', . |} | 
ve Ab afngulo C duc diametros 'NI 
Oz CA,CG, CE; Eaſque connete || _ 
| <7 djamerris AG,GE,EA. Hz om-- | © 
' 247.1 NeSinter ſe & zquales ſunt,utpote zqualium qua- I fu 
er dratorum diametri.ergo triangula CAG,CGE, | 
CEA,EAG zquilatera ſunt, ac zqualia : proin- | þ' 
de AGEC eft pyramis, quz cubi angulis inſiftit, 
| bz1.def.11 eique jdcirco b inſcribitur. Q. E.F. 


PROYP.:I 


In data pyremide ABDC 
oftaedrum EGKIFH deſcri« | 
bere. uo} 

4 Biſeca latera pyrami-' 
dis inpunQis E,T, F, K,G, 
H ; quz connecte 12 reQais | , 
: EF,FG,GE,&c.Hez omnes 
b4.r. F D Z zquales ſunt inter ſe. - 

| proinde 8 triangula EHI, IT HK, 8&c. zquilatera 
© 27.def.11 ſunt & xqualia,adeoq; conſtituunt c oRaedrum 
| d31.def.11 4 indata pyramidedefcriptum. Q.E. 3 » h 1 
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NPQSOR defcripere. - 


ſunt Jnter ſe, ideoque'B Tt 
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In dato cub CH 


GBDR B A " eftaedru®” 


— Conne&e quadratorum'*centra N;P, Q,S, + g, 4; 
OR, res NB, *Q,QS;&c: q * #qualia a 4.1, 

| a efticlunt 2qui- 
latera & zqualia. proinde btnfcriptum eſt cubo þ 31,8 2% 
bORacdrum NPQSOR. Q.E.F. def. 11. 


PROQP. L'V, 


_  Tndato oflaedro ABC-= 
E _'p8Þ cubum inſcribere. 
NO * . Latera pyramidis BAs 
73 BCD,cujus bafisquadras 
wm ABCD, bifecentur 
| reak&LM,MN,NO,OL; 
- quz & zquales ſunt &Þþ,,,_ 
_' paralle]z lateribus.qua- 1, 5: - 
drati ABCD.c ergo qua- « ig.def.t? 
| c drilateum LMNO eſt. 
quadratum, 
Bodem modo,ft later 
AB... quadrati LM N Obiſe+ 
Sp + ae centur 
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ceiturinpundis G, Hf & Þ & conn. 
G H,HK,Kl,1G,cit GH anadrants nm ly 
fi eadem artefn'reliquis 5 rar yonnt] "on 
centra triangulorum reftis conjungantur,defcrj= | bi 
bentur quadrata figilia__& Zqualia quadrato {cor 
GHK[. quare ſex hijuſmadiquadraca cubum I{cr 
confticucar, quiquidgarintraoRacdrum deſert.” fl 

 U3H 01? prusetfe, 4. cum-ata_cjus/2nguli tzogant ods [pe 
So | oQaedri baſes in'ea um centris. (RF. 5 fin 


K, 
"i 
.* 6, 2 
+= a 
Dy) 
Wa » 
4 
« 


a” we 
v 


: # . Wo 2 $. 
ao F'*% , " # %. + 
. - R « ad &f S- 7 
p - 3 '4 Þ =# of pf XF 


In dato Icoſeedro Dodecdedruminſcribere? 

Sit ABC-DE'F. pyramis Icolaedri , cujus 
| baſis pentagonum, ABCDE, centra-autem trkz 
| *$3.4 angulowum.G, H,1, x,L. quz conneQan= 
- **. 1 WtreQisGH, HI;[K,KL,LG.  Erit GHIKL 

.pentagonum dodecaedri infcribendi. x; 
: | Nam re&z FM, EN, FO, FP, FQ, per cen- 
© © e0r. 3, 3,513 triangulorum tranſeuntes, & biſecant baſes, 
” b4.'1; | ?ergoretz MN, NO, OP, PQ, QM zquales |. 
$5: ſunt inter ſe, ' quinetiam FM, EN, FO, EP, FQ | 
c4.1, fparesſunt, dergoanguli MEN, NEO, OFP, | 
" d8$.1, ' PFQ, QFM zxzquantur, pentagonum igi- 
eg, fur GHIKL zquiangulum eft; cproinde& 
f;23 I; Xquilaterum, cum FG, FH, FL, FK, FL f pares 
t- ** fine. Quod i cademanc in reliquis undecim 
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ue-{yyramidibus icoſaedri, centra triangulorum re- 
od Iiſtis lineis conneRantur, deſcribentur pentagona 
ir {iequalia & fimilia pertdgono GHLKL, quame 
i= {ebrem 12 hujuſmcdi 'pentagona dodecaedrum | 
to {conſtituent z quod quidem in icoſaedro erit de- = 
{criptuw, cum viginri anguli dodecaedriin cen- | 
tris viginti bafium. icoſaedri confiſtant., Qua- 
-propter in dato jicoſaedro dodecacdrum deſctip» 
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1 Ina cum Emendationibus qui- 
buſdam & Additionibus 
ad ELEMENTA 


EUCLIDIS 


Ia, 15. BARR W, Cantabrigienſis, - | 
hþ Coll. Trin, Soc. ——- =_ 


LONDINI, 
Excudebat 7, Redmayne, 1678, 


- Ornatifſimo viro 
* Þ, JACOBO STOCK, 
Amicoftto & patrono ſingulari. | 
| CHIC! | 4 
SEG prblica, nec ti nomints Ince | I" 
WR 4:gnum cenſeo hunc paucorum 
URS ficrum partum puſillum. & 
RH prematurum.. Dui. quidem 
quod ſe mundo, quodque Tibi, ſpeftandum ; 
ob: ulerit, duplici nomine arrogantie ſþe- ; 
ciem incarrit. Sed utrinque parata 7 4A T4 
cafatio qualiſcunque. Nan amico obtem:- 
peratum oportuit jubenti mitterem hunc 
libellum Enclidas(que copnatione proxi- | 1 
ma attingit )Element1is ſubjungendum. Is ; 
eum quicquid eſt in publicum agt peccats ; 
p 
7 
[4 


aut meriti protinus rejicio, fat cujus au- 
thor fuit ,rationemredditurum.Tnteautem 
deliltum quod maxime aggravat iden po- 
tenter extenuat,Tibi tantum debere. Nam 
cum 11s,qui Dis ipſis ſacrificia, ac modica 
magnis Regibus donaria offerre non dubi- 
tarnntſatins eſſe credo,etiam proimmeiſis 
beneficits paruym, quam nihil rependere. 
Safficiat 1gitur regeſſiſſe, me Tibs multi 
magniſque nominibus obſtrittum fore ; vi- 
Ces, quas poturro maximas, referre debere; 
ultra vota & grates nihil poſſe ; illa privae 
tin, has publice perſolutas precellere ; "ol 

. . #4 


bi agendis,quam 
J cxpor;occaſronem nondum comparere; pre- 
| fare hanc chlatam prehendere, quamvis 


u "I l "0 - ah; S . \XF oi ; & (a 
F : 6 1 < Va wu 2 WS; 
T7 AE - HS -f 2/326 q TT; 
= * 
9 - 


» 
#7" 


jamdig ſhe & ftiadio aur 


exilem, quam clapſam nequicquam peni- 
tent ia prof: equs. Eſto 91tnr has oblatio pie 
gnus quoddam & praludinum future an- 
plioris, in qua meritorum inme Tuorum 


hiſtoria #berior ac diſtinftior commemo- 


randa occnrret. Que ſimpliciter agnoſcere, 
non auit fuſe d:{cribere, aut dirne predica= 
re, Preſentss eſt inſtituti, Ac reverajam 

eu (um txcy dixoyri « Wu, neceſſitate 


 potiuscoattus,quam inauttus confilio Nam 


#ne vela vents turgentia alio ayocant ; ac 
wereor ue nec prne currenti calamo exe- 
quentem,que hec ad te perferet,amica ma- 


' nus,;mportuna patientia preſtoletur. Quid 


ſupereſt 7 itur,nif ut te domi ſtudizs ac re- 
bus honeſtis animum intendentem ſalatars 


preſentia tutctur, eum exorem venerandi 


ac eppurs nominss ; quem tante beneficen- 
tie benignum remancratorem jugibus votts 
exopto ; idemque me extemploſuper Tyr- 
rhenos, Jomos, e/Egeoſque fluttus longin- 
quan profettionem ſuſceptury, comitetar. 
Obreſtor autem,ne tennis op:lle/patrocinis 
refpuas,” quod ultro impertire dignatus es 
Tibi devinRiſſiomo 
& oblequentifimo,?? 
: ; * Lf 0 


Es 


EUCLEIDIS Data; 


Definitiones. ok 


Fo Ata maguitudine dicunur ſpatia; | q*1 
SA 1 linez, anguli, qaibus @qualia | 
J I) poſlumus inventre. | 
| ſt I Ratio datidicitur,cui pof. A. 
REPS ſumus candem invenire. "5 
III. ReQilinez figurz fpecie dari dicuntur, I , 
quarum & finguli anguli dati ſunt,& laterum ra- al 
tiones ad invicem datz ſunt. | be 
. Hinc, datz funt ſpecie figurz, quibus fimiles Q 
fnvenirl pcflunt. Ds 
ED -. IV. Pofitione dari dicuntur puaQa, lincz, 
ougulave, quz eundem firum ſemper obtinent, | * 
- Circuſus magnitudine dari dicitur, cujus Þ *- 
ea quz ex centto datur magnitudine. | 
VI. Pofitione & magaitudine dari dicitur 
circulus, cujus datur centrum politione, &ea | * 


_quz ex centro magnitudine. | C 

VII. Circuli ſegmenta magnitudine dari } 
dicuntur, in quibus dati funt magnitudine angu- 

Ii & ſegmentorum baſes, | þ 


VILL, Pofitione & magnitudine daridicun- f a 
tur circuli ſegmenta, in quibus anguli magnitwu- 
dine dati ſung, & ſegmentorum baſes poſitione 
& magnitudine. 

IX, Magnitudo magnitudine major eſt data; 
quando ablata data, reliquaeidem zqualis eſt, | 

X. Magnitudo magnitudine minor eſt dat; }. 
quando adjunRa data, tota eidem zqualis eft, 

| __ UrfiAdara fir, erit A+BrB data. At 
RIA-+B data. 

X [. Magnitudo magnitudine major eft data | 

quam in ratione, —_ ablata data,reliqua ad 


egadem habet rayjonem daram. _—_ 
| 2 - X LI, 4 | 


1 1 


> 42 


Ys ak; odd . A oe ; MS be on os a. 
4 « . X —_ Y = Ny O ; 
s & I 7 X D , 4 

#4. ; | 

| 
- : Wit 

$110 

0 

} 


x1. Magnitudo nxqicade £5 PRE eſt da- 
ta quam in zatione, quando adjunQa data tota 
ad eandem _—_—— baber datam. . 


Ur fi A data fit, & = detur, erit A+BTC, 
*79Þg in r, fin AB detur, erft BI Cdatt 


al © "PROD. I: 

© | A  B, Datarum magnitudinum A B, 
ia | b.. adinvicem datur ratic; 

= 0 | Nam quia A*datur,@invent- *byp. 


'F ri poteſt aliqua a—A., Ecdem | jure ſume b—B. a 1. def. Ih 
' | veſtque a, b:: A B. c quare ratio 0 ef, bſch.7. 5; || 


2 Q. E. D. | "_* C 2, def. 
PROP. II, | 
_— 4 Si data magnitudo A ad aliam 
__ b, aliquam B habeat ratjonem datam, 

| datur etiam bac alia magnitudine. 


© | | \Namob A#datam, sfome a=A ; acob 2, byp, 
a 145 t a=A.cergo b— B, 4 quare B datur, aL. 7.4 at 
QED, © 3 ba.def.& | 
 .. PROP; IL © 9, be 
A, B Fi quotlibet date magnitudines 
a d. A, B componantu#, etjam ea A+B 
3 0 que ex by dogg data crit. 
Nam 4cape a=A, &b=B; b _ a+b ., def, 
4 ==A-+B. 4 quare A+B "oc Q. E.D. V8" 
5 PROP. IV. . 
A; B, S$Si2daamagtitudine A auferd- 
a, b, tur data magnitudo B, etiam reli- 
qua A—B dabitur, 
«Sint enimaz= A, & b==B, erga A-P= al. def.d. 
a —bÞ. 4 prainge A—PB datur, Q. E. D. b J,4X,1, 


PROP, 


* my wp k [4 % 3.4 36E% ay J* A Ra "_ 
” 4 P 4 + C. "Hy F” | i . 4 v. L 
n £ fo *..oagk c-z y « 


by » R OP. -V. | 
A? - .. B. | "Stpharwtinds X dE in | 
C: D. quam partem: B- babeat \rationens © 
data, . ctiam ad religuiin A—B ' 
bebebit rarionens datem. 
a by. Nam, quia 2 adata eſt, bfitA,B: :C.D, FT. 
| bz, def. di cergo A. A—B::C. C—D, bproinde A. es 
| £208, 9. 5; datur, Q, E.D. AB ew. 
3 PROD, \'5 - IN 
A.  B. . Sicomponantur dug niagnitudi= } 
C. D. nes A B,habentes ad invicem ratia. i 
'_ _nemdatam, ctiam queexbi com-, 
ponituy magnitudo A+B, "babebit ad ut amgue A ; 
3 & Brationem datam. | 
2.defed Nam #2 fit A..B::C. D, þ ergo A+B. i 
"bi8.5. B:i*C- D. D.c quare A+B datur, Similiter .&. 
| c2.def.d. B+A datur, Q. E. D. "__ | = IF 
P R OP. VAIL = | 
&..::; . B.. 0d magnitude A-+B du 
© -yatione ſecetur, utrumque ſegmen: G 
: royum A, @ Bdatumeſt. 
| *byp. © Namob—- S *datam,e erit 5 data.b ergo 


. * 6, 44, A datur, Fodend modo. B datur. 'Q. E. D. 


PROP: VIII, 


A. C. B. QueA, Badilem C rationem 3 

D. E.  F. babent datum habebund ad i zwvicem WW 

|  rvationemdatam. 

$1, def. d. Nam « fit A.C::D.E, « & C.B::E,F, 

quare ex zquali A.B:: DF. & ergo A datur, | 

Q. E.D, 'B | 
(oroll. 


Raticuese ex datis ratiogibus compoſi tz, dz 
Finr, Ur = fit ex = ,& - datis, 


PROP 


PROP. IX.- 


B, C. Sidua,plureſue magnitudines 
E. F. A,B,C ad invicem habeant ra- 
— tiofnem ddtam, habeant auten 
Be magnitudines A,B,C ad alias quaſdam D,E,F 
Iitiones datas,ctf; non eaſdem ; illa alie magnitu- 
Yes, D, E, F cam adinvicem babent ratjones 
Nam ratlo 2 4fit ex bdatls 3 2 = .cer- a20,def.5) 


3 | A3IB 
mA 7 > datur,Eadem de cauſa datur - -E.D, b byp.. 
E _—_ + 4 + | dat, 


BT \ 

'\. B, C. Fi magnitudo magnitudine major 
_  fucrit data,queminratione ; & þ- 
© {ul utraque ills eadem major crit data quam in r4- 
+ Fine. &in autem fimul utraq;magnitudo eadem mae 

: Fnitudine major fuerit data,quam in ratione;@ ree 
' Pqueillacadem major crit data quam in ratione 3 

\ $8 reliqua data eff cum cofienee,ty'g uam babes 
- {ters magnitudo rationem datam. 

Þ 1. Sint A, &B datz. 4crit B+C data, bergo a 6.444, 


| E. C b 11.def.d. 
k+B-+C tC datag.inres QED | 
2, Sint A, & B+C datz; & ergo Bdatur, C175, 


| C © 
froinde A+B Cdataq.inr. Q.E. D. | 
3, Sint A+B, & C date, 4 Liquet B dari. ds. das, 
_.DAD2A nn. 2- 


PROP. XI. 


A, B. C, Fi miagnitudo magnitudine major 

fs dara quam in ratione, eadem f- 

nul utr4que major crit dara quam in ratione; Et fe 

Jtadem fomul utraque major fit data quam in ratio- 

w,cadem reliqua magnitudine major erit data quan 

8 ratjone, | | 
| FA IA 
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B 

26 dat. 1. A, & 4dantur, 4 ergo - datur,proinde | N 
, bi .def.d. C B+C | 

j.d., 6 

c5.dat, ® A+BTB-+C dataq.inr. Q. E.D. oþ = 


- A ,& "ie dantur.s ergo - catur. projuge »* 
b A+BcCdataq.inr. Q,E, D. 


AS A&EP ALI. 
A, B, C. $1 ſuerint tres magnitudines | 
A,B, C, & prima cum ſecunds | 
(A+B) data fit, ſecunds quoque cum tertic } 
(B-+C) datafit; aut prima A tertjie C aqualy $f 
eff, aut altera altcra major dats, 8 |: 
2 4.4x,1, Namfi A+B, & BC paresfint, bliquet 
 b4.dat, A & Czquariz fin iſtz impares fuerint, bliquet F: 
exceſſum A—C, vel C—A dari, Q,E.D. | 
PRAUP..AILI .— _— 
D, AB, C. Si fuerint tres magnitudines 
. D,A+B, C, & cars frog S 
D 4d ſecundam A—+B habeat Ngþ 


rationem digg ; ſecuntlz autem A+B rertiaG}. 

major fit dats quam in ratione, prima quoque DI «© 
major erit tertia C data quam in ratione. br, 
a-2. def. d. Sint A, & - ac K... 
big. 5. C A+B 
c2.44. D:;A Eb::B. D—B. ergo c E 1&2 
d2 def. d, ws: I ata. ? D-bj* 


CS. dal. g(ob >> gataw, e ou dantur.f quare D(E+: B. 


datz ; 4 firque A+B. 


f11.def.d, C D—E 
D--E) -- Cdataq.inr. Q.E, D. 
PROP. XIV. | 
Ars C. + Siduemagnitudines A & C Ii 
B. D. ad invicem habeant rationem da- I'& 


E, 1am, utrique autem illarum Ty | 
ciatur data magnitudo B @ V; |, 

1012 A—+B, C-+D, aut habent rationem data, | 
aut altera A + B alters C-+D major crit. d484 Þ| in 
| quam in 74110xe, 5 q 


ide | 


ade | 


 EUCLIDIS Data. 


365 
Nam {i A, C:: dk A-+B, C-+Daiz.s 
A b G 
6 2. dataw, c liquet (5) dari. > eee d) 
ra A.C3:E. D. at: A+E, C+D,d 2. def. d, 
| . £2, dat. 
Tgo@, CD, ac eB, fideoque BE dantur, ( ,* 114 


| Ergo, e 


m 


"I; 


4 in r. Q.E.D, 


toroinde A—+B. A+ RK: +I). CGE: def.d. 


| | [I inr. QED 
PROP. x 
Rn. $1 awe magnitudities A & C 
D. babeant ad invicem rationem da- 


E. tam, & ab utraque barum aufe- 
tur data magnitudo B&D ; re- 
" Cique magnitudines A—-B,' C-D ad invicem 17% 
ſhunt ant rationem datam,aut alters A—B, alters 
C-D ©Maſor erit data quam inratione. 


FETs fiA.Ci:B Da::A-B, Git, +419, 5, 
[2 = datam, cliquet we dari. 
"Saltem'd fit A, C::E, D&:: AE, C-D,d 2, - 24 
| at 
= , &EcE, ac f ideo E-B dantur, fa dat. 


z proinde A —B (AE: +E—-B) CD82: def.d. 
data q.inr. Q.E.D. 


| PROP. XVI. 
Ss £6 Sidug magnitudines B, C has 
A, D. beant rationem datam, & ab una 
>. Þ, quidem ilarum C auferatur dara 
magnitudo D,alteri autem B ad- 
; ficiatur date magnitudo A ; t0r4 A+B refidus 


—90y major erit data quam in ration, | 
WR C.Ba::D.E b:: C-D. B-E. er- a 2; * d) 


C— 


| 'go c PLE Ps d E, ace i1deo E+A dantur, f pro- Al 2. If 4. 


Inde 1 4 (h-+ A +B-E) CD data £3. OS; 


Z 2 PR © P, f 11,defd: 


— AD —— ——— _ 


— - —_ 
_ —— 
————_———— - = _ pn —_ _ — — — 
- — — — — = CY _ _ — — — _—— 
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PROP. XVIL, 


A.+B D+E.  Sifuerint tres magnitudi: |. 
Ge nes A+B, C, D+E; @ IE. 
prima quidem A+B ſetun-.Þþ: 
04 C major fit data quam in ratione, tertia quoqgue i 
D-+E eadem ſecunds C major fit data quamin 
ratione; prima A+B ad tertiam D+E aus ratio« |, 
nem habebit datam,aut alters alters major crit d6; |,” 
14 quam in ratione, Md 
a byp. Nam ob A, D, & 3. 4datas, berlt y, 


bs. 44, gan. ergo per 14. bujus. 
PROP, XVIII: 


A+C. B. G. $1 fuerint tres magiti- 
B+D. F. 'H. tudines, atque ex bk und 
utraque reliquarum major 
fit data quam in ratione;, relique due cut dam} c 
rationem babebunt ad invicem, aut alters alters }| 
major erit data quam in ratione. | 
Date fint A, B, = "= gAC fir A+C—B-D, 


a 2.def. d. Sirque C., Ca::A.Gb:: C+A,B+G. itemque b— 
b1iz,5, D,Fa::B, Hb::D+B. F +HN. c ergoſj 
c 2, def. d, C+A 4d hoc eſt B+D, c & B+D, ac cidcirco 


d7.5, E+G, E+G, EH 
e895. E+G quin 6 G ac H f dantur. ergo per 154 | 
f 2 dat, EH; (hujus, 


PROP. XIX. 


AB; -B. Si fuerint tres magnitudines, @ || 
C-+D. F. prime quidem magnitudo ſecunds | 
magnitudine major fit data quam | . 
jn ratione, fit quoque ſecunda major tertia dats | 
quam in ratione; prima magnitudo tertia magniti- 
dine major erit data quam in ratione. Y 
Sint A, C, & C+D, D datz dico A+b | er 
.b5 E 


ZE dataq.inr. 


Nan Þ. 


Ku iF o WW # 


- Þ-C& dF, aceideoF+A, & 6 D f ideoque blg.5. 
& 15 dantur; g proinde A+B (F+A ;+B—F) : y = - 
aw FE qinr. WE. V, gIl.def.d. 
=y PROP. XX. 
8 © BD. $i date fuerint dua magnitu- 
*W D, dines A,C;& auferantur ab ipfis 
, magnitudines B, D babentes ad 


by h yicem rationem datam;refidua magnitudines A— 

p,C—-D aut habebunt ad invicem rationem datam, 

tut alters A—B alters C—D major erit dats 

uem in ratione. | 

I Namfi A.C::B.D 4:: A-B, C-D, bli- 2795: 
= Jquct A—B dari, | b 2. def. &, 
4 : CD 

- Saltem fit D,B b::C.E 4:: CD, E—B. - 
 Jergob £N & c E,acd propterea A—E,b itemque x 4. F =j 


D, 1&-D datz ſunt, e ergo AB (AE: +Eexdef.d. 


ue E-B 
zo {+-B) © CD data q,inr. Q. E.D. 
- PROP. XXL, 


F J C;: BE Si date fuerint due magnitudi- 
s 15% D. nes A,C;& adjiciantur ifis alie 
magnitudines B, D babentes ad 
invicen rationem datam,tote A+B,C+D aut ba- 
p | bebunt ad invicem rationem datam,aut alters A+B 
1s | dlters C+D major erit data quam in ratione. 
mf Nam i B.D:: AC at; A+B,C+D,bli. a 12,5, 
1 | quet A+E dari, 
He CD _ 
 SaltemfitB.Db::E.C4:: B+E. D+C. 
b{ ergoc B, dideoque A—E, 8&6 B+E dantur, « 2, que, 


£3 ergo 


"M Nam fit C-+D. Ba::C. Fb ::D, BF, er. 32. def. d 


b 2,.def. d. 


ell 


102 IO 


81 Fo 


a eerga A+B wo E t2 AD) = + -D a | F 


{ erit 2 ;,dita, Quare ex & d xr TEN 


o ” 4 Fs : 4 - LO ” 


taint. QED. d 

: PR O P, XXII, of "ro 
A. ce: $i dux mdgnitudines A, Balalion | 
B, :  aliquans magnitudinem C habeant rae” 


tionem datam, & ſimul utraqus Au B 
ad eandem C habedis ratzonem datam. 


Nam ob 2. - A darax, berit = — data. cquarg 
A-+B bideoque A+B dataeſt, Q, E D. 


ws NEE: T4 | | 4 
PROP. XXL. A 
| "Im 
E _ da 
C-— —_f———T 


$i totum AB ad totum CD habear rationem d4- 
1am, habeent autem & partes AB, EB ad partes 
CE, ED rationes datas (etſ; non caſdem ; )babe- |} 
bunt omnia ad omnia rationes datas. 

Nam fit AE. CF4:: AG, CDb:: GE. ED. I. 
a ergo — - datur. que (ob — c datam > erit 


1 ae eldeo "a ergo quum « _ & 


AB 
£2, 4 eoque £ =>, ac proinde e — , dentur, 


AE) B89 © CF2 
dantur, 'Q. E.D. 
PROP, XXIV. 


A—— Sire rctlin, x,,C, 
B——— —— proportionales fuerint , rims 
Compnachmmnm- dutem A ad tcrtiam C habeat 
rationem datos; & 4d (eeundam B hadchit ratia: 
nem data. A 

Nam 


; & 4 oF UY LS x EF w* þ L » & . 


4 


a c0r,20.6, 


4 | i Nam A. C 4:: Aq. Bq. bergo lata eſt, b 2.4ef.d.. 
— [proinde \ 6datur, Q.E.D «Hh 5 
> A 
La PROP, AXY, 
A | --D $1 dug reTs lineg, 
aj. AB, CD peoſitione 
T ED date ſe mutuo ſecu- 
erint, puntum E, in 
| quo ſe invicem ſecant; 
pofetione datum eſt, MESRES 


4 Nam hz linez alibi quam in E,neutrius ſitu a 4 def.d. 
mutuo, ſeſe interſecare nequeunt; | ; 
Schol, 
a Idem patet de quibuſcunque lineis poſitione 
datis, ſeque in unico punR interſecantibus: ut 
de circuli arcu, & reQa, &c; 


PROP. XXVI. 


ir | $7 rela linea AB ex- 
| tremitates A, B, pofatione 
= date fint, rea AB poſetio- 
; ne & magnitudine data ef. 
A } Poſitione quidem,a quia, , 40x, 


inter eoſdem terminos u- 
nica rea duci poteſt : & | 


magnitudine, b quia fi centro A per B ducatur þ x, def,d; 
| | clrculus, hujus omnes radii ipli AB zquantur, 
B56: - BROP, XXVIL 
; TR PRvag, $7 vete linex 
7 %C AB poſfitione & 
£E 1%, magnitudine da- 
* x * te, data fuerit u- 
; . -. 3 #4 extremits A; 
| Br hat Wh nes Po alters extre- 
a * mitasÞ dais erit, 


Z 4 Nam 


T.T.J my 


" al.defd, Nam ficentroA ons AC 8= -AB Bbdugs: 
b 3.poft. tur circulus,qui data reac occurrat in B,d «| 3 
c 2, poſt. extremitas B data, 
d oor. 25, Schol. | 
Vides partes pun&i B Gaals efle? 
PROP. XXVIII. 


 m——_— — — S1 per 
B ; 29; mn 6 
| tre daram þo 
D 2 E xione reflam BC 4 


aeatuy reffa lh. 
nes DE, ata reffa DE poſttione dara eff. © 
bg. df d. "Nam 4 dic altergm per A ad BC fore paralles {4 
bz, lam, Hzcidcirco ad DE b parallela erit. c Quod Ha 


© 34 lef I. repugnat. ak 
Notes, Vocabulum contra in hoc libro paral- an 
Jeliſmum fignificare. | 
PROP, XXIX, _. 
FE - .- ad poſitione de: xe 


"=, tumque in ea punffum 


A 


s fo” C, agetur refta lines - 
; 24 vg D. que faciat angue 
ARE > lum DCB datum, 4- 
| aa rea CD portions 


4114 erit. 
a 4.def.d. 4 Nam quzvls alla CE angulum b efficiet | 
ds, &x,L, majorem, vel minorem dato BUD. 
Schol, i 
Determinari 


_— 
| debert fitus an- 
D 0” "7 m_ guli dati tam 


"LP e , : reſ| eau rpen; 
; 5 Ps Gietarls* C Fa | 
Bs quam ipſius A B, 


ur cernis in aps 
pofita figura. - 


PROP, | 


& a "yg. # AL He 


PROP. XXX; 


Si 2 dato 

SADLEED punto Ainda- 
| " | tam poſirione 
% | | 6. . reftam B C 4 - 

& "RY 4 | CNY | refta li- 


o&; I'm BS. DD on4AD, que 
7 B _ Re IISTILN C fictar en um 
the \ | | _ ADCaamm, 

"| dfta lines A D poſitions data eft, | : 
Ja {;, Namper Aduc AE adBC parallelam. 47 28. dat? 
Hzc pofitione datur. Item ang. DAE par dato b 1.def.d, 
alerno ADC bdatus eft. e ergoreQa AD poſi. © 79 4, 
11: | rione data eſt, Q, E.D. 


Schol. D 


Hinc praxim diſcimus 3 dato pun&o ducend! 
retam,quz cum data pofitione reQa datum an- 
gulum efficit 


PROP, XXX). 


N ATR 
| \ / - 7 | 


_ | : 
gÞ> 


| $12 dato pnn40 A. in datam poſitione reffam 
BC date magnitudine refts AD ducatur, poſrrione 


uoque data erit; | "14 
F N am pun&a D,perquz tranſit circulus cen--2 1 def.d, 


tro A,e ſpatio AD deſcriptus,b dara ſunt.c ergo b ſcb. 25.4] | 
AD poſitione data eft, QB. D, c26,d, _ | 


R O Þ« 


© ON Lemma -. =-k 


+ UULIDFd. . Dara, 
4 Ul 


PROP 'XXXIL 


PEE . Þ : 


- —— \ 
oh £1 y "Y , 
- 
. 
» .* 
. 
. .* 
A , 
- » 
© . 
-. 
Pt 

[FE WE] PY ed _ "—_ OY 


' Stindatas pofitione parallelgs refFas AB, CD $7 

egatur refia lines AC, gue faciat angulos deio; (444 
7 7 ACD,. as refta A-C magnitudine day [4% 
Nat ad E ( quodyls punftuw tn'AB ) fac ['5® 
a1.def.d, ag- BEF — 4 BAC. liquet re&as EF,AChbpa. J* E 
b 29.1, | rallelas, & 6 pares fore, 4 qQuUare AC data eſt, 
c34.1, QED... _ 


g 2.def.d, OB Pg T2 | 
PROP. XXXIIL, 


Siin datas pofutione parallelas velus AB, cD. 
agatur magnitudine data reftg A C, jaciet angules 
BAC, ACD datos... . - Yo 
Namexquoyis punto Ein A B, ſpatio EF | >, 
o I,def.d, 84—= AC defcribe circulum occurrentem redz | 7. 
b341, CDinF. bLiquerEF, & A C parallelas eſſc l; 
E 29.1, polls. cergo, ” ” 


Vide fig.2, 


*%; + _- "7 » hy 4 = + / / " 


P R OP. XXXIV. 


| I * . E p OD. 
A. o. BA v NR 
 REIRAR: KS. | " = 


' $7 indatgs poſitione parallelas regs A B,CD 

{dato punto E agatur rela lines ECA, (ecabitur 

data ratione, 

| Namab E ducreQam EB utcunque paralle- _ - 
IIs occurrentem in D, & B, g liquer efſe EC.CA 2 2:64 


:; ED. DB, bquare —datur. Q. E.D. b 2.deſ.d. 


C 


PROP. XXXY, 


| « 
$i 2 dato punito E in datam poſutione reFam AB 
dgatur refs linea EA, ſeceturque data ratione; 4- 


gatur autem per punftum ſection C contra datam 


pofitione reftam AB refa linea C D ;, ata times 


| CD poſitione data eff. 


- ReRa enim E BduRa ab E utcunque in AB _ 
8 ſecotur fic ur BD.DB :; EC. CA; ob punQum 2 Io. 6. 


| Dgarum, berit CD poſitione data, QB, D.; b 28.44,, 


PROP, XXxXVI. 


$32 dato punto E in datam poſptione reitam 1t= 
neam AB agatur res linea EA, adjiciatur autem 
ipfi aliqua rea EC, que ad illam ( E A) habeat 
rationem datam, per extremitatem autem C adjeite 
linez E C agatur contra datam poſitione reflam AB 
ref linca CD ; ata linea CD poſutione date eff. 

Demonſtratio parum differt a przcedent!. 


PROP, 


wn 


- mn _—_ - & = = : ® ' # £ F : 
=, F <5 . _ 


PROP; XXXVII 


D Siindats fo tione 

Fmnmamaem nn ud H _—— ptrelelgs we iy B, 
F. s hs .K. F CD, agatur ref li- 
i” F —" 4 AC, & ſecetuy 


_—_— 


A G B 4utem.. per | (eftionh 

punfum E contra da- 

248 poſitione reffag AB, CD linea.refta EF ; offs 
" refis EF poſorione data eff. | 

oy ef. d Nam duc regam GH utcunque occurrentem 

D 25.448. parallelis. Hzc a ſeQa ſit in K ita ut GK, KH :: 


determinat, Q, FE, FE, 


PROP, - XXXVIII., 
ol 
$i in datas poſitione re- 


——1 adjiciatur autem ipfs qua- 


+ o/ ur D agatur refia lines AC; 
i : dam refla C E, quedd 


j— een; (Fam A E habeas ratios, 
A @C B: nem datam; per extremi- 
zatem eutem E adjefle C E agtiur contra datas po: 
fctione parallelas AB,CD ref linea EF; aFare: 
falince EF eff dats poſutione. 
Demonſtratio perſimilis eſt precedenti,Cer; 
ne & compara bguras, | 


& ſcb.2.6. Ag, EC. b Punqum K parallelz (EF) firum | 


} | * aa parallels AB, CD. 


a rations data; apatuy- | 


| Fa 
lh A B09 Wi 


EUCLIDIS Data, 
PROP, XXXIX. 


375 


Si trianguli ABC fingula latera AB, BC, AC 
-- "Wt data funt, triangulum ABC ſpecie das 
tum eft. 

Nam & fac t:iang. DEF iphi A BC zquilate. a 22, 12 
rum, Hoc eidem b zquiangulum erit.c ergo ABCÞ 5. 6. 
ſpecie datum eft. Q,E. D. e 3.4ef.d, 

PROP, XL. 

S$itrianguli A BC fnguli anguli, A,B, C mas 
2 dati fint, triangulum ABC ſpecie datum 
eſt. mY 

Nam ad quamvis DE & fac triang, DEF ipfia 33; 1; 
ABC CN R Hoc eidem fimile erir. b 4. 6. 

c proinde trigonum ABC ſpecie datum eſt, e 3,def.d 
GED. © hs e E 3.def.d, 
PROP. XII, 

Si nriangulum ABC 
unum dngulum A datum 
habeas ; circa datum 4u- 
tem dngulum A duo la- 
ters AB, AC ad invicem 
habeant rationem datam x 
rriangulum A B C ſpecie da- 
rum eff, 

Nam in uno Jatere dati 
B C anguli ſume quampiam 

AD; &efrAB. AC ::1, . def.d. 
AD. AB. &duc DE. b Liquet tigonuwm ADE 5 
iph ABC fimile fore, 6 Quare ABC ſpecle  ; def.d, 


Fl t, Q.E.D 
datum eft. Q. E. Ds PROP. 


A 


- 


"276  EUCLIDIS Data. 
PROP, XL. 


'$itrianguli ABC laters ad invicembabeant ya. | 
| tionem datam,triangulum ABC ſpecie datum eft, 
2126. Nam & fac A B. BC:: DE. EF, a4&BC.CAT _ 
bs.6. " EF.FD.b Liquet trigonum DEF trigono ABC || 
e 3.4ef.d. afſimilari, c quare ABC ſpecie datum eſt, | 
«a QED, 


Vide fig. 39. 
PROP, XLIII. 


C A ® D laB 


Si trienguli refanguli ACB circa unum dcuto; | - + 
rum anzulorum A laters AB, AC adinvicem ra, | 
zionem habeant datam , triangulum A CB ſpecie | 
datum eft. 

NameſtoD EF ſemicirculus utcunque; & | 
efacAB. AC::DE. DF. inventamqueDF | 
- badapta in ſemicirculo; & duc EF.c Liquet tri- 
arg. DFEipſi ACB aflimilari ; & d proinde | A 
- -1 plum ACB ſpecie darl, Q, E, D. 


; | TEE SY EE (EN, Ws : - 'e "i l : OY _ 
F Fr © : 7 | 1 } . "97h Þ . : 
4 , 


PROP, XLIV; 


Si triangulum ABC 
habeat unum anzulum A da- 
tum ; circa alium autem an- 
gulum ABC latera AB, 
B C ad invicem habeant ra- 
tionem datam ; triangulum 
ABC ſpecie datum eff. 
Nam in crure dati an- 
uliſume quamlibet A D, | 
& 4 fac AB. BC: AD, dd. 
DE, centro D ſpatioD E 
deſcribe circulum,qui ſecet 
alterum dati anguli Ja- 
tus in E, b Eritque triangs 
. ADE ipfi ABC fimile.s | 
E- C quare datur ſpecie triang. b 7.6, 
ABC. Q.E.D..  Czdef.d, 


PROP, XLV. 


vN $1 triangulum B A C 

\ unum angulum BAC das 
tum habeat ; circa datum 
autem angwium BAC Ia. 
zers ſimul utraque tan= 


© ag We C quam unum(BA + AC) 

| " | wy reliquumlatus (BC) 

| rationem habeant datam; triangulum BAC Fecie 
datum eff, | | 


| DatumpangulumB AC abiſecetreaa A D. a9. Ft; 
| bergoBA. AC: BD. DC. & componendo b 3. 6s 
BA+AC. AC::BC. DC. permutando igitur 
BA—+ AC. BC :: AC. DC, ergo ob BA+AC 


pn — a 


Be hn 
c hyp. 

5 dataw, d crit 2 datacitem avg, DAC fub- q 3,def ; 

| guplus 


| abyp. 


bs, dart. 
£49, dat. 


""Ailis ati? BACe = fe ergo ang. Cdatur? 
£ proinde trigonum ABC fpecie datum eft. 
Goroll. 
Hinc in triangulo, datis uno latere AB, uno 
ngulo BA C, & ratione aggregari Jaterum ad 
bat (R ad S: ) datbr rriangulum, Nam da. 
tum angulum ry & facR. S:: AB. BD. & 
centro BſpatioB D duc circulum occurrentem 
reQz biſecanti in D; & produc BDC, habes trl- 
argulum, 


$ O P. XLVI. 


$i triangulum B A C unum anguluni C datum 
habeat: circa altum autem angulum BAC laters þj- 
mul utreque tanquam unum (BA + AC) babeant 
ad reliquum (B C) rationem datam ; triangulum 
BAC (pecie datum eff. 

Nam biſe&o angulo BAC, erit (ut in prece- 
dent) A =. dara, item ang. Ca datus eſt, ergs 


ang. DA C, b proinde & duplus B A C datur; 
c quare triang. BAC ſpecie datur, Q, E. D. 


Deducetur ab hac corollarium famile precedenti, 


PROP, XLVII, 


= Dara ſpecie ref lines 

; ABCDE 7#n dats fpecie 
triangula BAE, CDE 
ÞD BCE dividuntur. 


BA 4 dar, b erit triang, 
+ AE BAE ſpecie da- 
| tum. Simwili diſcurſu tri- 
ang.CDE ſpecie datur,c quare ang. DCE datus 
eſt; Hunc deme ex dato BCD, d eſtque reliquus 
BCE dar bp $.Similiter ang .CBE datur.e ergo tri. 
avg. BCE etiam ſpecie Mera e&, Q.E.D 
| Sy PROP, 


Nam ob ang. B, & 


—= nw ” 
VI 


> TT nd 


4" = FF 1 Gu (3) 


gd wy & ”” a x3 
dF = * x HO P . 
FF B*X i * a . 
. : "Y "oth 8 £: #4 is *&:9 
PROP. XLVIIL 
, . 
<4 | : 7 ZY F. oi. 5 c 


\ Stab cadem refs AB 
deſcribantur trianguls 
Phat ADB data ſpecie, 
D þabebunt ad invicem r141l- 
nem datans. | 
= \Duczenim. perperidi- 
culares CE,DF. Liquer' 


, g - 
© .. 
# , 
*%* 44 


ngulos crianguli reQangull CEB, 4 ptoinde & a 40, d. 


” dari.ergo. ( quum 2? b dara ft). 6-erit b byp. 


"fl 


: data, Simili diſcurſa datur = , Cquare =, c8.4, 


hoc eſt triang, ><" > Jatur, Q. E. D. "5 Cie 0s 
PROP. xLIx, | 
| K 224 Siabeatem refta line; AB 
duo refilines quelibet B A 
ABCD,AEB dais ſpecie de- 
B ſcribantur, bebebunt ad invi- 
ART 'cem rationem datam. 
| | Nam re&Qilineum ABCD 


'reſolvatur . in triangula, @ a 459. d: 
hzc ſpecie data ſunt.ergoob b 48.4, 
communem baſfim AC,bra» c 6, d. 
tio ADC ad ACB & e proinde totius ABCD ad d8, d, 
ACB &datur,b item ratio AEB ad ACB,d profit- 

de & ABGD ad AEB datur, Q,E. D, 


PROP. L, 


$i due refs 
linee AB CD 
A _ ad invicem ha- 


D Pans oe 
D 1am ; 

| Bo IA OO IB | { hnite, £ 
alizerque deſcripta reflilines x,, Y babebuns ad 
mvicem ratjonem datam. 


"9 Aa "OR Nita 


D 


& 4 - ol R —" ""—_ IN ——_— 
Cd - T hy e welt, ki." -F * Pr 
AA pl £ In 4 ef 
® - 4'»* x- £7 
» 4 &.. 
. 


F ern.s. 
bs. 4d. 


$ |  _—_— 


23,0 1 
def. 4. 
 bq4g.d, 


SE cC23,04, 


| St 2 data maznitudine refe || | 
| AB figura x ſpecic data deſcri- |} 
| X batur, deſcripts figurs x magni- || * 


' - wh 3 F/ Pp, & af .F b : C I e A | by : "S 


Nam fit AB, CD: : a CD. G. 41 ho 1 
G, eh: ct xad Y dar Qt G. dliquet Bad | 


V 


P R- 0 P, L i. 
lines AB;CD Dd 
a'4 oe nga!» ff 
| vieem ratio- | 7: * 
6 D nem datam;s | 
ab ills refitis N:- 
nes quacumgue f-. 
> 4 Y, ſci ts deſeribantur ; babebunt ad invi=- | 
cem rationem datam. "4 
Nam & fac Z ſimile iph Y, AcobbZ, c&Z}. 
| LM 
datas, d liquet x dart, Q, E. D 


PROP, LI. 


Þ, Tudine data eff. 
| Nam ABq 4datur fpecie, & } 
" magnitudine 3 & b ABq datur, & ergo x datur, 


X 


PROP. LLIIT. 


Sidug figure X, Y ſpecie | 4 
dare fuerint, & unum lan yer 
uN1us BC ad unumlanu alte- | 

C 7;us DE habuerit rationem d&- | h 
tam;relique quoque laters AB 


N hg —J- 2d hy EG habebunt ratio- þ 
AF 7 | Nam k | 


»xl 


Si dug figura X, Y' ſpecie date ad invicem h4- 
Itriatraionen dam, ctiom laters (NB, CD, 
r ) babebunt ad invicem rationem daram; © 
I:: Namad CDs fat: Ziph X fimilis.b Hzg ſpe- a < 6; 
a ce datur.c ergo Y datur.Proinde ob Ya Nei, b3.d 


yie | CST —— ' 
v- 1* e dat X. fergo AB datur.ergo per przcedente, 9 i "= 
” * Þ SONG 
ur PROP. LV. Way 
| Si ſpatium 
LN riley ie 


ll on Bi +6 D cie datum fu- 
erit p70 Laters (AB, &c.) magnitudine date erunt. Res 
Nam adquamvis CD #4 Sfxc Y fimileiphi X. 7 18, 6a 


3 b 1.dar. 
hoc ſpecie & magyirudine. datur, b ergo l a c 54.4dats 


dz dar, 


> 


0 Þ tur, 6 quare © Bb datur, .d: ergo AB data eſt, 
ir E, D. 


Aa s PROP; 


2 oth 
OG IT. cf 
. 
>- 
1 . 
x 

Lf: 

4 - 
£ & 

A. 

T 


PROP, LVL, 


< aa” ' , "Wo wk Eadie _- FG x 4 
& Rag: Ro 5 
F i + 
A 4 LJ = o 
. 


4 | ; $Þ duo -aquien: 7 ; 
D d / gult parallels rem 1] 
<TD): | ma AG, BF babue. ſ;] . 

E "A ©. "'Þ Tint all invicem 1e-|. 
WR” - tionem datam , eff 
| A DB - | ut” primi latus AB 
| ad ſecundi latue BE, EF... 
- *M F ita reliquum ſecunti {8 t: 
lit BG adeam B H, ad quam alterum primi ffoin 
latus BC-babet rationegt datam, quam baber para. hras 
lelograminum AC.ad paralielogrammum BE, |} 
21.6, © Namduc HK paralk; AB. Liquet efſe BC): 
b 14. 6, BH 4 *: AC. An b *2 AC, BE. * / E. D, 
& 7.5. ; 
1; P;R-Q P-; LYIL 
Q I &- Sidatum ſpattium AC | 
——— adm rei iA8: 
LEGDIEST 7 Re applticatum fucrit,' in}. 
47 GLEh "engulo BAD dato, - ; 
| _ — tur application altitudo 
U OO 7 i, 3 
21x17 4 Erige perpendicularem AE. eſtque AB.AE 
bus,” ' | Þ*: ABq. ABxAEc:: ABq.pgr. AC, dergo 
&25.1, / A E datur. quare per E duc parallelamD C, e {; 
di. & 4 hc abſcinder quzfiram AD. Q. E. F, 
dat. MITE» Fe . 
e28,0 25, _—_ P R O P. LVIIL >, 
dat, St detum ad datam relam applicetur, -deficiens | ©. 
dare fpecie' figurs, latitudines deſefius date (uſt, | A! 
 _ *«Nondifferta vigeſtma ofava ſextz. ' ' © | 

a . E!> : z- PRO P-'-LUX; 0 

S7 datum ad datam reftam applicetur, excedens | © 

tt 


dana ſpecie figura, latitudimes exceſſu da's ſunt. 


OP. 


Eadem ett cum vigeſima nona ſextz: ! 


= 
} 


i ſdttam ta ie ue- 
lelo, rammi 3, vel 
yy 


Nr $Jdatognombne. 
IT ony 


featur, vel miu 
L on —Pe; tirudines—*— 
— =. HD, EB, data ſunt... Lt 

_ PE Hp. Liquer.torum.. 
| ; ram 4 magnitudine, quam bſpecje. darl,. £83: d. 
me pinde &laticudines AB, AD; E quibus 2 Arr þ 24.6 rh 
i fitas AE;AH,e manent BB, HD date. vo D: 55.4 
2, Hyp. Liquer HE b ſpecie, & & magn. cdati, abyp.. 
quare & latera AE, AH ; hzc deme exddatis e 4. & 
| 1:3 AD; eremanent EB, HD datz. 8B E. >Þ.. 


PROP. LXI. 


5} ad dats ſpecie figu- 
re AB CD. unumlatus 
AB applicetur pargllels.. h 
grammum: ſpatium Ab: 
—IB in angulo BAE dato; ba- 


| if | WY 4 ' beat autem data figura 


AC- ad pardliclogram- 
i THE ra Ty um AS rationem da- 


tam; paratelogrammun 


I pecie_datum eff. _ 
E ſþ DAG protratam, duc (per ) 


lam, ol occurrant .ERH,.& DK phrall. 
[Acob 3 If & ang. BAN. adar, 4.10 


F 


a 3. def. 4. 


b 49. 4. 
AK es dari. b ergo "och & prone i= c8.d. 
Fang ' AE 4d 35.1 
:da- E 1.6, 
a. yel © BY e hoc eſt — &G dantur. e ergo &6 da- 


tur: Irem ob angulos E, & GAE f notos, g  da- 4 


c ergo — datur,b unde pgr, AF ſpecie | D 74s. 


TITS AE 
datur, Q.E, D, 


Aa 3 


> OY - & 


4 
-—_ — . —— 
_— ” - —_— 
_ = - — 
—_ — — — _— 
= ” M 


— 
3. def. d. 
PROP, 


2 <o, dat. 


b 8, dat. 
c byp. 


PR 0 v. Exy, 
| | $8 GY c 


Q Minato ha- 
| IM beant_ Sf 


dartam ; & 


uns quillem dats ſh ecie figurd X eſcripua fir, @ 
alter autem | parallelagrammum NY in 73 
gilo dato'; Lt chlo figura X ad patallets.'} 


anmun Y ratlonem datam ; paralietogranmiin 
ſpecie datum an "00 

Nam ad AB fit pgr. Z fimlleipfi Y, 4 Hujus | 
ratioad Y,& b 2 2d X daturic ejufque ab} 1? 
uti 4antur. d ergo Z ſpecie datur, e proinde & bh 


$74 dat. Y. QE.D. 


e3,deſ. d. 


A 4. dts. 
b 49. 48. 


CE.6. 


PROP. LK in 


$? rojemgulem ſpecie datum fit,quod ab unoqueg; 
Ltterim Aeſcribitur quadratum, ad triangulum h4- 
bebit rithonem datam. | 
Sequitur ex 49. hujus. 


PROP. LXAIV, 


$i triangulum ABC. nel 
lim obtuſum ABC datum” 
habeat ; ud ſpatjujn, Fw 
latus AC obtuſum 4 
fubtenilens mag L poxeft quam 
laters AB, © R obiuſum 
anzulum ABC ambientis, 
ad rlangulum ABC habebis 


FROGS 


rationegs datam. 

:Nam.demitiatur A D perpendiculv]y rodu- 
as CBD. atque ob angulos 4 ABD, &. D da» 
t6s, +* datur Bl D, choceſt BD xC B. d e1g0 


AD ADxCB' 


2 BD 


L SI4. » ALA . i _ % Y 4 $ An - bo 
»W p ; pac s  F- 
. 


þ1D) X x CB, hoceſt, r « ACq-AB4-CBq datur- e 12, 2, 
Friang, ABC ' f4l.L. 


PROP,” LXYV, 


| CB 

oy ang acutum Etlatum 
 bebeat 3, iNud ſpatium, quo 

latu AB angulum C ſub- 
"FS- zendens minus poteft, quam 
—D cer. AC, CB agulum 
acutum C ambientia, ' ba- 
bebis ad triangulum ACB rationem datam. 


 Namduc perpendicularem AD.Datur's =A a 49. d. 
bhoceſt CDxBOCO. c ergo 2 CD x BC, .hoc b1.6. 


" 
N= 


AD x BC CAD «BT c 8.4, 
_Ieft ACq+BCg—ABq datur. Q, E. D. d I3. I, 
; erniang. ACBT © "5 "ww I, 


PRO P. LXVI, 


Sitriangulum ACB babuerit angulum C Jetum; 
quod ſub reffy AC, CB datum anguium C com- 
prebendentibm, continetur refangulum, babebit ad 
| hw ACB rationem datam. 
Nam in figura przcedentis, eſt a 0 b hoc 3 40, d. 


eft, ACx.BE, c hoctſt AC BC data, dergo | b 1.6. 


_—— L, Io + 
AD4BE 2 triang. ACB. EG 18.9. 


'ACxBCdarur, Q,E. Þ. 


Snnwana dnl es 


triang, ACB. 


wv © = ww WO©H. oe 7: 


a $.1, 
b29,1, 
C6,.1T, 


- deor. 3.3. 


-» 2, 
f47.1. 


8 2.4x.1,- 


* 47-1, 
h 32.1, 
 k4o.d, 
] 1:6, 
m 2.6. 


- n3, def. d. 


O conſtr. 


Pp 66. d. 


- 948.4, 


$1 triangulum ABG. babteriz datum onda 


RBAG;illud ſpatium, quo duo datum angulum BAG hk 


comprehendentis latera tanquam ung refla BA 
AG, plus poſſunt, qua: 8 corn a reliquo latere 
BG: af triangulum ABG hbebit rationem datam, 

Produc BA ita ut AD=AG. per Bduc BF 
parall. AG; cui occurrat DGB. : denique duc 
normalem BC. 

Liquet ang.D +—AGD bt, c quare BE— 
BD, ideoque EC=—CD. ec ergo EG x GD + 
CGq— CDq. proinde BDqf ( CDq + en 

—EG x GD + CGq+BCq=EG x GD * + 
Gq., Jam ob angnlos AGD, & D bſubduplos 
dati BAG > liquer k AD, ideoq; -— wir Cum 


- DG DGq” 

igitur BA x AD. ADq#::BA, AD'm: "BG; 
GD:: !EGxGD.GDq,& permuragdo BAAD. 
EGxGD :: ADq, GDqz: Rerit BAXAD , 0 hoc 


| EGxGD: : 
git BAXAG data; p AtquiB BAxAG. datur 3,9 er- 
EGxGD triang. . AGB | 


g9 EG x GD datur, Q. E. D. 


Oran oo _———_ OO — 


triavg, AGB 


i% 
5 
Ci. 7 
Ew . 
tur 


v4 S118 '> oe ef, = Fj 


PR o P. LXVILL.- 


D C $i duo parallels- 
64460 x>@% . £rammg equianguls 

A | oh wy Þ Cz BE babeant ad 
ms I vicem rationem da- 

jt * i ram, "& unum' latus 
"% AB ad unum late BE 


Þ habeat rationem da-: 


fs 1 < E tam; Cf reliquum 1s- 


” BC ad om latga BG C2 erp ds | 


2:1 


" Nam fit AB BE::BG. on: 4 ergo da-a 2, def. d. 


b, bgss.d. 
5 0 

F ur þ item 5  datur. cerg by dau, 548.4. 

IC P 2}; 4 , & qui! & 

- PÞ S. Q Y Lx1x. =” HOT 

+ ls WR 

f > _—_ 3 

$ 7. AG © ® 

n ; M\" s A 

3 & : fiber | LEE 

), ; 

C = 


” |}, $iduoparallclogramma AC, BE datos angulos 
habeant,e ad invicem rationem datamyhabeat au- 
tem & unum latus AB ad unum lates BE rationem 
datam; & reliquum latus BC ad regu latus 
BG h abebi,rationem datam. 


Threrd AB, BE jaceant in direQum. produc 


CBK, ac GFH ad occurſum cum EH parall. CK, 


AG 


| Oba ang, KBE (ABC) & P8r. "> = 99 


; e 40. Ks, 
 £8.4 


ac © & FE = B datas, c quer ® — dari, item ob ang. 
G, & GBKd daos;e « datur Q 


"EDOCLIDIS Dat © 
" J I & s by 
a Ir Z F , . 


fquare 5 datur, 


TO 


QR.D. 


PRO P. LXX., 


$1 lam paralielog rammorum tac, BH ,yel 
BF) circa oherabs (ABCAKBE) aut circs 
inequales quidem (ABC, GBE) datos tamen, la. 
ters (AB, BE; &BC, BK, & BC, BG) ad ins |. 
vicem habcant rarionem daram xo ipfe parallele- S 
gramme (AC, BH, & AC »BE) GEE ins. 


. : vicem rationen datem. 


Nam (in (es .) fir AB. BB: KB. BL.& 


'» Auc IM para 


3. 


. c8.d. 
d1.6. 
E 14.6. 
f byp. & 
4. d. 
40, 


b 35,1, 


tur, AE De 


Primo, Quia 4ABb ideſt KB a acKBdatz 


xRE,.- c> Bly CB 
ſunt, erit CB 4 hoc eſt AC e vel pgr. AC data, 


Q.E. D. BL AL, BH 


Secundo, Obangulos G, & & BK f datos, 
& datur BK, ire þ CB dara eſt; /ciergo CB da- 


BG- hows BG. BK 
tur. projride, ut prlus, © =_ | hoe eft pgre 2 6a- 


—_—— 


A D 


PROP: LXXL 


" | © $i duorum triengutorum ABC, DEF, circs 

- | qudies angulos, aut circa inaquales quiden, datos 

2 | ramen (A,z@ D)atera AB, DE, AC,DF ad 

8 | invicem babeaus rationem datam;es' ipſe trianguls 

| ABC; DEF habebunt ad invicem rationem datem; 

» | Nam compleantur pgra. AG, DH. @ hzc da- 2 79. d.- 
tam babent rationem, b proinde & trigona Þ 15: 5- 

 '] ABC, DEF illorum c ſubdupla. Q. BE, D, C 34.1, 


PROP. LXXII, 


ND 


_—_ 
Ir Wares wang na pm——_—_ — > ——— 
Cn, ens = —- 


oe _ 


— 


MD N 


- — — _ > 
=_ p_— — —— ————— —_ 
_— ec INCISOR 
o o 


G ©C 
| Stiduorum trianguloram ABC, DEF & baſes 
BC, EF fuerint in retione data, & aftg ab anguli 
4d baſes (AG, DH,) que faciant ang. AGC, 
DHEF gquales,aut inaquales quidem, ſed tamen da- 
tor, babrant ad inuicen rationem datam ; & ipſa 
irienguls ABC, DEF habebunt ad invicem ratio- 
nem datem. | 
' Nam ducBKad AG, ac EMad DH paralle- 
| Jas,& comple pgra.CK,FM, Hzcſe habent juxta 
79. huju3; quare triangula corum * ſubdupla * 34 1: 
ABC, DEF rationem habent datam. Q, : D. : 
"77 P P, 


[Vs 


\ EAST 


| ” l p:: + 7 a /* Edenns, 
5 In Mo [| 
! . 
P.R O DP, . LXXAIIL, 
g © £& 4 " w AK « #4 "I * , 


'$1 duorum parallelogrammorum (AC, BE; wel 

AC, BN) circa aqudles angutor, aut circa ilig-: 

quales quidem, ſed ramen datoy, {aters ad invicem 

Ke ſc habeant, ut fit quemadmodum primitatus AB: 

| ad ſecundilatus BE, ita reliquum ſecundi. latus 
.* © © (BG, vel BM) addliam aliquam reflam (BH,vel 


eandemrefiam{(BH vel Bl) rationem datam ; &f 
ipſa paralielogramma (AC, BE, vel AC, BN)ha- 
bebunt ad invicem rationem ditam 

| Nam 1, Hyp, liquet «CBbid eE AQ da- 


P.R:Q.P, LAXPY.:- 

. $iduo parallelogramma datam rationem babeant, 

| Gut in equalibus anguls (ut AC, BF) aut ine- 
qualibus quidem, ſed ramen dati; (ut AC, BN;) 
erit ut primi latus A B ad ſecundi latus BE, ita al- 
terum (ecundi latus (BG,uel BM)ad eam(BH,vel 
Bl) ad quam reliquum primi latu'B C rationem 
babet datam.. - N TO ILOHRT oats pode 
I Nam 


' Blz)babeat aurem'v reliquum primi latusB C ad 


"1 BH AHc.Br). 
b2z.6) q QED... JN 2-2 
C 14.6. 2, Hyp: Duc paralleJam ILHK, 4 Liquet an- 
a byÞ @ 4. gulos I BH (GBM) & B HI-(AB H) gari. 
dat. b ergo BH datur, irem CB 4&ata eſt, c proinde | 
| wr yo BI | Bl STIITS 133 Lo 
<1 4s CBhoceſtpgr ACdvel ACdaur. Q, ED: 
-"*: .. ma . ++ BE _ ;. {BN>,.. +4 6 


«* "I 4 / 4 - p 
FRP . 


"Data. WT 
Hyp. 4 Liquet a $6488. 


% A a Y 
7 : o 


!.Nam in fig. precedentis. 1. 
Edarl. QED. M6 ; 
; 2, Hyp. ut in przcedenti, datur BI, ac ex bype 
hs 3% «gs. BH 

- Irem AB.BE :: 4 *MB.BI b :: GB, BH. » i ; 
Mo WR AG, BOSON % Fes 
 BBF(BN ©2 s | E | 
i CB. etiam datur. e erga CB datatt. c 8, dat. 
ISS, | T_T 


o 
f 


_— \ 


PRO P, LXXV. 


| 
þ 
i : 
B* 6 6 
[ 4 *, RE "8 . 
*”", o *, K. 
; 3” » .* * 
4 * 

1G I 

, pv # Lo 3 > 


$7 duo rriangula ABC, DEF ad inuicem habe 
Yent ratjonem datam, autin angulis(A, D) equali- 
) Ibus, aut inequalibus quidem ſed ramen dathgrit ut _ 
trims latus A B ad ſecundz latus D-E, ite atterum 
- IſecundHarmy DF ateam reflens cf quam reliquimn 
|. Iprimilatus AC habet rationem 44ram. 
F | 5 Nam compleantur Pgr- AG, DH. Ergo per 


precedenten). E ad | 
cf. PROP. LxXXVI. 


$7 2 trianguli ABC 


ſpecie dazi vertice A 
& lines. perpendicularis 
A A D agatur ad ba- 
) fm B C, afts lined 
b A D ad bapm BC 
ef \ habebit ationum d4- 
_ 8 C tam, 


Nam 


'#/ T1DF&S:-:- Data. | 


Nam ob  angulos, *Þ, & ADB Intor, «ain? | , 


AR = 
AY & tem — datu . bE o 32 da . 
Ids l r rg tur, Qu. D* 


PR O P. $41 


Si date figura 
Fe \ ſpecieX, Y adimvi- | 
/ '- cem habeant ratio 


= "em datam, Cf quod- 
A BC D libet latus __ AB 
ad quedlibes alterims 1atu C D habebis rationen | B 
$ datam. | 
a 49- dit. Nama ABq,& b Y, ac c proinde ABq datur; 
c8, das, item CDq datur, c ergo ABq, ac ideo AB aa- 
'E 


i EDq | CD 
tur. Q. E; D. vr, 


P « O P. LXXVIIL. 


PRI TIvy — 


Bat hy. a | 
—[P 
—_ wi Sn ee. "731 


$1 data figure ſpeci X ad aliquod reflangnlimn || 
DCE habeat rationem datam; habeas aurem &f u- 
num latus AB «d unum latus DC ratjonem daram; 
reftangulum DCE ſpecie datum eff. 


a 8.d4t. 3. Sir "Cc. AB 3: AB. CF. 4 ergo 2< datur: 


: o _ item ob bX, &cX datas 4erit ABq, "t hoc eſt 


d17.6. For DCE DCE 
e1.6, DCxCEF, veleGF data, proinde eDC datur, 
t;. def, d. f DCxCP CE CE | 


quare reQtang, DCE ſpecie datur, Q. F. D. 


PROP. | 


we © 3Þ, 


I 
8 


| BAC uni angulo EGF equalem babeant; ab aqua- 


$i duo triangula ABC, GEF unum angulum 
libus autem angulys BAC, EGF ad baſes BC, EE 


J perpendicnlares 4gantur AD, GL; fieque ut primi 


trianguli baſis ad perpendicularem, ita & alterins 
trianguli baſes ad perpendicularem(BC.,AD::BF, 
G L; ) illatriangula ABC, EGF aquianguls 
ſunt. £7 
Circa triang, GEF deſcribe circulum.Fac ang? 
FEH =B. ConneQe HF, HG; & demitte per- 


pendicularem H K. 


Liquet triangula ABC, HEF,8& ABD, HEK, a 4.6; 
ac ACD, HEK zquiangula fore. Proinde EK. b 24. $« 


KH: BD. DA. a&FK, KH:: CD. DA, chyp. 


bquare EF, K H:BC. DA:cEF. LG,dg.5. 
d quare KH = LG.eergo HG parall. KL. fun- e 33, x; 


.de ang. EGH = GEF, g ergoarcus EH, FG, f 29, 1. 


b ideoque anguli EFH, GEF zquantur. k Item g 26, z, 
ang. EHF — EGE. L ergo trigona EHF, EGF; h 27, 3, 
m proinde & trigona EGF, ABC fibi mutuo #- k 21.3, 
quiaygula ſunt, QE.D, I 32, 2. 
# m 3x, 6, 


FY « b 8 a & £5 . + 
'Y F- y W ny n |. LS -W0 p Wand " " " 
% . KY Fl 71 p FL T "*s. F "7 4 ot) wn S * 
5 { 5 © E S % . by” 4 F: D + 5 
a V ; o” 04 % o 
$ ; 
* _ 


PROP. LAXX. 


By S1triangulum ABC unum 
Wet 4 angulum A datum. habuerit;, | - 
quod autem ſub Iateribu AB, || 
AC datum angulum compre. | D- 
bendentibu cominetur reflan. 44 
4 —>gulum, babeat ad quadratum (#4 
reliqui laters BC rationem | |} 

-. 4atam ; triangulum ABC ſpeciedatum eff.” * | + 

-Nam Q: AC+ AB: — CBq youttur %o - 
4 ergo > 4 ws Nl & ACXAB; &c propterea 593 

.. -triavg. ABC -riang, ABC 

Xx dataeſt, ditem ACxAB datur. eergo 


AGEAB CBq P 
X. e ideoque X+CBq, f hoc eſt Q: AE+AB, F-. 

CBq © . CBq CBq {fur 

datur.g proinde triang. ABCſpecle datur,Q,B.D Fcep 

I | por 

PR OP. LXAAXXL. - C, 

| | A 

A. D, S1tres reite proportionalts 
% B. E. A,B,C tribus refth propertio- | 

©..4.C: EF. nalibls D, E, FE extromgs Ichi 


A,D, & C, F babuerint in 

ratione data , medias quoque B, E habebunt in ra- 

- .tione dats. Et fi extrema A ad extremam D,v me- 

dia B ad mediam E habeatrationem datam; & re- C 

| liqua C ad reliquam E habebit rationem datom, [ 

wot "0A Nam privic,ob 5 & - datas, 4 datur =, E 

(HS Bq. I- 
b 19. 6, b hoc eſt, Eq ergoe datur. Q. E. D. 

| og Bq, AC | A 

'd. — ſt _— hh 

_ chyp. Secundo,ob « Eq b hoc e Dk datam, & c D 

| d68.4, datam, d datur +, QED, 


7. | 


PROP. 


5. 
 - 


48 AM 


EUCELIDI, 


PROP. LXXXII, 


A. BD. B. 
Ki Cn E * FE. 


8 quatuor rea proportionalcs fuerint ( A.B :; 


D.E) erit ut prima A ad cam C, 4d quam ſecun- 
dz B rationem habet datam,ita tertia D ad cam F, 
ad quam quaria E, rationem babet datam, 
| NamquiaB, C::4E.F. &4 — data eſt;be- a byp; 
rit - data, atqui ex zquali A, C:: D. F, er. 2.def.d, ; 
go, &C. 

P R OP. LXXXIIL 


A - 3. 9 D. Si quatuor refs A,B,C,D 


| FE. E. ita ad invicem ſe habeant, ut 


tribus ex is, quibuſcunque 


| ſumpts A,B, C, & quarta ijfis proportionali ace 


cepta E, ad quam reliqua D ex quatuor refth pro 
portionem habet datam;crit ut quarta D ad tertiam 
C, ita ſecunda B ad cam F, ad quam habet prima A 
rationem datam. | ; 
Nam AE4—BCb—DEF. & datur b = a 16,6\ 


| AD AD ; A 5 b byp. 
6 hoc eſt >, d vel Fo © vel p.. ergo, &c, : 9 
PROP; LXXXIV. - © #7498 


& FE | Siduareis, AB, A Cda- 
ET - | tum (patium comprehendant in 
| | ll | angulo A dato; fit autem _ 
| A B alters A C major data 
& . D  » DB; etiam apts plans | 
 AB,AC data erit. a3 def.d: 
Nam comple quadratum AE. a Hocſpecieyy,,” 
datum eſt. b item pgr.. CB,& rea DB dantur, Þ 1,6 
cergo A C,vel AD,& tota d proinde AB datur, , 4p. 


ED, CS 
& E: Bb PROP, 


——— 
_— — 


a byp. 
b 58.4, 
c 4,4. 


* 2. 2, 


G a byp. 


bi.d. 
c69.d. 


d51.4. 


e byp. 
f8.d. 
og 6.4. 
hs, 2. 
k 54.d. 
16. d. 
*8,d. 
m1l.9., 
n3.4, 


O 55. d. 
Þ 57: d. 


ELIA 6M 5777 Aa 
PROP, LXXXV, 


Siduarefta BD, DE datum ſpatium compre- 
hendant in angulo BDE 4ato, fit autem fumul utraq; 


(BD+DE) data; & earum quoque unaquagque be 
BD, & DE darderit. __ 1A 
Nam ſume DA—DE, & comple quad. DC, | 4 
Hoc ſpecie datur 3 item pgr. BE; & reQaBA 
a dantur.b ergo AD (DE) & c reliqua DB dans; | 
tur, Q.E.D. | JA 
PROP, LXXXVI. 5 


: ' Siduerefta AR! 
B C AD datum ſpai: } pc 
um BD compre, 
3 Hendant in angul || 4. 
"Gp datoz quadratum | o 
pan E D autem unix AD 

| quadrato alterius 

AB majus fit dato quam is ratione (nempe ut fit | 
ADxAE datum, & #* reliqui ADxED ad ABq } 
ratio data; ) & utraque ipſarum AB, AD dats | 
eris. | 

Nam obBD, & DAx AE 4 data, b datur 
_BD. cergo AB dideoque ABq datur. eitem } 
DAxXAE ». AE AEq 

ABq datur, fergo AEq ideoque AEq 
ADxED>» ADxED>» L ADxE 


4 ADxED, 
g& AEq bhoceſt AEq datur, 


4 ADxED—+AEq Q:AD—ED @ 
kergo AE &lcomponendo AE #*ideoq;| 5 

ADxED3 2 AD» 
AE mhoceſt AEq datur. denique igitur ob 
AD; 


 ADxAE | 
edatum ADxXAE, rnerit AEq data, oergo AE, 
& p proinde AD, ac AB datz ſunt, Q,E. D. 


PROP: 


ve | bendant in 4 


EUCLIDIS Data, 
PROP LyxxxVIl 


datum (patium compre- 


lo dato, quadratum autem unius 


4 OS 5s "% hs & 6 
397 I 
bo 
: 


AD quadrato alterius AB majus fit dato (ADx. 


D_— — 
6D 


| ABq, ADxED, 


- | AEq & hoc eſt AEq. 4 ac idcirco AEq. 


2 {| AE;) earum utraque AB, AD datacrit. 
a | NamobBAxAE 4adarum, berit AE ideoque 


AB, 


— 


A] Eq—+4A DxED, 


ehoceſt AEq acproinde AE &dcom- 


B'j  Q:AD-+ED, 


AD—+ED, 


it: | ponendo AE eac ideo AF ehoceſt AEq 


hoo oO ern 


AD, ADxAE 


22, 4. 
b 69. d. 


_ Chyp. & 


I. 2, 


d8.&6.4. 


« 2. 


d6.4. 
ET. 6. 


f byp. 


| data, ergo ob ADxAE fdatum, danturg AEq, g 2, 4. 


” &þ AE, ack ideo AD, ac AB, Q.E.D, þhs5.4:. 
ul PROP. LxxxVIll. F57, 4, 
fir |  Siin circulum CFED 
Bq magnitudine datum 
ak | ata fit reffa linea CE, 
qua (cementum aufe- 
ur rat, qued datum angu- 
J'Y | pum F  comprehendat ; 
afta rea lines CE ma- 
Mm gnitudine daia ft, = 
D, Nam ducatur dia- 
ar, meter CD; & conne- 


| Qtatur ED. Acob ang.F 4 datum, b erit ang. D 


{| Creliquuse 2 re&is) datus. item re&tus CE 


oa: i | 
Þ datur.c quare = 


e crit CE data, Q. E, D: 


a byp. 
b 4. 4 


datur. ergo ob 4 datam GD, C 40, d. 


© $98 EUCLIDIS : Data. 
| P R O P. , LXXXIX, | 

St in datum magnitudine circulum CFED d44- 
14 magnitudine rela CE ata fuerit, auferet feg. 


det. 

Nam ( in fig. prazcedentis) quia=, '& ang. 
a 43. dat. CED dantur, 4erit ang. D datus. b ergoang,F 
b4. des, ©(1Re& —D)datuserir. QQE.D, _ 
_—: :-: FLO: 

Dan A St in circuli poſutione 


dati circumferentiaBAC 

\ = Adatum fſuerit punftum B , 

ab eo autem punito B ad. 
D  Circumſerentiam circuli 


inflexa fucrit refia BAC 
que datum angulum A 


erit 


a3. | Ad acentrum D duc BD,& CD; hdatuſque ! 
b 2. Jat. eſtang. Ddati A cduplus. quare ob B Dd da- | 
C20.,3. tam, e erir DC dara, fergo puntum C datum: | 


d 26, dat, eſt, Q,E: D. 


e 29, dat, $j ang. A obtuſus faerit z ſume reliquum C2 
f ſch.25.4. re&is acutum ; ejus ſubſidio punRum C inves | 


nies, juxta difta. | 
P'R-Q_P. ACE. 

Si 2dato punto G 
ata fucrit refs 
G A, que. datum 
N\ pofetione circulum 
"l&/E@ B E A contingat 3 
- a linea G A po- 
futione Cf magniitt- 
dine data eft. 

Nam . centrum 
D & punQum 


(; 


mentum quod angulym { CFE) datum comprehen- 


an PMA A | wir a 


— 


p< —YC efficiat ; inflexa ref al- 
DOS” - ter4 extremit as C data 


EE OTST, OS; "TY 
S 


| 


| 


DD —_ YO I UOTE PO OE IONS TT IU ENTITY 


EUCLIDIS Data. 


G conneQat rea DG. ſuper qua deſcriptus fit 
ſemicirculus D A G circuilo priori occurrens in 


A.Obang.DAG are&um,GA circulum'b tan: þ or. 16.32 
git. c ergo G A-fity & magnitudine datur, c 26,dar, 


QE.D, 

Hinc modus dicitur a dato pun&o tangen- 
xm ducendi,co nonnunquam expedicior qui ha. 
betur ad 17,3. 


PROP, XCII: 


6*) A Si extra circulum 

*poſerione datum BCD 
&ccipiatur aliquod pun- 
um A, adawautem 
punto A in circulum 
producatur quadam 
reca A C; datum 
- eft jd quod (ub afla 

linea AC, Of ea AB, 
gue inter punclum A 
W& convexan periphe < 
riam B comprebenditur 


refangulum CAB; 


4 Nam duc tangentem A D, beritque ADq a 91.dar} 
(hocetCAxAB ) datum. Q,E. D. b 36.3. 


PROP. MAClIL.. 
$i intr a datum poſutio- 
ne circulum AB C D 
\Dſumatur aliquod punfium 
© \E,; per punifum auten 
-_ TE agdtur. in CIrcu- 
nm / lum aliqua ref. A ECy.: 

[\ FAD — quod ſub ſegment \ E, 
i =, E C afe reda linea 
D | comprehenditur . reftan- 
gulum, datum cſs, 


Nam 


_— 


' 400 EU CLID IS Data. 
Nam per E duc re&am DEB utcunque occur 
235.1; renmem clrculoinB, & D. eſtque refang. DEB 
bidef.d., —4 AEC, bergo AEC datur. Q. 8.D. 


PR O P,, XCIV. 


$1 in ciyculum BA « 

C D magniudine d4- 
tum aodtur refla limes 
B C, qita ſegmentun 
-auferdt, god angulum 


hendat ; angulus due 


mento confiftit, bija- 


BAC comprehendunt, ad lincam A D, que 4n- 
gulum bifariam ſecat , habebis rationem datam: 
& quod ſub fomul utriſqueBA, AC, quedarum 
angulum B A C comprebendunt, ref ; & it- 


BAC rm circumferentia 44gum biſariam ſecat, 
refangulum datum erit. | 
&88 dat, Duc CD; & primo ob angulos BAC, CAD 


datos, 4dantur ſubtenſz BC,CD, *.ideoque— 


| datur, Cum igitur CA, AB :: 6 CE, EB,& per- 
* 4,6 _ mutandoCA. CE: AB, EB:: (CA+AB, 

d 2.def 4 CB ::) * AD. DC. (Nam'# ob ang. BAE 

192 =CAD;&D=B,; trigona ABE, ADCſi+ 

milia ſunt) ac rurſus permutando C A+A B. 

| AD:: CB, DC. derir CA+AB data, 
e2l,3: . QF. D, wats * oe 

"YH Secundo, ob triangula AEB, DEC e fimilia 3 

epric, air CD, DE: AB, BEG:: CA+AB, CB. 

d16.6: d ergo CA + ABia DE — GD in CB. atqui 


f 1.def.d. tum cit, Q. ED; 


PROP. 


B A © datum compre- 
rm BAC, qui in ſeg- 


riam {ecetur ; ſimul. 
utraque refarum BA, AC que angulum datum 


ferne abſciſa (ED) abeaAD, fi angulum | 


—_ Aa Ma F Y P—" Sy 


"c52.da, CDxCBedatur. fergo CA+ABinDE da. 


_ oo. © = cm mm ww tm. ſw 


+ 0 oO ww 


'S <-# hoo g” 


. » 
EY, wo 44 2D oo 5þ c—_ = | 
n ; =_ 


(6 D ; Jata, 


PROP. XCV. 


$i in circult 
BAG poſuione dati 
E diametro B G ſas 
matur datum pun- 
fum D ; 2 punto 
E autem D in circu- 
lum producatur 
quedam refla DA, 
O& agatur 2 ſei. 
one A adrefos an- 
gulos in produflam relam DA linca AE; per 
punftum aurem E, in quo linea AE, quaad 
reftos angulos conſoſt is,occurrit circumferentig Cir 
cull,agatur paraliela (ECK) produfta rele DA ; 
datum eft illud punftum C, in quo paraNlela EK oc- 
currit ipfs diametro BG ; & quod (ub parallelh, li- 
nek AD, EC comprehenditur refangulum, datum 
E s 
| Fam conneQatur AK, 4 eſtque AK (oban: 
gulum E, vel DAE rectum) diameter, ergo 
interſeQio H eſt ceptrum,b ergo DH datur. At- 
/ quiobKH. HAc:: CH. HD, deft CH=—=HD, 
| e ergo CH datur. f ergo punctum C datur, 
| Q.E.D. gergoKC x CE, boceltdADxCE 
| datur? Q.E.D. 
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b 26,4, 
C 4. 6. 
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